Google 



This is a digital copy of a book that was prcscrvod for gcncrations on library shclvcs bcforc it was carcfully scanncd by Googlc as part of a projcct 

to make the world's books discoverablc onlinc. 

It has survived long enough for the copyright to cxpirc and thc book to cntcr thc public domain. A public domain book is one that was never subjcct 

to copyright or whose legal copyright term has expircd. Whcthcr a book is in thc public domain may vary country to country. Public domain books 

are our gateways to the past, representing a wealth of history, cultuie and knowledge that's often difficult to discovcr. 

Marks, notations and other maiginalia present in the original volume will appear in this flle - a reminder of this book's long journcy from thc 

publishcr to a library and fmally to you. 

Usage guidelines 

Googlc is proud to partncr with libraries to digitize public domain materials and make them widely accessible. Public domain books belong to thc 
public and wc arc mcrcly thcir custodians. Nevertheless, this work is expensive, so in order to keep providing tliis resource, we liave taken stcps to 
prcvcnt abusc by commcrcial partics, including placing lcchnical rcstrictions on automatcd qucrying. 
Wc also ask that you: 

+ Make non-commercial use ofthefiles Wc dcsigncd Googlc Book Scarch for usc by individuals, and wc rcqucst that you usc thcsc filcs for 
personal, non-commercial purposes. 

+ Refrainfivm automated querying Do nol send aulomatcd qucrics of any sort to Googlc's systcm: If you arc conducting rcscarch on machinc 
translation, optical character recognition or other areas where access to a laige amount of tcxt is hclpful, plcasc contact us. Wc cncouragc thc 
use of public domain materials for these purposes and may be able to help. 

+ Maintain attributionTht GoogXt "watermark" you see on each flle is essential for informingpcoplcabout thisprojcct and hclping thcm lind 
additional materials through Google Book Search. Please do not remove it. 

+ Keep it legal Whatcvcr your usc, rcmember that you are lesponsible for ensuring that what you are doing is legal. Do not assume that just 
bccausc wc bclicvc a book is in thc public domain for users in the United States, that the work is also in the public domain for users in other 
countrics. Whcthcr a book is still in copyright varies from country to country, and wc can'l offer guidance on whether any speciflc usc of 
any speciflc book is allowed. Please do not assume that a book's appearancc in Googlc Book Scarch mcans it can bc uscd in any manncr 
anywhere in the world. Copyright infringement liabili^ can be quite severe. 

About Google Book Search 

Googlc's mission is to organizc thc world's information and to makc it univcrsally acccssiblc and uscful. Googlc Book Scarch hclps rcadcrs 
discovcr thc world's books whilc hclping authors and publishcrs rcach ncw audicnccs. You can scarch through thc full icxi of ihis book on thc wcb 

at |http://books.qooqle.com/| 



% 



3 9 •/ / 
I SS3 



> 



f "0 



EUCLIDIS 



OPERA OMNIA 



EDIDEBUNT 



I. L. HEIBERG ET H. MENGE. 




LIPSIAE 

IN AEDIBUS B. G. TEUBNERI. 
MDCCCLXXXVI. 



^ 




EUCLIDIS 



ELEMENTA. 



EDIDIT ET I1A.TINE INTERPBETATUS E8T 

I. L. HEIBERG, 

DB. PHXL. 



UOL. III. 

LIBRUM X CONTINENS. 




LIPSIAE 

IN AEDIBUS B. G. TEUBNEBI. 
MDCCCLXXXVI. 



LITSIAJB : TTPIB B. O. TXUBKXBI. 







PRAEFATIO. 



Praeter codices solitos PBPVb, quos ipse contuli, 
nisi quod cod. Bodl. B ab initio usque ad finem 
definitionum alt. p. 136, 19 beneuolenter conferendum 
suscepit G. A. Stewart, u. d. Oxoniensis, in hoc 
libroX uti mihi licuit palimjgesto cod. Musei Britannici^ 
Add. 17211 Qj), de quo.cfr. uol. IV p. VI; continet 

X prop. 15 p.- 44, 12 inBXQriGBL ad finem prop. 
X prop. 16 p. 46, 2 ((liye^&og — p. 46, 8 ori. 

p. 46, 17 (^fiejXQet ad finem prop. 
X, 16 lemma p. 46, 23 -^iov ilXslTtov ad finem. 
X prop. 31 p. 92, 19 {^ii)accc ad finem prop, 
X prop. 32 totam. 

X prop. 32 lemma ab initio ad p. 96, 20 oAco. 
X prop. 80 p. 240,. 9 dvvavov ad finem prop. 
X prop. 81 ab initio ad p. 244, 10 vno, 
X prop. 112 p. 358, 19 BJ ad finem prop. 
X prop. 113 ab initio ad p. 362, 19 ovzcDg, 

In appendicem hic, ut semper, ea sola recepi, quae 
in uno saltem meorum codicum in textu legebantur; 
quare in mea editione quaedam eorum, quae Augustus 
in app. V habet, frustra quaeras; sunt enim scholia 
marginalia, quae in uol. V suo ordine edentur. Pro- 
legomena critica quominus uel huic uel quarto uoluxaixsi 



YI PRAEFATIO. 

praemitterem, sicuti constitueram, prohibuit ratio scho- 
liorum, quae quinto uolumine comprehendentur. nam 
cum inde non pauca subsidia ad codices aestimandos 
peti posse uiderem, statui iis demum editis ad pro- 
legomena illa adcedere. 

Scrib. Hauniae mense Nouembri MDCCCLXXXV. 

I. L. Heiberg. 




STOIXEIA. 



£uclides, edd. Heiherg et Menge. HI. 



L . 



r^. 



Oqol. 

d , 27ttttt£rga fieyid'!^ kiyetai ta t^ avt^ ^etQet) 
listQOVfisva , aevfiiistQa Sd, cov firiSlv ivSB%etai 
xoivov fistQOV ysvs^d^aL, 

^, Evd^staL S vvdfiSL 6vnfistQo i si6Lv^ otav ta d% 
avt&v tstQdycava tp avttp X(OQic) fistQrjtaL^ dovfi- 
fistQOL Sdf otav totg dfc avtmv tstQaycivoLg fii^dlv 
iv8B%ritaL %(oqIov xolvov fiitQOv ysviod^aL, 

y. Tovtojv vjtoxsLfiivoiv SsixvvtaL^ otL trj TtQots- 

10 d^si^r] SvQ^sicf, imdQ%0V6LV Svd^StaL xXl^d^SL dlCSLQOL 0Vfl- 

fistQOL ts xal d6vfifistQ0L al fihv fii^xsL fiovov^ at 8s 
xal SvvdfiSL, xaXsied^co ovv fj fihv XQOtsd^st^a evd^sta 
^rjti^^ xal aC tavty 6vfifistQ0L shs fii^xsL xal dvvdfiSL 
stts dvvdfiSL fiovov ^r^tai^ al 8h tavtjj davfifietQOL 
15 aXoyoL xaksied^ca^av. 

8^, Kal to fihv dno trjg jtQOtsd^si^rjg svd^eiag tetQd- 
ycovov ^ritov, xal td tovtp 6vfifistQa Qr^td^ td 8h 
tovtco dovfifistQa aXoya xaXsi^d^co, xal al 8vvdfisvaL 

Ad deff. cfr. Hero deff. 128—129, Anonymus Hultscliii p. 256, 
Martianus Capella VI, 718. 



EvTiXsiSov aTOtxeioav T P Y, EvTiXsidov Gzoi%si(ov rijg &s(ovog 
itidocsmg T F, Ev%XsiSov axoi%si(ov T zrig Q'S(ovog itiSoasayg b. 
1. OQoi] om. PFV, OQOt zov T b, OQoa zov T B. numeros om. 
codd. 5. Ante avfifiszQOi ras. 1 litt P. 8. iv8s%szai h(p, 
9. nQoazsQ-siain b et e corr. P. 10. Post sv&sioi add. Theon : 
_ tovziativ d(p ^g ^iasi za ftizQU z6 zs nri%vtttov xai to na- 
^/^^matittiov xal zo 8tt%zvXiatov ij to nodiatov Xttf^fittvsztti ifiYYh), 



Liber X. 

Definitiones. 

1. Magnitudines co mmensurab iles uocantur^ quas 
eadem mensura metiri licet, incommensurabiles autem^ 
quarum communis mensura inueniri nequit. 

2. Bectae p otentia commensu rabiles sunt, ubi qua- 
drata earum eadem mensura metiri licet, incommensura- 
biles autem, ubi nullum spatium communis quadra- 
torum earum mensura inueniri potest. 

3. His suppositis demonstratur, rectas numero in- 
finitas esse datae rectae commensurabiles et incommen- 
surabiles partim longitudine tantum, partim potentia 
quoque, iam data recta rationalis uocetur, et quae ei 
commensurabiles sunt siue longitudine potentiaque 
siue potentia tantum, rationales, quae autem ei in- 
commensurabiles sunt, irrationales uocentur. 

4. Et quadratum datae rectae rationale uocetur, 
et quae ei commensurabilia sunt, rationalia, quae autem 
ei incommensurabilia sunt, irrationalia; et rectae, quae 



nlrj^si] om. F. cvjMiBtgol xs %af\ supra scr. m. rec. P. 11. 
Hovov, ut BV\ om.^ Tlieon (BFVb). 12. Post dvvaiisi, add. 
Theon: «t S^ dvvdiisi. fiovov (BFVb). nQoaxs&staa b et e 
corr. F. 14. av(ifistQoi. b, corr. m. rec; deinde add. Theon: 
Tiata to avvafiwotSQov {avv- om. b), tovtsativ (xal del. F) fii^yisi. 
%al Svvaiisi (6FVb); idem P mg. m. 1 pro scholio. 16. 
nQoats&siarig b et e corr. F. 17. (Tjtd] om. F. 18. Ante 
aXoya add. xaTa to avvaficpotSQOv F; idem P mg. m. 1 pro 
scholio. HaXsMmaav Theon (BFVb). 



4 STOIXEISiN L. 

avtcc aXoyoL^ al lihv ter QaytDva sfti^ avtal at TcXsvQai^ 
sl 81 exBQa xiva evd^vyQafiiia^ al toa avrotg rsrQaycova 
avayQatpovCau 

a . 

6 ^vo iisysd^fSv dvL6ov ixxsLiiivov^ iav ccTto 
tov [iSL^ovog dq^aLQsd^y ^ist^ov ^ ro 7]iil0v nai 
roi KaraksLTCOfiivov fist^ov ij ro ^fitdt;, xal 
rovro dsl ylyvTirai^ ksiq^d^i^^srai n ^iysd^og^ 
o S6raL ika66ov rov ixxsLfiivov iXd66ovog ^s- 

10 yid^ovg, 

"E6r(X} dvo iisyid^ri avL6a ra AB^ F, ov ^st^ov ro AB' 
XiyOj ort, iav dito roi; A B d^paLQsd^tj fist^ov ij ro 7]iil6v 
Tcal rov xaraksLTCOfiivov fist^ov rj ro 7]iill6v, ocal rovro 
dsl yiyvfiraLj ksLtp%i/]6sraC rL fiiysd^og, o l6raL iXa66ov 

15 rov r iisyid^ovg. 

Tb r yccQ nokkanka6La^6^svov i6raL icorh rov AB 
list^ov, TCSTCoXXaTcaX^La^d^Gij xal i6r(o ro AE rov fihv F 
nokka%kd6Lov^ rov 8h AB fist^ov, koI 8Lr]QrJ6d^w ro A E 
sig ra r^ F t6a rd AZ^ ZH^ HEy xal dqyrjQi^^d^o djcb 

20 (ihv rov AB fist^ov ^ ro 7JfiL6v rb B@^ dnb 8s rov A® 
[ist^QV 7] rb 7]fiL6v ro &K^ xal rovro dsl yLyvi6d^(o^ 
sog av al iv ro AB 8LaLQi6sLg i60jckr]d^stg yivovraL 
ratg iv ro AE 8LaLQi6s6LV. 

''E6ro6av ovv at AK, K@, @B 8LaLQi6SLg i607cXri- 

26 ^stg ov6aL ratg z/Z, ZH^ HE' xal iicsl [ist^ov i6rL ro 
z/jB rov AB, Ttal dq^rJQrjrai dvco [ilv rov ^E iXa66ov 
rov ri^L6sog ro EH^ d%b 8s rov A B [ist^ov rj ro 7]iil6v 

1. dXoya Y, corr. m. 2. Deinde add. 'Kalsiad^oaaav Theon 
(BFVb). 2. taai q>. 5. i^tfiisifiivoov] ante civiamv add. B 
mg. m. 1. 8. dsi] alsi F, dsl &v Yj yivrjtai Y (ri e corr.), 
'^rerai b. Xrj(pd"i^astaL Vb. 9. iativ Theon (BFVb). 



ELEMENTORUM LIBER X. 5 

quadratae iis aequales sunt, irratiouales uocentur, in 
quadratis ipsa latera^ in ceteris figuris rectilineis eae, 
ex quibus quadrata illis aequalia construi possunt. 

I. 

Propositis duabus magnitudinibus inaequalibus si 
a maiore plus quam dimidium subtrahitur et a re- 
liqua plus quam dimidium, et hoc semper fit, magni- 
tudo relinquetur, quae minor erit proposita magni- 
tudine minore. 

Sint duae magnitudines inaequales ^J5, F, quarum 
maior sit jiB, dico, si ab JIB plus quam dimidium 
subtrahatur et ab reliqua plus quam dimidium, et hoc 
semper fiat, magnitudinem relictum iri, quae minor 
sit magnitudine F. 

Nam r multiplicata aliquando magnitudine jiB 
maior erit [cfr. V def. 4]. multiplicetur et ^E magni. 
tudinis JT multiplex sit, eadem autem > JIB, et ^E 
in partes magnitudini JT aequales ^Z, ZH, HE diui- 

jr p datur, et ab ^-B plus quam 

^ — 1 '^ ' 1 dimidium subtrahatur 50, ab 

Z H A® autem plus quam dimi- 

* dium &Ky et hoc semper fiat, 

donec in ^jB totidem diuisiones fiant, quot in dE, 

iXaxtovF. Tot;]om. V? iy%SL(iivovh, iXaTtovog¥, 12. 
dij oti b. 13. xal — ^fAiav] om. P. xa^ (prius) yial ano V. 14. 
aUC F. yCyvBxai V. yCvrjrai b. Xi^cpd^astai V. iariv V. 

k'XaTtov F. 16. yao] aQa F. A£ iisyi&ovg Theon (BFVb). 

19. sCg] m. rec. B. dno] om. V. 21. yivsa&o) P. 23. 
tatg] corr. ex rat m. rec. b. 24. ovv] om. b. 8iaiQiaig P, 
sed corr. 25. HZ F. iativ F. 26. tov] (alt.) post ins. 
m. 1 F. 27. rjfjiCasog b, rjfiCaovg V. ro] corr. ex tov F. 

ij to rjfiiav] tov '^fiCascog F, tov rjfiCasog B v b. 



6 STOIXEKiN t'. 

to J5@5 XoiTtbv aQa to Hd XotTtov tov ®A ^isltjov 

ietiv. xal inal iist^ov iotu ro if^i tov @Ay xal 

atpriQTfitai roi) fi^v H/1 TJfic^v ro HZ^ tov dh SA fiet^ov 

rj tb 7JiiL0v ro &Kj Xomov aga to ^Z Xoltcov tov AK 

6 iist^ov i6tvv. t6ov S\ to dZ t^ F' Kol to r ttQa 

tov AK fist^ov iatvv. iXa06ov aQa tb AK tov F. 

KatakeCiCBtav aqa anb tov AB fisyid^ovg tb AK 

iniysd^os ika66ov ov rov ixKeLfLivov iXd66ovog ^syid^ovg 

tov F' OTtSQ idsL dst^av, — biiovog dh dsvxd^iq^stacj 

10 xav riii£6rj j^ ta dtpaLQOviisva, 

^Edv dvo fisysd^Sv [ixxsvfiiv(ov] dvi6ov dvd'- 
vfpavQoviiivov dsl tov ikd66ovog ditb tov ^si- 
iovog tb xataksLnofisvov [iifidiTtots xatafistQrj 
15 ro XQb savtovj d^vfifistQa ietav td ^syid^rj. 

^vo yaQ [isysd^ov ovtmv dvC6(ov tmv AB^ FA xal 

ild66ovog rov AB dvd^vfpavQOVfiivov dsl tov iXd66ovog 

ditb tov [isC^ovog tb nsQiksiitoiisvov iiridijtots xata- 

liSTQsCto ro JtQO iavtov' Kiyo^ ott d^vfifistQd i6tL td 

20 AB^ rj [iLsyid^rj. 

El ydQ i6tv ^vfifistQa, ^stQ7]6sv tv avtd [liysd^og. 
^stQsCto^ sl dvvatov^ Tcal S6to tb E' xal tb fihv AB 
tb ZA xatafistQovv XsvTtitm savtov iXa66ov tb FZ, 



2. iaTLv'] comp. Fb, ioTL BV. ieTv] om. V. 4. i? ro 
^fiiav'] Tov rifiiasog BVb, tov Tifilasais F. 7. naTocXiXsinTaLBh. 

8. syKSifisvov b. iXccTtovog F. 10. rniiavri P, Tifiiascc V. 

Seq. demonstr. altera, u. app. 12. iii%svfisvaiv] mg. m. 
1 P. dv&vcpaLQOLLSvov V, oorr. m. 2. 13. ats£ F. ilccT- 
TOvogF. 16. ra] to F, corr. m. 2. 16. %al ovtog Theon (BFVb). 

17. ilaTTOVog F. dv&vq^aiQOftsvov V, corr. m. 2. atsi F. 

19, iaTiv P. 21. iatL] supra scr. -ai V. tl] om. F. 23. 



ELEMENTORUM LIBER X. 7 

diuisiones igitur AK^ K@, 0B numero aequales sint 
diuisionibus ^Z, ZH, HE. et quoniam JE> AB, et 
a, AE minus quam dimidium subtractum est EH, ab 
AB autem plus quam dimidium J50, erit H^ "^ @A, 
et quoniam HA > @A, et ab HA dimidium subtrac- 
tum esi HZ, Si @A autem plus quam dimidium @Kf 
erit AZ^ AK, uerum AZ — F. quare etiam r> AK. 
ergo AK<r. 

Ergo ex magnitudine AB relinquitur magnitudo 
AK minor proposita magnitudine minore F; quod 
erat demonstrandum. . 

Similiter autem demonstrabitur, etiam si, quae 
subtrahuntur, dimidia sunt. 

n. 

Si ex duabus magnitudinibus inaequalibus minore 
semper uicissim a maiore subtracta reliquum nunquam 
praecedentem magnitudinem metitur, magnitudines in- 
commensurabiles erunt. 

Datis enim duabus magnitudinibus inaequalibus 

AB, FA minor sit AB, et minore semper uicissim a 

^ rr maiore subtracta reli- 

' • -^i — I • »B quum ne unquam prae- 

Z cedentem magnitudi- 

r 1 1 ij ... T 

nem metiatur. dico, 
magnitudines AB, JTz/ incommensurabiles esse. 

Nam si commensurabiles sunt, magnitudo aliqua 
eas metietur. metiatur, si fieri potest, et sit E. ei AB 
magnitudinem ZA metiens se ipsa minorem relinquat 

ZJ] mut. in FJ m, 2 B, m. rec. b; z/Z e corr. PV. iXda- 
eova P, sed a del. 



8 STOIXEI^N L, 

to dh rZ ro BH xatafistQOvv ^Bvnitci iavtov iXa06ov 
ro AH^ Ttal tovto ael yLvio^ai^ €og ov kscq^d'^ ti ^e- 
ysd^og^ i6tLV lXa66ov tov E, ysyovetG), xal keXstq^d^iD 
tb AH ika66ov tov E, iicsl ovv tb E tb AB fistgst^ 

5 akka t6 AB to ^Z (istQst^ xal tb E aQa tb ZA ^s- 
tQi^6SL. ^stQst dh xal oAoi/ tb FA' xal Xombv aQa 
tb rZ fistQi^6st. dXXa tb FZ tb BH fistQst' xal tb E 
aQa tb BH iistQst. iistQst 81 xal okov ro AB' xal 
XoLTcbv aQa tb AH iistQi^6SL^ tb fist^ov tb iXa66ov' 

10 01CSQ i6tlv ddvvatov, ovk aQa td AB^ F^d ^syid^rj 
liLstQi^6si tv fiiysd^og' d6v^^stQa aQa i6tl td AB^ FA 
[isyid^rj, 

^Edv aQa dvo iisysd^civ dvL6(ov, xal td i^ijg, 

16 Avo fisysd^Av 6vii^itQ{ov dod^ivtcov tb ft£- 
yL6tov avtc5v xoLvbv ^itQOV svQstv, 

"E6t(Q td Sod^ivta 8vo ^syid^fj 6vfi^stQatd AB^ FAy 
(Sv ika66ov tb AB' 8st 8rj t&v AB^ F/l tb iiiyL6tov 

XOLvbv flitQOV SVQStV, 

20 Tb AB ydQ [liysd^og ijtOL ^stQst tb Fjd ^ ov. si 
[ilIv ovv fistQstj [istQst 81 xal savto^ tb AB aQa tciv 



1. BH'] in ras. P, mut. in BA B m. 2, in AB m. rec; H 
e corr V. 2. yiyviad^m F. XT^qpa-jf BVb. 3. iatai, P. kuT- 
rov F. slXmpd-(D V. 4. ro] (pr.) tov F. 6. ZJ P. ZJ] 
mut. in z^Z V, z^Z BFb. S. BH] HB P. fi^stgsi] (prius) 
supra m. 2 F. 10. ietlv] om. V. 11. Post ti ras. 1 litt. V. 
iat^v P. 13. fisysd^mv iKnsifisvaiv F. Hal ta s^rlg] otzsq 

A 

i8sL dsi^av V (post s^rjg add. @ b); iytnsiiASVoiv avCaoiv ccvd'' 
vq)cciQOviisvov ccsl tov iXaaaovog dno rov fi,sC^ovog to nataXsv- 
nofisvov fjLfidsnots %atatistQjj to ngo savtov^ davfifistQa k'atai 
td [isysd^ri m. 2 V, del. dviaa)v lin. 13. 17. iatmaav F. avfi- 



ELEMENTOEUM LIBER X. 9 

JTZ, rz autem BH metiens se ipsa minorem relin- 
quat jiHy et hoc semper fiat, donec relinquatur magni- 
tudo minor magnitudine E, fiat et relinquatur AH<^E.J^^* 
iam quoniam E magnitudinem AB metitur et ^B f'^ ^ 
magnitudinem ^iZ, etiam E magnitudinem Zz/ metitur. ^^f^ 
uerum etiam totam T/1 metitur. itaque etiam reli- ir 
quam magnitudinem TZ metietur. sed TZ magni- 
tudinem BH metitur. quare etiam E magnitudinem 
BH metitur. uerum etiam totam AB metitur. quare 
etiam reliquam AH metietur, maior minorem; quod 
fieri non potest. itaque magnitudines ABy T/1 nuUa 
magnitudo metietur. ergo magnitudines AB^ TA in- 
commensurabiles erunt [def. 1]. 

Ergo si ex duabus magnitudinibus inaequalibus, 
et quae sequuntur. 

m. 

Datis duabus magnitudinibus commensurabilibus 
maximam earum mensuram communem inuenire. 

Sint duae magnitudines datae commensurabiles^^, 
TAj quarum minor sit AB, oportet igitur magnitu- 
dinum AB^ TA maximam mensuram communem in- 
uenire. 

Nam magnitudo AB magnitudinem TA aut metitur 
aut non metitur. iam si metitur, et se ipsam quoque 

[iSTQa pLsysd-Tj V. 18. iXccxxov F. 20. {i^ByBQ^oq] om. Theon 
(BFVb). ^rotl m. rec. P. 21. Post ovv add. xo AB x6 
rj V. [isxQei] (prius) supra m. 1 B. avxo B, corr. m. 2. 
xmv AB, rj] om. V. 



10 STOIXEIiiN V. 

AB^ r^ xoLvov fiBTQOv i6tCv' xal (pavsQ^v^ orv xal 
lieyi0tov, ^et^ov yccQ rov AB iisydd^ovg ro AB ov 

M^ listQsitco di) ro AB ro Fz/. xal dvd^vtpaiQOv- 
6 ^ivov asl tov sXa60ovoq ano rov iisi^ovog^ tb tcsql- 
ksLTtoiisvov iistQT]6sc Tcoth tb TCQ^ savtov Slcc tb iiii 
slvaL dev^iistQa td AB^ F^' xal tb [ihv AB ro E^ 
xataiistQOvv ksLTCstca iavtov ika66ov tb EF^ tb dh 
Er tb ZB xata^stQOvv XsLTcitG) savtov sXa66ov tb 

10 AZ^ ro di AZ tb FE iistQsitG), 

'EtcsI ovv ro ^Z ro FE iistQSt, dlXd tb FE tb 
ZB iistQst^ xal tb AZ aQa tb ZB fistQij^SL, ^stQst 
8\ xal iavto' xal oAov aQa tb AB ^stQi^^SL tb AZ, 
dXld tb AB tb AE ^stQSt' xal tb AZ aQa tb EA 

16 ^stQT]6sL, ^stQst di Ttal ro FE' xal okov ccQa ro FA 
listQSt' tb AZ ccQa t&v AB^ FA xoLvbv ^itQov i6tLv. 
kiya dij, or^ xal ^iyL6tov, si ydQ fii^^ S6taL tL fi£- 
ysd^og [ist^ov rov AZ^ o (istQT]6sL td AB, FA. s6to 
tb H, iicsl ovv tb H ^b AB fistQst^ dlXd tb AB 

20 ro EA ^stQst, xal tb H aQa tb EA fistQr}6SL, ^stQst 
8h Kal oAov ro Fjd' xal XoLTcbv ccQa tb FE ^stQ^^^SL 
ro H, dkXd ro FE ro ZB iistQSt' xal ro H ccQa 
ro ZB iistQi^6SL, iistQst 8h xal okov ro AB^ xal 
XoLicbv tb AZ iistQT^^SL, tb fist^ov tb ska66ov' otcsq 



1. iaxiv] comp. F, iati Bb, iarl tmv AB, FJ V. xat] 
(alt.) fiizQovsatiY. 4. xa^] om. BFVb. dv&vtpatQopLevov V, 
eed corr. m. 2; dvd^vtpoiiQOfisvov F. 6. ae^] ccQa dsiVh, &Qa F, 
om. B {dga dsi m. 2). 8. to EF — 9. iXaaaov] m. 2 B. 10. 
dh AZ] AZ di P. 13. lAstQ^asL — 14. AB] mg. m. 1 P. 14. 
Post AZ ras. 1 litt. V. 16. fistQsi:] fistQTjasi F. Deinde addk 
Theon: to AZ dga td AB, FJ fJLStQSi (BFVb); idem m. rec. P. 
aQa] om. tp. iatC BV, comp. Fb. 18. td] to B, corr. 
m. 2. Post TJ add. fistQsCtm Y.al V, sed punctis del. 20. 



ELEMENTORUM LIBER X. 1 1 

H Z 

I 1 A\ — I 1 1 \B 



E 

H 1- 



metitur, JIB magnitudinum JIB, Fd communis est 
mensura. et adparet, eandem maximam esse; nam mag- 
nitudo magnitudine AB maior AB non metietur. 

itaque ne metiatur AB magnitudinem FA, et mi- 
nore semper uicissim a maiore subtracta reliquum 
aliquando magnitudinem praecedentem metietur, quia 
ABy FA incommensurabiles non sunt [cfr. prop. II]. 
et AB magnitudinem EA metiens se ipsa minorem 
relinquat EF^ EF autem ZB metiens se ipsa minorem 
relinquat AZ, et AZ magnitudinem FE metiatur. iam 
quoniam AZ magnitudinem FE metitur, FE autem ZB, 
etiam AZ magnitudinem ZB metietur. uerum etiam 
se ipsam metitur. quare etiam totam AB metietur^Z. 
sed AB magnitudinem AE metitur. itaque etiam AZ 
magnitudiuem EA metietur. uerum etiam FE metitur. 
quare etiam totam FA metitur. itaque AZ magnitu- 
dinum AB, F^ «ommunis est mensura. iam dico, 
eandem maximam esse. nam si minus, magnitudo erit 
maior magnitudine AZ, quae AB, FA metiatur. sit 
H. iam quoniam H magnitudinem AB metitur, et AB 
magnitudinem EA metitur, etiam H magnitudinem 
EA metietur. uerum etiam totam FA metitur. quare 
etiam reliquam FE metitur H. sed FE magnitudinem 
ZB metitur. itaque etiam H magnitudinem ZB metitur. 
uerum etiam totam AB metitur et reliquam AZ me- 

EJ'] (prius) JE P. ^21. xa<] (alt.) om. V. 23. to] (alt.) 
rov P. 24. Xoinbv aga F. 



12 STOIXEKiN C, 

ierlv dSvvatov. ovx aga ^st^ov rv ^eyed^og xov AZ 

ra AB^ F^ ^stQrjasr ro AZ aQa rSv AB^ FA ro 

fiiyi6tov xocvbv fiitgov iotCv, 

Avo aga fisysd^^v 6v^^itQ(ov Sod^ivtcov tmv AB^ 

5 FA ro ^iytOtov xolvov fiitQOv r^vQfitai' otcsq s8sl 

dst^aL, 

IIoQc^^a, 

'Ex 8rj tovtov (pavsQOv^ otL^ iav ^iys&og 8vo ^s- 
yid^Yi listQfj^ xal tb iniyiOtov avtciv Koivbv ^itQov 

10 flStQT^aSL. 

8\ 

TqlSv iisysd^cjv 6v^fiitQ(ov Sod^ivtcav ro 
fiiyL6tov avtSv xoLvbv [litQOV svQstv, 

"E6tG} ta 8o%^ivta tQCa iisyi&ri ^vfi^stQa ta A, jB, F' 

16 8st 8ri tciv A^ B^ F ro ^iyL6tov xolvov fiitQOv svQstv, 

ElXYiq>%^Gi yccQ 8vo tciv A, B ro ^iyL6tov kolvov 

^itQOVy xal i6tG) ro A' tb 8r^ A tb F iqtOL ^stQst rj 

ov [fistQst]. iistQsCtca jtQotSQOv, insl ovv ro A tb 

r ^stQst, ^stQst 8^ Kal ta A, B^ tb /1 aQa ta A^ B, F 

20 ^stQst' tb A aQa tSv A^ B^ F xoLvbv [litQOv i6tLv. 

xal cpavsQOv, otL xal fiiyL6tov' fist^ov yaQ rov A 

fisyi&ovg ta A, B ov fistQst. 

'1. iatCv] oxn. F. (ist^ov'] supra scr. m. 1 P. rt fistSov F, 
sed corr. 2. fi^sys&ri fisxQrjasi Theon (BFVb). rdj (alt.) 
m. 2 F. 3. iatC BVb, comp. F. 5. fistgo P, sed corr. 

svQTitui P. Deinde add. to AZ Y, sed punctis notat. 6. 
dst^ai] notriGai B et b (mg. yg. dst^aL\ dst Sst^ai F (mg. m. 2 : 
yg. noiriaai), 9. fistQ^] -rj in ras. r. 16. Ante Sst ras. 1 
litt. P. 16. Svo] om. V. 17. dri] m. rec. P. 18. fistQsi] 
om. P. 19. (istQSt di — 20. fistQst] mg. m. 1 P. 20. J aQa] 
dl J P. tmv] -V postea add. F. iatC BV, comp. Fb. 21. 
naC] (alt.) om. BVb. 22. fisys&os Fb. Post B ras. 1 litt. V. 

Post fistQst add. st yaQ dvvatoVy fistQsCtm ta A^ B, F fist^ov 
zov J (ftsyi^ovg add. V) ro E* %al insl ta A, B, F fistQst, 
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tietur, maior minorem; quod fieri non potest. .itaque 
magnitudo maior magnitudine AZ magnitudines AB^ 
T^ non metietur. ergo A7j magnitudinum AB^ TA 
maxima mensura communis est. 

Ergo datis duabus magnitudinibus commensurabi- 
libus ABy T/1 maxima mensura communis inuenta 
est; quod erat demonstrandum. 

Corollarium. 
Hinc manifestum est, si magnitudo duas magnitu- 
dines metiatur, eandem maximam earum mensuram 
communem metiri. 

IV. 

Datis tribus magnitudinibus commensurabilibus ma- 
ximam earum mensuram communem inuenire. 

Sint datae tres magnitudines commensurabiles A^ 
Bj T oportet igitur magnitudinum A^ B, T maximam 
mensuram communem inuenire. 

Sumatur enim duarum magnitudinum A, B maxima 
mensura commimis [prop. 111] et sit ^. ^ igitur 

j , , magnitudinem T aut metitur aut non 

metitur. prius metiatur. iam quo- 

niam ^ magnitudinem T metitur, 

p, „ et etiam AyB metitur, ^ magnitu- 

I 1 I — I I — I dines^,-B,rmetitur. z/ igitur magni- 

tudinum ^, J5, T communis est mensura. et adparet, 
eandem maximam esse; nam magnitudo maior magni- 
tudine z/ non metitur A,B. 

nal xot A, B fiszQriasL wxl to rcav A, B (liyicrov tiolvov {'koivov 
fieyiazov V) fiitQov t6 J lustQTiasL (iistQriasL to J V) t6 fisi^ov 
to iXctttov {iXaaaov V). onsQ atonov iativ {dSvvatov V) V et 
mg. m. 2 B. 



14 STOIXEI^N L. 

Mri ^STQ6Lr(o dr] tb ^d xh T. keyiX) TCQcatoVj ozi 
6v^lietQcc ion tic F^ ^. ivcel yccQ 6vfiii6tQd icti tcc 
Aj B^ r, ii€tQi^66i tL avtcc ^iyed^og^ o drjXccdrj xal tcc 
A^ B iL6tQri66i' &6t6 xal to t<av A, B fisycatov xoivov 
6 iiitQOV to /1 fi6tQi^66L. ii6tQ6t 8h Kal ro F' S6t6 to 
elQrj^ivov fiiyed^og ii6tQrJ06L tcc F, A' 0v^^6tQa aQa 
i6tl tcc JT, z/. eiki^cpd^G) ovv avtAv ro iiiyt^tov kolvov 
^itQOV^ xal i0tG) ro E. ijtel ovv to E tb A ii6tQ6l^ 
akXa tb jd ta A^ B ^6tQ6tj Kal tb E HcQa tcc A^ B fi6- 

10 tQri66i, ^6tQ6t di Kal ro JT. ro E ccQa ta A^ jB, F 
^6tQ6t' tb E aQa tciv A, jB, JT kolvov i6tL [litQov. kiycn 
drjy otL xal ^iyL6tov. 6l yccQ dvvatov^ S6tc3 xl tov E 
^6i^ov ^iyed^og ro Z, otal ^6tQ6ita) tcc A^ 5, JT. xal 
iitel ro Z ta A^ 5, T yi,6tQ6t^ xal ta A^ B ccQa ii6tQri66L 

15 %al ro rc5i/ A^ B iiiyL6tov xoivbv fiitQov ^6tQrj66L. tb 
Si tciv A^ B ^iyL6tov xoLvbv ^itQov i6tl tb A' tb Z 
aQa tb A ^6tQ6t, ii6tQ6t 8h Kal ro F' tb Z ccQa 
tcc JT, A ii6tQ6t' xal tb t(3v F, A ccQa ^iyL6tov xoLvbv 
^itQov yi6tQri66L ro Z. i6tL 8\ ro E' tb Z ccQa tb E 

20 ^6tQri66L^ tb fiet^ov tb iXa66ov' 07t6Q i6tlv d8vvatov. 
ovK aQa ^6t^6v tL rov E [leyid^ovg [^iyed^og] td A^ jB, F 
^6tQ6t' ro E aQa tciv A^ B, F ro fiiyL6tov xoLvbv ^itQov 
i6tLv, idv fw) p^stQy ro A tb r, idv 8h ^6tQij , avro ro A. 



1. otLTeQmtovF, 2. iaxi] (alt.) iariv P. 4. iastqslY. 5. 
fisrQiqasL To J F. Post mars ras. 2 litt. V. 6. iistQst V. 

7. iatf\sta£v P. ^ ovv] om. BFVb. to] m. rec. P. 8. 
7ia£] om. F. ^atoD to E] mg. m. 2 F. 9. fistQst— A, B] om. F. 

fistQTiasL] fistQSL V. 10. to E — 11. (istQsi] om. Theon 
(BFVb). 11. iistQov iatC V. iativ P. 14. fistQst] Bupra 
scr.F. &Qtt] om. BFVb. 16. 5] B a^a BFb. ^ 16. ftsyiatov] 
m. rec P. 17. fistQst] (prius) corr. ex iistQriasi m. rec. P. 

18. ttt] to b. 19. To Z. iati Sh to E] mg. m. 2 F; to Z* 
TO dl x&v F, J fisyiatov tioivov (istQOv iatl to E V. 20. fistQstV, 
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iam ne metiatur ^i magnitudinem JT. prius dico^ 
r, jd commensurabiles esse. nam quoniam A^ 5, T 
commensurabiles sunt, magnitudo aliqua eas metietur, 
quae nimirum etiam A^ B metietur. quare etiam maxi- 
mam earum mensuram communem A metietur [prop. 
in coroU.]. uerum etiam F metitur. quare magnitudo 
illa r, jd metietur. itaque F, /1 commensurabiles sunt. 
sumatur igitur maxima earum mensura communis 
[prop. ni] et sit JB. iam quoniam E magnitudinem z/ 
metitur, et A magnitudines A, B metitur, etiam E 
magnitudines A, B metietur. uerum etiam F metitur. 
E igitur ^,5,rmetitur. E igitur magnitudinum AyBjF 
communis est mensura. iam dico, eandem maximam 
esse. nam si fieri potest, magnitudo magnitudine E 
maior sit Z et metiatur A, B, F. et quoniam Z magni- 
tudines A,B,r metitur, etiam A,B metietur et maxi- 
mam earum mensuram communem [prop. III coroll.]. 
maxima autem magnitudinum A, B mensura communis 
est z/. Z iffitur z/ metitur. uerum etiam F metitur. 
Z igitur F, z/ metitur. quare etiam maximam earum 
mensuram communem metietur [id.]. ea autem est E, 
Z igitur E metietur, maior minorem; quod fieri non 
potest. itaque magnitudo magnitudine E maior A, 5, F 
non metitur. E igitur magnitudinum A, J5, F maxima 
est mensura commimis, si z/ magnitudinem F non me- 
titur, sin metitur, ipsa ^. 



21. ra A, B, F fi,sxQSL lAsysd-og F. fisys&og] m. rec. P. raj 
TO B, sed corr. ri r, J (eras.) fisyid"ri V. 22. rd] (alt.) 
m. 2 F. 23. idv] av P. 
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Tqkdv ccQa ^sysd^civ 6vfifiirQcav dod^ivrov ro [is- 
yi0rov xoivbv fiirQOv r^vQi^rai [otcsq idsi dstl^at]. 

IIoQL^fia. 

^E^ Sri rovrov g^avsQOVj ort, iav ^iysd^og rQia (is- 
6 yid^rj iisrQfj^ xal ro ^iyt^rov avrAv xoivov ^irQov 

'flSrQ1^0SL, 

^Oiioicag 8ii xal iitl TtKsiovcDV ro fiiytarov kocvov 
^irQov Xfitpd^rj^srac j xal ro TtOQL^^a tcqoxcsqi^Csl. otzsq 
iSsL dst^ai, 

10 £. 

Ta 0vfiiisrQa iisyid^ri jeQog aklrjka Koyov 
ixsi^ ov aQid^^og ^Qog aQLd^^ov. 

"Earco 6v^^srQa ^syid^i ra A^ B' kiyo^ ort ro A 
TtQog ro B Xoyov i%si^ ov aQLd^fibg TtQog aQid^iiov, 

16 'E^sl yaQ av^^srQcc iori ra A^ B^ ^srQrJ0Si rv avra 

ybiysd^og. ^srQsiro, xal iorco rb F, xal o0aMg ro JT 

ro A ^srQstj ro6avraL iiovddsg iorcn^av iv ro z/, oaccKLg 

dh rb Frb B [isrQst^ roaavraL ^ovddsg §0rc3aav iv r& E. 

'ETtsl ovv rb r rb A fisxQst xara rag iv rp A 

20 (lovdSagj ^srQst dh xal ri [lovdg rbv jd xard rdg iv 
avro fiovddag^ l^dmg aQa ri iiovdg rbv A ^sxQst aQLd^- 
[ibv xal rb F (liysd^og rb A' iorLV ccQa og rb F TtQbg 
rb Ay ovrcog ri fiovdg TtQbg rbv A' dvdjtaXLV aQa^ og 
rb A TtQbg ro JT, ovrog 6 A TtQog rrjv [lovdda. Ttdhv 

26 STtsl rb r rb B [isrQst xard rdg iv rc3 E ^ovddag, 

2. svQTixai P. noiTJacii B et F (supra scr. SsL^ai). 4. 
(isys&rii F. 6. fi,hQov] supra scr. F. 7. ds BVb. 8. XsKp- 
»^cstm F. onsQ ^Ssi d s i^ai] om. Theon (BFVb). ^ 16. 
iariv P. B (isyii^Ti F. 20. tov] xd Bb. 21. yi^sxQiiasi b. 
dQi^yi^dv] om. V. 22. Y.aC] %aza F. 23. tdv] xd B. 26. 
TflS E] corr. ex avroo m. rec. b. 
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Ergo datis tribus magnitudinibus commensurabili- 
bus maxima mensura communis inuenta est. 

Corollarium. 

Hinc manifestum est, si magnitudo tres magnitu- 
dines metitur, eandem maximam earum mensuram 
communem metiri. 

lam similiter etiam in pluribus maxima mensura 
communis sumetur, et coroUarium quoque progredie- 
tur. — quod erat demonstrandum. 

V. 

Magnitudines commensurabiles inter se rationem 
habent, quam numerus ad numerum. 

Sint magnitudines commensurabiles A^ B, dico, A 
ad B rationem habere, quam habeat numerus ad nu- 
merum. 

Nam quoniam Ay B commensurabiles sunt, magni- 
tudo aliqua eas metietur. metiatur et sit JT. et quoties 
r magnitudinem A metitur, totidem unitates sint in 
^, quoties autem JT magnitudinem B metitur, totidem 
unitates sint in E. 

iam quoniam JT magnitudinem A secundum unitates 
numeri z/ metitur, sed etiam unitas numerum ^ se- 

A B r cundum unitates eius metitur, 

' ' ' ' ' ' ' ' ' unitas numerum z/ et rmagni- 

tudinem A aequaliter metitur. 

' '^ itaque FiA = 1:^ [VII 

def. 20]. e contrario igitur [V", 7 coroll.] A:r==^:l, 

rnrsus quoniam JT magnitudinem B secundum uni- 

V. Alexander Aphrod. in Anal. pr. fol. 87. 

Enclides, edd. Heiberg et Menge. IH. ^ 
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^BXQBi 8% xal fj ^ovccg xov E xatcc rag iv avt^ /lio- 
vdSag^ l6dxig aga fi ^ovag tov E [iBtQBt xal to F 
ro B' B6tiv aQa d)g ro F TCQog to jB, ovrcog ri ^ovag 
TtQog tbv E. idB(xd"ri d^ xal d)g ro ^ TtQog ro JT, 6 ^ 

6 TtQogtfiv iiovdSa' Sl' t6ov aQa i0tlv d)g tb A iCQbg ro J5, 
ovtcDg /^ aQLd^iibg TCQbg tbv E, 

Ta aQa 6vfi^BtQa iiBysd^ri ta A^ B TtQbg aXkriKa 
Xoyov i%Bi^ ov aQLd^iibg 6 A %Qbg aQid^^bv tbv E' otcbq 
iSBi SBt^at, 

10 g. 

'Eav Svo ^syid^r^ TtQbg aklrila koyov i%riy 
ov aQLd^iibg JCQbg aQLd^fioVy ^vfifiBtQa iotac ta 
liByid^rj. 

Avo yccQ fiByid^rj ra A, B TtQog dkXi]ka Xoyov ixitosy 
15 ov aQid^fibg 6 z/ nQbg aQi^^bv tbv E' KiyG)^ ort ^i;/Lt- 
^stQd i6tt ta A^ B iiByid^rj, 

"06ai ydQ Bl6iv iv tp A fiovdSBg^ Blg to6avta t6a 
SiyQri^d^G} ro A^ xal ivl avtmv l6ov i6t(Q ro F' o6ai 
Si b16iv iv tp E fiovdSBg, ix to6ovtG)v ^ByBd^div t6(Qv 
20 rd r ^vyxBi^d^o rc Z. 

^Ejtsl ovVy o6ac Bl6lv iv t^ A fiovdSBg^ to6avtd 
b16v xal iv tS A fiByid^rj t6a t^ F, o aQa ^iiQog i6tlv 
fj fiovag rov A^ ro avtb ^iQog i6tl xal ro F tov A' 
i6tiv aQa wg ro F TCQbg ro A, ovtcag fi ^ovag TCQbg 
26 tbv A, fiBtQSt Sh fi iiovdg tbv A dQi%yi,6v' fistQst 
aQa xal tb F tb A, xal insC i6tLv d)g tb F TCQbg 
t6 Ay ovtcsg fj fiovdg nQbg tbv A \dQi^\i6v\ dvdicaXiv 
&Qa d)g To A TCQbg tb F, oikcag 6 z/ aQcd^fibg TCQbg 




3. t6] (pr.) tov P. 4. ovtoig 6 V. 7. ngog aXXrjXa] mg, 
m. 1 P. 11. ixst b. 14. Svo yocQ fiBysd-ri] mg. m. 1 P. 
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tates sumeri E metitur; sed etiam unitas numerum E 
secundum unitates eius metitur, unitas numerum E 
et r magnitudinem B aequaliter metitur. itaque [VII 
def. 20] r : B = 1 : E. demonstrauimus autem, esse 
etiam ^ : F= z:/ : 1. itaque ex aequo [V, 22] A:B = J:E. 
Ergo magnitudines commensurabiles A, B inter se 
rationem habent^ quam numerus ^ ad numerum E*^ 
quod erat demonstrandum. 

VI. 

Si duae magnitudines inter se rationem habent, 

quam numerus ad numerum, commensurabiles sunt. 

Duae enim magnitudines A^ B inter se rationem 

habeant, quam numerus J ad numerum E. dico, A, B 

magnitudines commensurabiles esse. 

nam quot sunt in ^ 
jj unitates, in totidem par- 
tes aequales diuidatur Ay 
et uni earum aequalis 
sit r. quot autem sunt in E unitates, ex totidem 
magnitudinibus magnitudini Faequalibus componatur Z. 
quoniam igitur, quot sunt in ^ unitates, totidem 
etiam in A magnitudines sunt magnitudini F aequales, 
quae pars est unitas numeri ^, eadem pars est etiam 
r magnitudinis A. itaque r:A=l:^ [VII def. 20]. 
uerum unitas numerum zt metitur. quare etiam F 

nQog aXXriXa za A, B Y. 16. tov] t {zov) F, ro qp. 21. 
roaavxaL V, t eras. 22. sla] iativ P. taai V, t eras. 23. 
d aQt^fiov F. To] (alt.) b P, in ras. V. tov] e corr. V. 
25. J aQi^aov F. Post iiovdg ras. 4 litt. V. 26. xal insl 
%al V. To] 6 P. 27. a^t^ftdv] om. P, corr. ex aQi&iiog F. 
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r^v fiovdda, TcdXiv ijtsi, o6aL ei^lv iv rdi E ^ovddes, 
totfavtd eltfL xal iv rp Z l6a rp T, icrtv dga (ds 
To r TtQog ro Z, ovrcag ^ fiovdg JtQog tbv E [a^tO-ftdv]. 
iSsLxd"]] dh xal (hg to A Tiqog ro J^, ovrog 6 ^ itQog 

5 t^v fiovdda' di^ i'6ov aQa ictlv (bg tb A Ttqbg tb Z, 
ovtcng /1 Ttqibg tbv E. dXX d>g 6 ^ ^Qog tbv E^ 
ovtog ifStl ro A ngbg tb B' xal d>g aqa tb A TtQbg 
ro Bj ovtcjg xal TtQbg tb Z. ro A aQa JtQbg ixdtSQov 
tSv jB, Z rov avtbv i%Bi Xoyov tcov aQa ictl tb B 

10 r^ Z. ^EtQSt dl tb r tb Z' iietQet aQa xal tb B. 
dkXd .fir/i/ xal tb A' tb F aQa td A^ B ^etQBt. (fv^- 
(letQOV aQa ictl tb A ta B, 

^Edv aQa dvo fieyed"ri JtQbg aXXriXaj xal td i^rjg. 

IIoQLCfia, 

15 ^Ek d^ tovtov q^avBQOv^ ort, idv cd6l dvo dQLd^iiOL, 
(og of jdy Ej Kol evd^eta, (og 17 A^ dvvatov itStL TtOLrjaaL 
d)g ^ aQLd^^bg nqbg tbv E aQLd^^oVj ovrog tijv 
evd^etav TtQbg evd^etav. idv d\ xal t(5v A, Z ^itfri 
dvdXoyov Xi^q^d^fj, dyg ^ B, i6taL d)g ii A n^bg triv Z, 

20 ovtGig to aTtb f^g A nqbg ro dytb tijg B, totrtetftLV 
d)g ri TtQcitri nQog tr^v tQitrjv, ovtcog ro djtb trjg jtQcitrig 
nQbg tb dicb f^g devtiQag tb oiiolov xal ofioiog dva- 
yQatpoinevov, dXX Ag ri A nqbg tr^v Z, ovtcjg i6tlv 
/i dQLd^fiog TtQbg tbv E aQLd^iioV yeyovev aQa xal 

25 c5ff 6 ^ dQLd^fibg utQbg tbv E aQLd^^ov, ovtcDg tb d%h 



1. Biaiv] slal %aC V. 2. xoaavtai P, et FV, sed corr. 
^laiv P. Z (jLsysd^rj F. taat V, sed corr. 3. dgi^fiov 
om. P. 4. To] (alt.) rov b. 6. ro] 6 B. rd] zov Bb. 6. dXX*^ 
v.ai V. 6] postea ins. m. 1 F. 7. laxCX om. V. 8. xa^ 
To A F. 9. Xovyov P, sed corr. 11. ^i\v\ (istQSLF, xo T 
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magnitudinem A metitur, et quoniam est T: ^ = 1 : ^, 
e contrario [V, 7 coroU.] erit A\T — A \\. rursus 
quoniam, quot sunt in E unitates^ totidem etiam in Z 
magnitudines magnitudini F aequales sunt, erit T\ Z 
= 1 :^ [Vn def. 20]. demonstrauimus autem, esse etiam 
^ : F= ^ : 1. itaque ex aequo [V, 22] est -^ : Z = -^ : £J. 
uerum -^:i^ = ^:i5. quare etiam ^:5 = ^:Z. -^ igi- 
tur ad utrumque i5, Z eandem rationem habet. ergo 
5 = Z [V, 9], r autem Z metitur; quare etiam B me- 
titur, uerum etiam A metitur. T igitur A^ B metitur. 
itaque A ei B commensurabiles sunt. 

Ergo si duae magnitudines inter se, et quae se- 
quuntur. 

Corollarium. 

Hinc iam manifestum est, si duo numeri sint ^, E 
et recta A, fieri posse, ut faciamus, ut jiJiE, ita rec- 
tam ad aliam rectam. sin rectarum A, Z media pro- 
portionalis sumitur 5, erit A : Z = A^: B^, h. e. ut 
prima ad tertiam, ita figura in prima descripta ad 
figuram in secunda similem et similiter descriptam 
[VI, 20 coroU. 2, cfr. V def. 9]. sed ^ : Z = ^ : E. 



Tial to r V. 12. iotiv P. ^ J5J e corr. V. 13. xal tu 
i^rjg] Xoyov ^x^t, ov dgt^fi^og ngog agid^fi^ov, avfiftszQcc ^atat xa 
lisysd'7j' 8nsQ k'Ssi Ssifdi V. ^ 16. mg] m. 2 F. svd^staL F. 
rj a] Q corr. V. 17. 6] z6v V, supra scr. m. 2 F. J'] 
om. BFb. UQiJd^itov FV. E] om. BFb; mg zov d ccQid^fibv 
TtQog zov E ocQid-fiov m. 2 B. ttjv] om. V, ^ P; del. m. 
rec. B. 18. sv&SLav^-av eras. V, sv&sta P. svd^SLav] zriv 
8v&siav V et m. rec. JB. 19. Z] B B, sed corr. 21. mg\ 
og szsQ? V. nQmzrf] snpra add. 5 F, a PBVb. zQizriv] J V, 
y Pb et corr. ex y B m. 2 (f m. rec); supra add. y F. nQ<ozrig] 
a P. 24. aQi&yi,6v] corr. ex aQL^yi^og F. ysyovsv aQa] supra 
scr. m. rec. P. 
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rrjg A evd^eiccg JtQog to aito tijg B sv^siag* otcsq Idst 
dst^ccL, 

r. 

Ta a6v^^stqa fisydd"!^ nQog aXXrika loyov 
5 ovx ixsi^ ov aQLd^fiog tJtQog aQLd^nov. 

''Eatco a6v^^stQa fisysd"!^ ta A, B' liyo^ Zti to A 

TCQog tb B koyov ovtc i%SL^ ov aQLd^iibg TtQog aQL^iiov. 

El yaQ ixsL tb A nQog tb B koyov^ ov dQL^fibg 

TtQog aQLd^^oVj 0v^iistQov l6taL tb A ta B. ovx stftL 

10 Sd' ovx aQa ro A n^bg tb B Xoyov ^xsl^ ov aQLd^^bg 

^Qbg dQLd^flOV, 

Ta aQa d^vfifistQa ^syddi^ TtQog akXrika l6yov ovtc 
iX^L, xal td s^rjg, 

V' 
15 'Edv dvo fisydd^ri nQbg aXXrika koyov iiri ixV^ 
ov dQLd-fibg TtQbg aQLd^iAOVj d^v^iistQa i6taL 
td fisydd"!^, 

jdvo ydQ fisyid"!^ td A^ B TtQbg dXXriXa Xoyov [i'^ 
ixdto, ov dQLd^^bg JtQbg dQLd^^oV Xsyco^ otL d^vfifistQd 
20 ifftL td Aj B iisyid^ri, 

Ei ydQ S6taL 6vfi[istQaj tb A TtQbg tb B Xoyov 
s^SLy ov aQLd^fibg ^Qbg dQLd^nov, ovx ix^L di, davitr- 
(istQa aQa i0tl td A^ B fisyid^ri, 

'Edv aQa dvo ^syidi] n^bg aXXriXa^ Tcal td s^^^g. 



1. A sv&s^ag] in ras. m. 1 b. onsQ idsL Set^cci] om. 
Theon (BFVb). Seq. demonstr. alt.; u. app. 5. Post dgi&fiov 
ww. 3 litt. V. 7. To] ins. m. 1 F. 9. Ante iatat ras. 1 
litt. F. iatLV BF. 10. yq. to A dga nQog t6 B Xoyov ovv. ixsL 
mg. m. 1 b. 12. avftftszQa b. Xoyov ovn ixsi JtQog dXXriXa 
BFb. ^ 18. «al ra l|§s] om. F (in mg. quaedam erasa), ov 
dQid^ti^og TtQog aQid-fiov BVb. 20. iariv P, iataL V. 21. yaQ 
cvfifistQov iati to At^B Theon (B F V b). 22. ix^i b. ovnsQ V. 
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itaque inuenimus jd:E= A' :B^. — quod erat demon- 
strandum. 

VII. 

Magnitudines incommensurabiles inte» se rationem 
non habent, quam numerus ad numeruni. 

Sint magnitudines incommensurabiles ^4, B. dico, 
^ ad jB rationem non habere, quam habeat numerus 
ad numerum. 

A Nam si -^ ad iJ rationem habet, quaui 

numerus ad numerum, ^ et -B commensurabiles 

I 1 erunt [prop. VI]. uerum non sunt. itaque A 

ad B rationem non habet, quam numerus ad numerum. 

Ergo magnitudines incommensurabiles inter se ra- 
tionem non habent, et quae sequuntur. 

VIII. 

Si duae magnitudines inter se rationem non habent, 
quam numerus ad numerum, magnitudines incommen- 
surabiles erunt. 

A Duae enim magnitudines ^, B inter se 

, , rationem ne habeant, quam numerus ad nu- 

^ merum. dico, magnitudines ^, B incommen- 

surabiles esse. 

Nam si commensurabiles sunt, -^ ad 5 rationem ha- 
bet, quam numerus ad numerum [prop. V]. uerum non 
habet. itaque magnitudines .^,EincommensurabiIes sunt. 

Ergo si duae magnitudines inter se, et quae se- 
quuntur. 

aQLd^fiov^ corr. ex ccgi&fiog m. 1 P. 23. iaxLV P. 24. 

idv — fisyi&T}'] om. F. Tcgog &XXr]ltt] bis b. Kal Ta s^7]g] 
loyov fH7 ^xVi ^*' dgiS' ftog Ttgog dgid^fjiov davfifistQa ^cxai V. 
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Ta uTto tmv (ii^xel 0v^fietQ(av Bvd^simv r£- 
XQciyova nQo^ akXrika koyov ixsL^ ov TBXQd- 
ycDvog aQL^iiog tcqoq XBXQaymvov ccQLd^iiov' xal 
6 ra tBtQaycova ta nQog aXkrila loyov i%ovta^ 
ov tBtQciycDVog ccQLd^^og stQog tBtQayovov ccql- 
d^fioVj Tcal tccg nkBVQccg b^bl iii^xbl ^vnfiitQOvg» 
tcc ds aTcb tmv [i^^kbl a0vii^dtQCov Bvd^BLciv tB- 
tQaycDva utQog akli]Xa koyov ovx ^xblj ovtcbq 

10 tBtQCCyCDVOg CCQLd^^Og TCQOg tBtQCCymVOV CCQLd^flOV* 

xal tcc tBtQCcyoDva tcc TCQog akkriXa koyov [irf 
ixovta^ ov tBtQCcyoDvog ccQLd^fiog TCQog tBtQcc- 
ymvov ccQLd^iioVy ovdh tccg TCkBVQccg b^bl ^r\xBL 
^vfiiidtQovg. 

15 "EctoiiSav yccQ at A^ B {nrpiBL 0v^^BtQOL* keycD, otL 
tb ccTCo tfjg A tBtQccycovov nQog ro cctco trjg B tBtQcc- 
ycDVOv koyov ^xbl^ ov tBtQccycDvog ccQLd^iiog TCQog tB- 
tQccyovov aQL^iiov, 

'EtcbI yccQ ^v^nBtQog i0tLV ri A ty B ^iqxBLy ^ A 

20 aQa TCQog tf^v B koyov ix^h ^v ccQLd^iiog TCQog aQLd^iiov. 
ixitCD^ ov r TCQog tbv A, iiCBi ovv ictLV d>g rj A 
nQog tfjv B, ovtcDg 6 F JCQog tbv ^d, dkkcc tov (ihv 
trjg A TCQog tijv B koyov dLjcka^icov i6xlv 6 tov d^cb 
tijg A tBtQaydvov TCQbg ro djtb t^g B tBtQdycavov 

26 td yaQ o^OLa ^^ijftara iv SL^kacCovL koycD i6tl tmv 
b^okoycDV TCkBVQ&v tov 8\ tov r [dQLd^iiov] TCQbg 
tbv /1 [apfc-d-fAOi/] koyov dLTCka^icov i6tlv 6 rov d^cb tov 
r tBtQaydvov TCQog tbv d^cb tov /1 tBtQdycovov Svo 
yaQ tBtQaycivcDV dQid^iidv Blg ^i^og dvdkoyov i6tLv 

8. ngog aUijXa] supra scr. F. ^xV ^» corr. m. 1. 4. 
iffi&lLog] sapra scr. m, 2 B. 5. tsTQdycova td] supra scr. m. 
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IX. 

Quadrata rectarum longitudine commensurabilium 
inter se rationem habent^ quam numerus quadratus 
ad numerum quadratum; et quadrata^ quae inter se 
rationem habent; quam numerus quadratus ad nume- 
rum quadratum, etiam latera longitudine commensura- 
bilia habebunt. quadrata autem rectarum longitudine 
incommensurabilium inter se rationem non habent, 
quam numerus quadratus ad numerum quadratum; et 
quadrata^ quae inter se rationem non habent, quam 
numerus quadratus ad numerum quadratum, ne latera 
quidem longitudine commensurabilia habebunt. 

Nam A, B longitudine commensurabiles sint. dico, 
A^iB^ rationem habere, quam habeat numerus qua- 
dratus ad numerum quadratum. 

^ Quoniam enim ^ et jB longi- 

1 1 ' 1 tudine commensurabiles sunt, A : B 

r rationem habet, quam numerus 

, , ad numerum [prop. V]. sit A:B 

^ = r : ^. iam quoniam A : B 

— F: ^, et A^ : B^ duplex est quam ratio A : B (nam 
figurae similes inter se duplicatam rationem habent 



2 B. 8. avti^fkstQCDv b (corr. m. rec), tp; al seq. ras. F. 9. 
ov BFb. 10. aQi&yi^ov^ om. V. 11. /nij ^%ovxa Xoyov V. 

12. ovTtBQ V. 15. ydq] om. V. 16. to] (prius) supra scr. 
m. 1 P. zBxgayoivov'] (alt.) m. 2 comp. F. 17. ovnsQ V. 21. 
ov] ovv ov Bb, ovv corr. in ovv ov FV. 22. F dgtd^iiog BVb 
et e corr. F. J dgid-y^ov BFVb. 23. trjg] e corr. V. Sl- 
nXdaiov V, corr. m. 2. 24. to] corr. ex tov V. 26. tov\ 
(alt.) om. P, supra scr. F. dQi^yi^oi'] om. P. 27. a^^S-ftovJ 
om. P. 6 Tov] x6 F. 28. Post T del. nQog tov d P. 

t%%Qay^vov] tstQaymv seq. ras. 1 litt. F. Toy] to B. 29. 
fiiaov B, corr. m. 2. 
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ccQLd^iiogj xal 6 TStQccyovos utQog tov tstQoiycjvov [aQL- 
d^(ibv] 8vnXa0lovu loyov i%£i^ fi%SQ f} TtXsvQa TCQog 
tr^v TtXsvQav i6tLv aga xal d>g tb aTtb tijg A tstQcc- 
yavov TtQog tb aTtb trjg B tstQayovov^ ovtc^g 6 aitb 
6 tov r tstQccycovog [dQLd^fibgi Ttgbg tbv d^b tov jd 
\dQL^yLOv\ tstQaycavov [dQid^^ov]. 

^AKld 8ri l6tC3 (og tb ditb tfig A tstQaycDvov n^bg 
tb ditl ti]g Bj ovtc^g 6 djtb rov F tsTQaycjvog TtQbg 
tbv dstb tov ^ \tstQayovov\ Xiyo^ otL ^v^fistQog 

10 ifStLv 71 A tri B iii]xsL. 

^Eitsl yaQ i0tLV a>g tb djtb trjg A tstQaycjvov TtQbg 
tb djtb trjg B [tstQaycovov] ^ ovtcog b ditb rov JT ts- 
tQayovog TtQbg tbv dxb roi; ^ [tstQaycsvov], aAA' 6 
fihv rov «jto r^g A tstQaycivov TtQbg ro dnb trjg B 

16 [tstQayovov] Xoyog di7tXa0iov i(ftl roiJ trjg A TtQbg 
triv B Xoyovj b ds rov ditb tov F [dQLd^fiov] tstQa- 
ycivov [dQL^iiov] TtQog tbv dutb tov ^ [dQL^yLOv] ts- 
TQaycovov [dQLd^iibv] loyog dLTtla^icov ictl tov tov F 
[dQLd^iiov] TtQbg tbv zt [dQLd^iibv] koyovj i6tLv aQa 

20 xal G>g fi A TtQog trjv Bj ovtcog 6 F [dQLd^fibg] TtQbg 
tbv /1 [dQL^yLOv]. r\ A aQa itQbg tr^v B Xoyov i%SL^ 
ov aQLd^^og 6 r TtQbg dQLd^fibv tbv ^' 0v^(istQog aQa 
i0tlv ri A tfi B iii]XSL, 

^AXkd d'^ d6v^iistQog sCtca r\ A ty B [lijxsL* Xiyo^ 

26 ort ro d%b trjg A tstQaycovov TtQbg tb d%b trjg B [ts- 
tQaycovov] Xoyov ovx i^SL^ ov tstQaycovog dQLd^fibg 
^Qbg tstQaycovov dQLd^iiov. 

El yaQ ixsL ro dnb r% A tstQaycovov nQbg tb 
dnb tr^g B [tstQaycovov] koyov^ ov tstQaycovog dQLd"- 

1. ttQiS^ftov] om. BPVb. 6. F] in ras. F, r aptO-ftov 
PVb. UQi&fiog] om. P. 6. dQi&fiov] om. P. dQLd^fjLov] 



ELEMENTORUM LIBER X. 27 

quam latera correspondentia [VI, 20 coroUJ), et F^ : d^ 
duplex est quam ratio Fi ^ (nam inter duos numeros 
quadratos unus medius est numerus, et numerus qua- 
dratus ad numerum quadratum duplicatam rationem 
habet quam latus ad latus [VIII, 1 1]), erit A^: B^ =r^:J\ 

lam uero sit A^ :. B^ = F^ : ^\ dico, A ei B longi- 
tudine commensurabiles esse. 

nam quoniam est A^:B^ = r^: ^, et A^ : B^ duplex 
est quam ratio A:B, F^ : /P autem duplex quam T: ^, 
erit A:B = T:A, itaque .^ ad 5 rationem habet, quam 
numerus T ad numerum -^. ergo -^ *et jB longitudine 
commensurabiles sunt [prop. VI]. 

lam uero A et B longitudine iucommensurabiles 
sint. dico, A^:B^ rationem non habere, quam habeat 
numerus quadratus ad numerum quadratum. 

si enim A^ : B^ rationem habet, quam numerus 
quadratus ad numerum quadratum, A et B commen- 



om. P. 8. B TBtqdyaivov BVb et e corr. F. tov] corr. ex 
T^S V. 9. tstqayoivov^ om. P. 11. ^] in ras. b. 12. re- 
xqdyoivov'] om. P. 13. tov] x6 b. zBXQdyaivov'] om. P. 14. 
TOv\ m. 2 F. To] xov B, xov xov F. 15. xsxQOiycavov] om. P. 

16. dQi&fkov] om. P. xBXQccyiXivog BV. 17. aQiQ^fiov] om. P, 
aQL&fiog BV. ccQtd^fiov] om. P. xsxQaymvov P. 18. «ptd"- 
fiov] om. P. iaxiv P. tovI om. V. 19. ccQid^fiov] om. P. 

aQid^fiov] om. P. 20. aQi&fiog] om. P. 21. ciQi^&fiov] om. P. 

22. xov J] m. 2 B. 25. A] corr. ex B m. 1 V. xsxQci- 
ycavov] (alt.) om. P. 29. xsTQaycavov] om. P. 



28 STOIXEIS^N V, 

fiog TtQog XBtqdyfDVOV aptO-ftdi/, 0vfi[i€tQOs itStai fi A 
tfj B, ovx 'ioti Sd' ovTt uQa to aTCo r^g A tstQdycavov 
TtQog to aTto trjg B [tstQayovov] koyov Ixsi^ ov tstQcc- 
yavog aQid^^og TCQog tstQaycdvov aQL^iiov. 
6 ndXtv dri ro aTcd t^g A tstQdyoovov TCQog ro dno 
trjg B [tstQdycavov] Xoyov iiri ixstca, ov tstQdycovog 
, aQi^yiog iCQog tstQdycovov dQLd^iiov Xeycaj oti d^vyir- 
(istQog i6tLV r A tfj B (ii^tcsl. 

Ei ydQ i0tL avfifistQog ri A tfj B, s^sl ro dyco f^g 
10 A TCQog ro dico trig B koyov^ ov tstQdycovog dQLd^iibg 
TCQog tstQdyovov dQLd^fiov. ovx i^SL di' ovx aQa 
avii^stQog ictLv fi A tfj B ^r}xsL. 

Td aQa djco tciv [itjxsl ^vfiiiitQov, xal td s^fjg. 

IIoQL^^a, 

15 Kal q^avsQOV ix tciv dsdsLy^ivcav i0taL^ otL al 
lnr^xsL 0vii[istQOL Tcdvtcog xal dvvdiiSLj at 8\ dvvd^sL 
ov Tcdvtcag xal iLrptSL [sItcsq td djco tmv ^LiqKSL ^v^- 
^itQcov svd^SLciv tstQdycova koyov i%SLj ov tstQaycovog 
dQLd^iiog TCQog tstQdycovov dQLd^fiov, td dh Xoyov ixovta^ 

20 ov dQLd^flOg TCQOg dQLd^^OV^ 0V^flStQd i0tLV, S0ts a[ 

[ii^xsL avfiiistQOL svd^staL ov iiovov [slal] ih^xsl 0V^- 
ILStQOL^ dXXd xal Swd^SL, 

Tcdhv iicsi^ o0a tstQaycova JCQog akXrika koyov i%SLj 
ov tstQdycovog dQLd^iiog TCQog tstQdycovov dQLd^iioVj (ii^xsl 
26 iSsL^d^ri 6v^fistQa xal SwdfiSL ovta Cvfi^stQa tm td 
tstQdycovd koyov i%SLVj ^ov dQLd^iiog TCQog dQLd^^ov^ 
o0a ccQa tstQdycova Xoyov ovx i%SL, ov tstQdycovog 
dQLd^^og TCQog tsxQaycovov aQLd^^ov^ dlld aTCk&g^ ov 

2. Post B add. ftijxgt m. 2 V. 3. xBxqoLymvov] om P. 6. 
8r{\ om. b, 8i BFV. 6. xBt^dymvov'] om. P. 8. hxiv'] e 
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surabiles erunt. at non sunt. ergo A^ : B^ rationem 
non habet; quam numerus quadratus ad numerum 
quadratum. 

iam rursus A^iB^ rationem ne habeat, quam nu- 
merus quadratus ad numerum quadratum. dicO; A et 
B longitudine incommensurabiles esse. 

nam si A ei B commensurabiles sunt, A^\B^ ra- 
tionem habebit, quam numerus quadratus ad numerum 
quadratum. at non habet. ergo A ei B longitudine 
commensurabiles non sunt. 

Ergo quadrata rectarum longitudine commensura- 
bilium, et quae sequuntur. 

Corollarium. 

Ex iis, quae demonstrauimus, manifestum est, rectas 
longitudine commensurabiles semper etiam potentia 



corr. F. 9. bI] in ras. P. ^etoLi P. 10. A tstQccycovov 
BFb. B tstQayaivov BFh. 12. Post B sdd, davfifistgog aga 
iatlv ri A f^ B FYhy B m, 2. 13. Post cvy^fistQODv add. 
sv&stmv tstQoiyoDva iCQog aXXriXa Xoyov ^x^i, ov tstQccyoovog dQid"' 
[log TtQog tstQccyoavov ccQi&fkov Y. Post s^rjg add. Theon: oTtSQ 
idst dsL^at (BFYh). 15. i%] ^atto i% BFV. ^'trrat] om. b. 

17. ov] in ras. F, avfifi,stQot ov V. sUicsq] corr. ex riytsQ 
m, 2 V. ra] corr. ex toCg m. 1 F. 21. Post fii^xet add. 
ccsl m. 2 B. sla^] om. P. 23. oaa] mv P, corr. mg. m. 1. 

tstQoiyaiva Xoyov ^xsi nQog aXXriXa F. 26. tstQocyfovog ccqiQ'- 
pbog TtQog tstQccyoivov ccQi&fiov BFVb. Post aQid^fiov add. 

otov 6 X xal 6 £ * 6 yccQ | nQog tov X Xoyov ovx ^tsi^ ov tstQcc- 
yoavog dQi^fi^og JtQog tstQayoovov ccQiQ^ibov, avfkfistQOi Ss * 0;^ Ss sv- 
^'sZttt, dw oav dvsyQaopriaaVy davii(istQoC slaiv ' td yaQ tstQayoDva 
aXoya staiv mats ovv at ftrjnsi av(ifi,stQoi ndvtmg xofl SvvdfjLSi, 
at d^ dvvdfisi ov Ttdvtmg ytal fi^xat b. 28. dXX' BFV. dnXoag] 
om. Fb, m. 2 B. ov] ov stSQog tig BFVb. 
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aqi^yLO^ jtQog dQLd^^ov, 6v(i[ietQa ^lv i^tai avta ta 
tatQaycDva dvvd^SL, ointiti 8% xal (iiixsL* &0ta ta [ihv 
(irjxaL 0v(ifiatQa 7tdvt(og xal dvvdfiaL, td dh dvvdiiaL 
ov Ttdvtcog xal fi^^xaLj ai fti^ xal koyov i%OLav^ ov ta- 
5 tQayoDvog aQLd^fiog TtQog tatQdyc^vov aQLd^^cv. 

Xiya) dTJj otL [xal] at ^rixaL d0v(i^atQOL ov Ttdvtcng 
xal Stn/d^aL^ inaLdi]7taQ at SvvdnaL 61,1111^^^0 l SvvavtaL 
Xoyov [iri ixaLV^ ov tatQdymvog dQL^fiog TtQog tatQd- 
ycDvov aQLd^fiov, xal dta rovro dwd^aL ov6aL 6vii- 

10 ^atQOL iirixaL al6lv d6vfi^atQ0L. &6ta ovx at t& ^i^xaL 
d^vfiiiatQOL Ttdvtcog xal dvvdiiaLj dkka dvvavtaL iir^xaL 
ov6aL d^v^fiatQOL dvvd^iaL alvaL xal d6v^iiatQ0L xal 
jSv^liatQOL. 

at 8% dvvdfiaL d^yfiiiatQOL ndvtaig xal ^i^xai d^v^JL- 

15 ^stQOL' al yaQ [[al6L] ^i]xaL ^vfiiiatQOL^ i6ovtaL xal 

dvvd^aL 6vii(iatQ0L, vnoxaLvtaL 8\ xal d6v^iiatQ0L' 

OTtSQ atOTtov, at ccQa dvvdiiaL d6v^^atQ0L jtdvtog 

xal iirixaL], 

Arjfi^a, 

20 ^iSaLXtaL iv totg dQLd^iirjtLXOtg^ otL of oftotot iTtt- 
TtaSoL dQLd^fiol ^Qog dlliikovg koyov ixov6LV, ov ta- 
tQdycovog aQLd^^og TtQog tatQdyoDvov dQLd^fidVj xal or^ 
iav dvo dQLd^fiol TtQog dXXijkovg Xoyov ix(o6LV^ ov 
tatQdycavog dQLd^iiog TtQog tatQdycjvov aQL^iLov^ ofiOLO^ 

25 ai6Lv ijtLTtadoL. xal drjXov ix tovtcoVj otL ot ft^ o^olol 
iitLTtadoL dQLd^^oi^ tovti6tLV of ft^ dvdXoyov ixovtag 
tdg TtXavQdg, TtQog dXXrilovg koyov ovx ixov6LV^ ov 
tetQdycDvog dQLd^fiog TtQog tatQdyovov aQLd^^ov. ei yaQ 
€^ov6lv^ ofiOLOL inCnaSoL i6ovtaL' onaQ ovx vTtoxeLtaL, 

1. aQid^iiov xiva V. ftgv] om. V. ietcti] sIolv BF, 
iazLv comp. b; iatL V, corr. in y^iv m. 2. avtcc] om. V; 
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commensurabiles esse, rectas autem potentia commen- 
surabiles non semper etiam longitudine. ^) 

Lemma. 

In arithmeticis demonstratum est^ similes numeros 
planos eam inter se rationem habere, quam habeat 
numerus quadratus ad numerum quadratum [VIII, 26], 
et si duo numeri inter se rationem habeant, quam 
habeat numerus quadratus ad numerum quadratum, 
similes numeros planos eos esse.*) unde adparet, nu- 
meros planos non similes (h. e. qui latera proportio- 
nalia non habent [cfr. VII def. 22]) inter se rationem 
non habere, quam habeat numerus quadratus ad nume- 
rum quadratum. nam si habebunt, similes erunt plani; 
quod contra •hypothesim est. ergo numeri plani non 



1) Quae sequitur p. 28, 17 — 30, 5 demonstratio coroUarii 
et superflua est et a sermone Euclidis abhorret. praeterea of- 
fendit, quod plus demonstratur {liy(o ^tj lin. 6), quam propo- 
situm erat. 

2) Hoc nusquam demonstratur; sed est VIII, 26 conuersa, 
qua etiam in IX, 10 p. 358, 19 utitur. 



supra td ras. est. 2. Ante Svvdiist add. xovtiativ ai svd^siaiy 
dcp mv dvsyqdtpriGav BPVb. td'] at BPVb. 3. avfjLfistQOL 
BPVb. ra] af BPVb. 4. Supra ^xo^sv in. 2: ra tstgd- 
ycova V. 6. naQ om. P. 7. Post Svvdfisi add. dcvfi- 

(istQOL V. iTCsidrtTcsg'] insiSri ydg P. 10. tco] om. PV. 11. 
dXXd %a£ V. 12. aviiiistQoi xal dav(ifistQOL P. 14. (jltjhsi] 
-7j' e corr. P. 15. stai] om. P, sCaiv B, comp. b. 16. vno- 
nsitat b. Post nai del. Svvdyi^si P. 19. X^ftfia] om. P. 20. 
8rj iv P. oti] supra scr. m. 1 b. 21. Xoyov TCQog dllriXovg 
ixovaiv P. ^x^vai P, corr. m. rec. 23. 8vo] supra scr. m. 
1 P. 25. Supra iitlnsSoi scr. ot dQi^fioi m. 1 b. firi] supra 
scr. m. 1 V. 29. vnotiSLvtaL P. 
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oC aga (iri ofto&ot iithcBdoi TCQog aXl7]kovg koyov ovx 
B%ov0iv^ ov tBXQayovog dQid^fiog TtQog TBtQaycovov 
aQid^^ov. 

L. 
6 Tfl 7tQ0XB^BC6ri BVd^BCa TCQOtfBVQBtv dvO BV- 

d^siag a6vii^itQ0vg^ tr^v ^hv ^tjxbl fioi/oi/, trjv 
dh xal dvvd^Bi, 

"Ecto fi TCQOtBd^Bt^a Bvd^Bta rj A' dBt Sri trj A 

TCQOiSBVQBtv 8vO BVd^BUag d0V(lllBtQOVgj t^V (ihv (ll^XBl 

10 (lovov^ tr^v dh xal Swd^LBi. 

'ExxBC^d^cjCav yccQ Svo aQLd^fiol of 5, F TCQog dk- 
kriXovg koyov fir] ^x^vtBg^ ov tBtQaycovog dQid^^og TCQog 
tBtQaycjvov dQcd^^oVj tovti^tt ft^ o^ococ iTcCiCBSoij xal 
yByovitG} (og 6 B TCQog tov F, ovtcog to djco trjg A 

15 tBtQayovov TCQog to aTcb trjg /1 tBtQaycavov ifidd^o^Bv 
yaQ* 0viifiBtQOV aQa to djco trjg A tp djcb t^g jd. 
xal ijCBl 6 B TCQog tbv F Xoyov ovx Sxbl^ ov tBtQd- 
ycovog dQLd^fibg TCQbg tBtQaycovov dQcd^iioVy ovS' aQa 
tb djcb trjg A TCQbg tb dxb rijg ^ koyov i%Bij ov tB- 

20 tQayovog dQid^iibg nQbg tBtQdycovov aptO^ftoi'* d^v^- 
^BtQog aQa i6tlv '^ A tfj A [irjxBL Biki^q)^co tc5v 
A, ^ yi,B0r\ dvdXoyov fj E' i0tLV aQa a>g fj A JtQbg 
tijv A^ ovtCQg ro dicb tr^g A tBtQaycovov TCQbg tb dicb 
tfjg E, d0v^^BtQog Si i0tLV fj A tfj ^ [i^^xbl' dav^- 

25 (iBtQov aQa i0tl xal tb djcb trjg A tBtQaycovov t(p 



1. KQu fMj] in ras. m. 1 P. ovx] ins. m. 1 V. 3. Seq. 
demoDstr. alt., u. app. 6. avfi(iEZQovg B, corr, m. 2. 7. xa/] 
ins. postea F. 8. Sst] 9- in ras. V. 10. t^v] t^s P, corr. 
m. rec; tjj V, sed corr. 13. zovtsarLV P. Post inCnsSoi 
add. [^ P, cui signo in mg. nihil resp. ; in b seq. of yag oftoiot 
inCTtsSoi nqog aXXrjXovg Xoyov ^%ovaiv^ ov rsTQciyoavog ocQLd^iiog 
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similes inter se rationem non habeut, qnam numerus 
quadratus ad numerum quadratum. 

X. 

Data recta duas alias inuenire ei incommensura- 
biles, alteram longitudine tantum, alteram etiam po- 
tentia. 

Data recta sit A, oportet igitur duas alias rectas 
inuenire rectae A incommensurabiles, alteram longi- 
tudine tantum, alteram etiam potentia. 

Sumantur enim duo numeri B, T, qui inter se ratio- 
nem non habeant, quam numerus quadratus ad nume- 
rum quadratum, h. e. plani non similes [u. lemma], 
et fiat 5 : r = ^ : -J* (hoc enim didicimus [prop. VI 

coroU.]). itaque A^ et Al^ commen- 

surabilia sunt [prop. VI]. et quo- 

niam 5:rrationem non habet, quam 

^ I ^ ^ ' numerus quadratus ad numerum qua- 

dratum, ne A^ : A^ quidem rationem 
habet^ quam numerus quadratus ad 
numerum quadratum. itaque -^ et -^ longitudine in- 
commensurabiles sunt [prop. IX]. sumatur rectarum 
Ay ^ media proportionalis E, itaque A:A = A^:E^ 
\Y def. 9]. sed ^ et ^ longitudine incommensurabiles 

nQog tsxQccyaivov dgi&itovi in V seq. ^ta rovro, punctis del. 



m. 2. 16, xijg] zov P. Trjg] tov P. J 
1 V, B b. 19. A] corr. ex ^ m. 1 P. nQog^ 

t6] corr. ex rc5 V. J] Bh, 21. iariv] postea ins. F. 24. 
E tstQciycDvov v. 25. iat^v P. 



corr. ex B m. 
supra m. 1 V. 



Eaclides, edd. Heiberg et Menge. IH. 
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ano trjg E tsxQaymvip' doviiiistQog aga icrlv ii A xfi 
E SwdiiSL. 

Tjj aQa 7tQOX€^£L0rj ev%^BLa xfj A nQ06evQ7ivxai dvo 

sv^etai dcvii^sxQOL aC ^^ E^ in^xeL ^ilv [lovov rj z/, 

6 SvvdfiiL Sh xal fii^xeL SrikaSrj rj E [oTteQ sSeL Sst^aL^, 

La. 
'Edv xd00aQa fisysd-rj dvdXoyov y, xb Sh 

TtQcixOV Xp SsVXSQp CVflflSXQOV ^y Xal XO XQL- 

xov xS xsxdQXG) CvfLiisxQOV i6xaL' xav XO TtQfSxOV 
10 xa SsvxiQp dovfLfisxQOv i^, xal xo xqlxov xS 
xsxaQxm dovfifisxQOv i0xaL. 

"Ecxaeav xiC0aQa iisyid-ri dvdkoyov xa Aj JB, T, z/, 
mg xo A TtQog xo B, ovxcog xb F TtQbg xb z/, xb A Sh 
rc5 JB 6vfi[isxQ0v icxto' Xiyco, oxl xal xb F xS jd ^vft- 
16 fisxQOv ScxaL. 

^Ejtsl yaQ CvfifisxQov iexL xb A xA B^ xb A aQa 

TtQog xb B X6yov i^SL^ ov dQLd^fibg TtQog dQL^fiov, xaC 

i6xLv (og xb A TtQbg xb JB, ovxcog xb F TtQbg xb A' 

xal xb r aQa TtQbg xb ^ koyov i%SL^ ov dQLd^fibg JtQbg 

20 dQL^fLOV cvfLfisxQOv ttQa icxl xb r xp A. 

^Akld Sr^ xb A xS B devfiiisxQOv icxco' kiycoj oxl 
xal xb r xp A dcvfifisxQov i6xaL. iitsl yaQ dcvii- 
[isxQov iexL xb A xp JB, xb A aQa TtQog xb B Xoyov 
oix i%SL^ ov dQLd^^bg n:Qbg dQLd^^iov, xai iaxLV G)g 

3. nQoarsd-siaTj Pb. TtgoaTjvgrivtai BFb. 4. rj] corr. 
ex T^ B. Post J add. tial B et F, sed del. 6. otcsq ^Ssl 
dsi^cct] om. PBFb. Seq. Bcholium in PBFb, u. app. 6. ta'] 
corr. ex i m. rec. P, ex ly V. 8. nQmtov] cc P, et sic sae- 
pius. To] ins. postea F. t^^tov] y P et d (et sic saepius). 
16 iativ B Vb. 16. iattv P. to A] (alt.) postea ins. F. 17. 
B] corr. ex A m.^1 F. ^ 18. to A] corr. ex 6 A Y. 20. T] 
in ras. V. 21. oTt davfifistgov iati xal to F tm J V. 22. 
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sunt. itaque etiam A^ et E^ incommensurabilia sunt. ^) 
quare ^ et ^ potentia incommensurabiles suni^) 

Ergo data recta ^ duae aliae inuentae sunt ^y E 
ei incommensurabiles^ ^ longitudine tantum, E autem 
potentia et longitudine; quod erat demonstrandum. 

XI. 

Si quattuor magnitudines proportionales sunt^ et 

prima secundaque commensurabiles sunt, etiam tertia 

quartaque commensurabiles eruni et si prima secunda- 

que incommensurabiles sunt^ etiam tertia quartaque 

incommensurabiles suni 

Quattuor magnitudi- 

nes proportionales smt 

^' ' ^' ' ^, JB, r, J, ita ut sit 

AxB = r:^y et A, B commensurabiles sini dico, 

etiam Fy A commensurabiles esse. 

Nam quoniam A, B commensurabiles sunt, A : B 
rationem habet, quam numerus ad numerum [prop. V]. 
et A : B = r : ^. quare etiam F: ^ rationem habet, 
quam numerus ad numerum. ergo F,^ commensura- 
biles sunt [prop. VI]. 

lam uero ^ et JB incommensurabiles sini dico, 
etiam F, ^ incommensurabiles fore. nam quoniam A, B 
incommensurabiles sunt^ A : B rationem non habet, 



1) Hoc ex prop. XI concludendum erat (quare Gregorius 
propp. X et XI permutauit). omnino tota prop. X cum lem- 
mate multis de causis suspecta est^ et uix credidorim, eam a 
manu Euclidis profectam esse. 

2) Quare etiam longitudine (prop. IX coroU.). 

iarai] iativ BFb. 23. A] (alt.) supra scr. m. 1 V. aqa] 
supra scr. m. 1 F. 24. ovx] m. rec. b. 
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ro A nQog ro B, ovr oog ro F XQog to ^' ovSi tb F 
&Qa TCQog xo d koyov i%Bi^ ov aQid^fiog TCQog aQtS^fiov 
&6viiii€TQOV aQa iexl xo F ra ^. 

^Eav aQa ri66aQa fisyid^rjj xal ra i^fjg. 

/ 

6 */*'. 

Ta rp avrm fisyid^si 6v^fisrQa xal dXk^^kotg 
i6rl 6vfifi6rQa. 

^EmrsQOv yaQ r&v A, B rm F i6ra} 6vfifisrQ0v. 
liyoD^ or^ xal ro A r& B i6rv 6v(ifisrQov. 

10 ^Eitsl yaQ ^vfifisrQov i6rv ro A r& T, ro A aQa 
TtQog ro r Xoyov i%si^ ov aQLd^fibg XQbg aQtd-fiov. 
i%ira}j ov 6 A TtQbg rbv E. ndliv^ ixsl ^vfi^srQov 
i6ri rb F r^ B, ro F aQa yCQbg rb B Xoyov i%sv^ ov 
aQid^fibg nQbg aQi^iiov. i%iroa^ ov 6 Z nQbg rbv H. 

15 xal koymv Sod^ivroov bjto6oDVOvv rov ra, ov i%si 6 d 
TtQbg rbv E^ xal 6 Z TtQbg rbv H slli^g^d^oo^av dQi^^ol 
s^^g iv rotg dod^st^i X6yovg ot ®^ K^ A* &6rs slvav 
mg ^hv rbv A %Qbg rbv jE, ovrtag rbv ® itQbg rbv K^ 
(hg 8h rbv Z nQbg rbv fZ, ovroog rbv K XQbg rbv A. 

20 ^Ejitsl ovv i6rvv cog rb A TtQbg ro f, ovrcag 6 A iCQbg 
rbv E^ dkX wg A TtQbg rbv E, ovrcog b & XQbg 
rbv Ky i6riv aQa xal mg ro A ^Qbg rb r, ovrcog 6 ® 
nQbg rbv K. TtdXvv^ ijtsi i6riv d>g ro F nQbg ro B^ 
ovroog 6 Z XQbg rbv H, dkX dig b Z TtQbg rbv if, 

25 [ovrcog] b K nQbg rbv A, xal d>g aQa rb F JtQbg rb B^ 
ovrcog 6 K TtQbg rbv A. i^rv S^ xal d)g rb A ^Qbg 

1. ovii] om. V. 2. &Qoc] om. V. loyov] &qa Xoyov 

ovx V. 4. T€<r<ra^al ra d F. Ante xal add. dvdXoyov J 

BFb; dvdloyov ^, to d^ ng&tov rm dsvrsQcp av(i(iSTQ0v n V. 

Post iiijg add. onsQ idsi dstiai V. 5. i^] corr. ex ta m. 

rec. P. 6. fisysd^ b. 16. 6n6a(ov? V (comp.). 17. i^ijg] 
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quam numerus ad numerum [prop. VII]. etjiiB^FiJ. 
quare ne F:^ quidem rationem habet^ quam nume- 
rus ad numerum. itaque Fy /1 incommensurabiles sunt 

[prop. vni]. 

Ergo si quattuor magnitudines^ et quae sequuntur. 

xn. 

Quae eidem magnitudini commensurabilia sunt^ 
etiam inter se commensurabilia sunt. 

Utraque enim A, B magnitudini T sit commen- 
surabilis. dico^ etiam A, B commensurabiles esse. 

nam quoniam ^, F commensurabiles sunt^ ^ : F 
rationem habet^ quam numerus ad numerum [prop. Y]. 

1 .^ rursus quoniam F, B 

„ ^ commensurabiles sunt, 



^Z i \K 

-\H \ lA 



F: B rationem habet^ 
quam numerus ad nu- 
merum [prop. V]. sit 
r:B = Z:if. et datis quotlibet rationibus, ^ : E et 
Z : Hy numeri sumantur deinceps in rationibus datis, 
®, Ky A [cfr. VIII, 4], ita ut sit J:E^®:K, Z:H 
= K:A. 

iam quoniam est A : F = ^ : E et A :E = ®:Ky 
erit etiam A:r= ®:K [V, 11]. rursus quoniam est 
r:B = Z:HetZ:H = K:A, entetiBmr:B = K:A. 



in ras. Y; iXdxiaTOt i^ijg F, sed corr. So&slai^v P. 18. rov jf\ 
zov postea ins. F^ 6 /J F, 20. rd] (ali) corr. ex tov V. 22. 
6 A F. Tov r P. ^ 28. 6 r P. To] tov P. B] corr. 
ex r m. 1 b. 26. ovrtog] om. P. xcxl mg — 26. A} bis F» 
sed corr. 26. 6 r P. 26. ^Gtiv P. xd] d P. 
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t6 Fy ovtcjg 6 TtQog tov K' Si^ t6ov &Qa iexlv &s 
xb A JtQog xo Bj ovxcog 6 ytgog xbv A, xb A aga 
ngbg xb B koyov i%Bi^ ov aQid^^bg b Jtgbg aQvd^^bv 
xbv A' avfifisxQov aga i0xl xb A rc5 JB. 
5 Ta aga x^ avxS ^syid^SL ^viifiBrga koI akki^Xocg 

66x1 6Vfl^6XQa' 07t6Q Sd6L S^t^aL, 



iy\ 



^Eav Yi 8vo fi6yid"rj 6vfi^6XQa^ xb S^ 6X6qov 
avxmv ii,6yi^6i xlvX a6vfi^6Q0v rjy xal xb kovnbv 
10 x^ avxS a6vfifi6XQ0v i6xai. 

"E6x(o Svo ^^yid"!^ 6viiii6XQa xa Aj JB, xb S^ 6X6qov 
avxAv xb A akXo) xivl rc5 F d6vfifi6XQOV i6x(o ' kiycD^ 
oxv xal xb XoiJtbv xb B xp F d6v[ifi6XQ6v i6xiv. 
El yaQ i6xL 6v^fi6XQ0v vb B x^ F^ dkld xal xb A 
15 rc3 B 6v[1(16Xq6v i6xvvy xal xb A aQa tq F 6vii^6Xq6v 
i6xiv, dkkd xal d6v^fi6XQOV* 07t6Q dSvvaxov. ovx 
ccQa 6vfi^6XQ6v i6xL xb B rc5 F' d6v^fi6XQ0v aQa. 
^Edv aQa y Svo (i^yid^ri 6v[i(i6XQaj xal xd i^^^g, 

m 

Afjfifia. 

20 AVO Sod^^L^civ 6V^6L(OV dvC6C0V 6VQ6tVj xlvi ^6t^0V 

Svvaxai fi ii^i^CDV xijg ikda6ovog. 

"E^xco^av at So%^6t6ai Svo avi6oi ^vd^^tau at AB^ f, 

^. A TtQog xbv B h, 4. ioriv P. 6. avfipbSTQoc] av^^- 
8upra Bcr. m. 1 P. Sjisq i^si dst^oci] comp. P, om. Bb. Seq. 
liBmma, u. app. 7. *y'] t^' corr. in ty' m. rec. P, y in ras. F; 
«d', d in ras. m. 1 B, ty' mg. 8. ^] om. V. ftcy^^ij] -y^- 
Bupra m. 1 P. davfifisTQa F, sed corr.; avtifiSTQa w V. ^ F. 

11. dvo] mg. YQ. ocvT^ m. 1. b. 12. &XXq}'} szsQq) BFY. 

13. t6 B] om. b. Tco r] eras. b. iau t6 B t^ JTb. 14. 
bC — ri supra scr. m. rec. b. F t6 B P. 16. iaxi B, 
comp. Fb, om. V. tiat — avtifiS''] supra scr. m. 1 F. 

'TQOV — - 16. %at] in ras. F. 16. onsQ iaxCv F. 17. uQa] (alt.) 
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uerum etiam ^:r=@:K. ex aequo igitur j^:B = &:A 
[V, 22]. itaque A : B rationem habet, quam numerus 
S ad numerum A, itaque Ay B commensurabiles sunt 
[prop. VI]. 

Ergo quae eidem magnitudini commensurabilia 
sunt; etiam inter se commensurabilia sunt; quod erat 
demonstrandum. 

XIII. 

Si duae magnitudines commensurabiles sunt, et 
alterutra earum magnitudini alicui incommensurabilis 
est^ etiam reliqua eidem incommensurabilis erit. 

ji I — I Sint duae magnitudines commen- 

Ti 1 surabiles Ay B, et A alii magnitu- 

B I 1 dini r incommensurabilis sit. dico, 

etiam By F incommensurabiles esse. 

nam si B, F commensurabiles sunt et etiam Ay B 
commensurabiles, etiam A, F commensurabiles erunt 
[prop. XII]. at eaedem incommensurabiles sunt; quod 
fieri non potest. itaque By F commensnrabiles non 
sunt. incommensurabiles igitur. 

Ergo si duae magnitudines commensurabiles sunt^ 
et quae sequuntur. 

Lemma. 

Datis duabus rectis inaequalibus inuenire, quantum 
maior quadrata minorem excedat. 

Sint datae duae rectae inaequales ABy T, quarum 

postea ins. B. 18. ^] om. P. aavnnstQa F, sed corr. nal 

za i^rjg] ro dl ^tsqov uvtcov ftsysd^et tivl doviJbfisTQov ^, xal 

TO Xoinov T& ocvtS davjifisTQOv ^atai* oubq idsi dBt^oiL V. 19. 
ib' B. 20. dviamv svd^siav F. 21. iXccTTovog F. 
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mv fJLet^mv i6tm fj AB' 8st 8rj evQstVy tCvv fist^ov 
Svvatai 71 AB trjg F. 

rsyQdq^d^G) ijtl tijg AB fi^ixvxlLOv tb A^B^ xal 

elg avtb ivriQfi60d'G) tjj F t67j tJ Ajdy xal i^eisvx^a) 

5 fj ^B. q>avsQbv dij, ott oq^t^ ictiv ^ V7tb AAB yooviay 

xal otv fi AB tijg A^^ tovts6ti tijg T, ^st^ov Sv- 

vatai tfj ^B, 

'OfioLcog Sh xal Svo Sod^siOmv svd^smv fj Svvafisvri 
avtag svQ(0xstaL ovtcog, 
10 ^E0ta)0av at So%^st6aL Svo svd^staL at Ad^ ^B^ xal 
Siov S6tm svQStv tfjv SwafLsvriv avtdg. xsi^d^ca^av 
ydQf &6ts oQd^fjv ycDvtav nsQLi%SLv tfjv vnb AA^ jdBy 
xal iTCs^svx^^ V ^^' tpavsQOv ndkLV^ otL ij tdg Ady 
/iB Swafiivri ietlv fj AB* onsQ iSsL Sst^aL. 

15 ^^'« 

^Edv ts66\aQsg svd^staL dvdkoyov m6Lv^ Sv- 
vrjtaL Sh fj nQcitri t^g SsvtSQag ^st^ov rp aTtb 
6vfifiitQ0v savtfj [ftijx£^], xal ij tQttrj trjg tS' 
tdQtrjg fistZov Svvi]6staL tc3 d^b ^vfiiiitQov 

20 savty Ifii^xsL]^. xal idv fj XQcitrj t^g SsvtiQag 
^st^ov SvvrjtaL tm dicb d6vfifiitQ0v iavty [/ii^- 
xsl], xal fj tQttri trjg tstdQtrjg fLSt^ov Svvri6staL 
rcS dxb d6vfifiitQov savty [(i,''ixsL']. 

"E6tcD6av ti66aQsg sv^staL dvdkoyov at Aj B, F, ^y 

2b ^S V ^ ^Q^S ^^v -B> ovtcog ^ F XQog tfjv z^, xal 17 

1. iatto] corr. ex iativ m. 2 B. S. ABJ F, 4. avvip 
e corr. F. fi A/i tarj F. 6. iitltov] corr. ex nsiimv m. 
1 E. 10. at doJd^siaiu] om. V. at] at dod^siaat at Y. 11. 
fiiy] ixuk postea V. i%%Bia&maav BF Vb. 18. Ante ndXiv ins. 
mt m.l F. StL naXiv b. Sri n] 17 in ras. F. 14. onB^ idBi 

*]comp.P, om. Theon(BFVb). 16. td^jdinras.F^corr. ex 
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maior sit AB. oportet igitur inuenire; quantum j^B^ 
excedat F*. 

describatur in AB semicir- 
^ culus^z^B, etineumaptetur 
rectae F aequalis A^ [IV, 1], 
^B -^ et ducatur ^B. manifestum 
igitur, L^^B rectum esse [III, 31], et AB^^^A^^ 
+ ^5« = r« + ^B«[I,47]. 

Similiter etiam datis duabus rectis recta quadrata 
iis aequalis hoc modo inuenitur. 

sint datae duae rectae A^d^ AB, et oporteat rec- 
tam quadratam iis aequalem inuenire. ponantur enim 
ita, ut angulum rectum comprehendant AAB, et du- 
catur AB. rursus manifestum est, esse AB^ = AA^ 
+ AB^ [1, 47] ; quod erat^demonstrandum. 

XIV. 

Si quattuor rectae proportionales sunt, et prima 
quadrata secundam excedit quadrato rectae sibi commen- 
snrabilis, etiam tertia quadrata quartam excedet qua- 
drato rectae sibi commensurabilis. et si prima quadrata 
secundam excedit quadrato rectae sibi incommensura- 
bilis, etiam tertia quadrata quartam excedet quadrato 
rectae sibi incommensurabilis. 

Sint quattuor rectae proportionales A, B, T, Aj ita 
ut sit ^ :B = r: A, et sit A^ = B^ + E?, n = A^ + Z^ 

ty' m. rec. P, ts' B (mg. i$*). 16. mai Vb. 17. taS] e corr. V. 

18. fiijxei] om. P. 19. ccno r^g b. 20. fiijxct] om. P. 21. 
dvviiaTitoii F V, sed corr. avuftiTQOv F, et B, corr. m. 2. iavxm b. 

ft^xet] om. P. 22. dvvrjamai F. 23. aviifiixQov PF, et B, 
corr. m. 2. savxm b. (iriiisL] om. P. 24. iaxioaav dri V. 

26. A] e corr. V. 
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A ^lv zfjg B fiBv^ov dvvdad^o) rc5 dno rijg Ej rj dh F 
r^g ^ fist^ov Svvcc0^(o rp ano rrjg Z' keyoj on^ slrs 
ev^^isrQog ieriv i] A rfi E^ (Svii^ergog ieri xal fj F 
rfj Z, eCrs a^vfifisrQog ifSriv i} A r^ E^ dovii^erQog 
6 iiSrc xal 6 F rfj Z, 

^EtcsI yaQ iariv (hg rj A nQog r^v B, ovr a)g 17 F 
nQog rriv ^, icriv aQa xal tog ro dno rrjg A TtQog ro 
dTto rrjg B, ovrofg ro dico rr^g F TCQog ro djcb rrjg ^. 
dlXd rc3 ^hv dico r^g A t6a ierl rd dn:6 rAv E^ B, 

10 rc5 8\ dno r^g F tea iorl rd dno rSv ^, Z. icriv 
aQa (hg rd dno rAv E^ B XQog ro djtb rrjg B, ovrcag 
rd djcb rSv A^ Z TiQbg rb djtb r^g A* SisXovri aQa 
i6rlv Sg rb ditb ri^g E TtQog rb dnb rijg B, ovrcag ro dnb 
r^g Z TtQbg rb dnb rfjg A' ieriv aQa Tcal (og rj E 

16 ^Qbg rrjv B, ovrog ri Z XQbg rrjv A' dvditaXiv aQa 
i6r\v mg ri B %Qbg rfjv Ej oijrcog rj A TCQbg rijv Z. 
i<Sn ds xal (og ri A nQog rrjv JB, ovrcjg ^ F JtQbg 
rr^v A' 81 Ifiov ccQa ierlv (og rj A TtQbg rr^v E, ovr(og 
ri r TtQog rriv Z. shs ovv OvfifisrQog i^rvv fj A rij E^ 

20 Ovii^srQog i^rv xal ri F ry Z, strs dcviifisrQog ieziv 
rj A ry E^ d^vfiiiSQog i^ri xal rj F rij Z, 
^Edv ccQa^ xal rd i^ijg. 



IS . 



^Edv Svo fisysd^rj 6vfifisrQa ^vvrsd^ijj xal rb 
25 okov sxarsQcp avrSv 6VfifisrQ0v i^rai' xav rb 
okov ivl avrSv 6v^fisrQ0V rj^ xal rd i^ ccQxijg 
fisyid^ri 6vii^srQa i6rav, 

2^vyxsC6^(o yaQ Svo [isydd^ri 6viiiisrQa rd AB, BF' 

1. t^g B] corr. ex t^ B m. 1 b. F ds BFb. 3. iattv'] 
om. V. tJ] corr. ex t^g m. 1 P. iotiv B. 4. Z] e corr. 
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[u. lemma]. dicO; siue Aj E commensurabiles sinfc^ etiam 
r, Z commensurabiles esse, siue A^ E incommensura- 
biles sint, etiam F, Z incommensurabiles esse. 

nam quoniam est A\B = ridy erit «tiam A^iB^ 
= r^:J^ [VI, 22]. uerum ^^ = JS^ + B\ r«= ^» + Zl 

itaque E^ + B^iB^ = ^^ + Z^:A\ 

subtrahendo igitur [V, 17] E^ : B^ 

= Z^ : A\ quare etiam [VI, 22] E: B 

E ^ = Z:J. itaque e contrario [V, 7 

coroll.] B:E= /i:Z, uerum etiam 

A:B = r:4d. ex aequo igitur [V, 22] 

A:E=T:Z, itaque siue A^ E com- 

mensurabiles sunt, etiam F, Z commensurabiles sunt> 

siue A^ E incommensurabiles sunt, etiam F, Z incom- 

mensurabiles sunt [prop. XI]. 

Ergo si, et quae sequuntur. 



A B 



r d 



XV. 

Si duae magnitudines commensurabiles componun- 
tur, etiam totum utrique earum commensurabile erit; 
et si totum alterutri earum commensurabile est, etiam 
magnitudines ab initio positae commensurabiles erunt. 

Componantur enim duae magnitudines commensura- 



m. 1 b. 5. iaziv PB. 7. xa^] om. V. 9. t©] corr. ex 
z6 m. rec. P. A] in ras. m. 1 P. iativ P. 10. iariv P. 

Z, jd P. 11. E, B] d, Z B. za F. B] d B. 12. J, Z] 
EB B. xu F. J] [B in ras. m. 2 B. 13. uno] (alt.) 
ins. m. 2 F. 14. ^ariv — 15. z^] mg. iS. 1 P. 14. ri] 
supra scr. m. 2 F. 17. ^ativ P. 19. «tV P. 20. lati] iativ P. 

Post shs del. ovv b. iaxiv] om. V. 21. avpLfietQog b. 

iativ B. 22. «9«] om. V. Ante nal add. TfffffcK^s? sv- 
^tlai, dvaloyov iaiv ((3<rt V) FV. 23. ib] e corr. PF; ij' B, 
mg. iB, 28. avynsiad-a^aav BFb. BF] e corr. F. 
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IdycOj ort xal oAov xo AF ixariQO} tSv AB^ BF i6ti 
avfifietQov. 

^EtcbI yccQ 0v(ifLatQd ioti ta AB, BFj {jbatQriOsi ti 
avta ^iyed^og. fistgsitiOj Tcal i0ton to ^, i^el ovv 
h tb ^ ta ABj Br iisTQSty xal olov to AF fistQrj6st,. 
listQst ds xal ta ABj BF. tb ^ aQa ta AB^ BF^ AF 
[istQst' 6v^^stQov aQa ictl tbAF sxatiQG) tav ABjBF. 
^AXXa 8ri tb AF icto 6vii^stQ0V ta AB' XiyoD 
Srij otL xal ta AB^ BF av^^stQa i6tiv, 

10 ^EtcsI yaQ av^fistQa i6tL ta AF^ AB^ ^stQi^6SL ti 
avta iiiysd-og. nstQSitaf, xal s6ta) tb A. ijtsl ovv 
tb A ta TA^ AB fistQstj xal kovTtbv aQa tb BF ybs- 
tQr^6si. [istQst 8h xal tb AB* tb A aQa ta AB^ BF 
^stQi^6sL' 6v(i(istQa aQa i6tl ta AB^ BF. 

16 ^Eav aQa 8vo ^syid^rj^ xal ta s^^^g. 

'Eav 8vo ^syid-ri d6v^fistQa 6vvtsd"^^ xal 
tb okov sxatiQtp avtmv d^vfifistQOv i6tav' xav 
tb oXov £vl avt^v d6v^(istQ0v ij, xal td i^ 
20 dQX^^S iisyid^rj d6vfifistQa i6tac. 

Ijvyxsl6%(o yccQ 8vo fisyid^rj d6v(i^stQatd AB^ BF' 
Xiyca, ott Ttal oXov tb AF sxatiQp t<3v ABj BF d6v^- 
flStQOV i6tvv. 



1. xa^J %al t6 V. rmv^ tmi P. iaxcct b. avfifis- 

XQOv iati V. 9. iativ P. 6. xa] (prius) corr. ex twi' P. 

l.iatCvV, " '"■' ^" """^ '-"^' " -" ^' 

(BPVb). rc5^ 

9. di?] snpra 
mg. yp. AB BT m. 1 b. 12. AT FV. 13. ra] to? V. 14. 
iativ LFB. 16. Post ^syid^ri add. cvfifistQa avvte^^, xal to 
SXov inatiQta avtav avfifistQOv ^atat V. Post s^ijg add. onsQ 
Idsi dstiaL V. 16. ts'] corr. ex td' m. rec. P, mut. in tj' m. 



3. iativ P. 6. Ta] (prius) corr. ex tmv P. 
\ 8. Ar^AB, Br P; AF M tmv AB, BT Theon 
Tc5] TJfT*, iatm dri t& (corr. ex to V) Theon (BF Vb). 
pra 8cr. F. 10. iativr, AF'] FA F, T e corr. b; 
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biles j4B, BF. dicO; etiam totum ^F utrique AB^ BF 
commensurabile esse. 

nam quoniam AB, BF commensurabiles sunt^ mag- 
nitudo aliqua eas metietur. metiatur et sit d. iam 

I 1 1 quoniam ^ magnitudines 

jiBj BF metitur, etiam to- 

tum AF metietur. uerum 

etiam AB, BF metitur. J igitur AB, BF, AF me- 

titur. ergo AF utrique AB, BF commensurabilis est 

[def. 1]. 

lam uero AF, AB commensurabiles sint. dico, 
etiam AB^ BF commensurabiles esse. 

nam quoniam AF, AB commensurabiles sunt^ 
magnitudo aliqua eas metietur. metiatur et sit J. iam 
quoniam /^ magnitudines FA, AB metitur, etiam reli- 
quam BF metietur. uerum etiam AB metitur. A igi- 
tur AB, Br metietur. itaque AB^ BF commensura- 
biles erunt. 

Ergo si duae magnitudines, et quae sequuntur. 

XVI. 

Si duae magnitudines incommensurabiles compo- 
nuntur, etiam totum utrique earum incommensurabile 
est; et si totum alterutri earum incommensurabile est^ 
etiam magnitudines ab initio positae incommensura- 
biles erunt. 

Gomponantur enim duae magnitudines incommen- 
surabiles AB^ BF. dico, etiam totum AF utrique AB^ 
Br incommensurabile esse. 

2 P ; trf B, mg, ts'. 19. avfifisxQov B, corr. m. 2 ; item lin. 20. 
21. avytisM(oaav V. BT] corr. ex FB F. 
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El ycLQ [ii^ i0xiv d^viifietQa td FA^ AB^ {LstQriOai 
tt [avtd] ^syed^oS' ^stQeCtGi^ sl Svvatovj xal SiSto 
to ^, insl ovv to ^ td FA^ AB fiexQst^ xal koiTtbv 
aQa tb BF fistQ^^Osi, fistgst dh xal tb AB' tb ^ 
6 aga td AB^ BF ^stQst, avii^stQa aQa ictl td AB^BF' 
vTtsKsivto S% xal dovfifistQa' oxsq itStlv ddvvatov. 
ovx aQa td FA^ AB fistQi^0SL ti fisysd^og' d6v[ifistQa 
aQa i6tl ta FA, AB. bfiOLOfi; dij SsL^Ofisvj otL xal 
td AFj FB d^v^iistQd i0tLV. tb AF aQa sxatiQip 

10 t&v ABj Br d^viifLStQOv ictLV. 

'AXXd Sij tb AF svl tSv AB^ BF dev^^stQov l0to. 
l0t(D Sij TtQotSQOv t£ AB' liycDy otL xal td ABj BF 
d^viifistQa i6tLV. si yaQ SetaL 6vfifistQa^ fistQi^6SL 
tL avtd ^iysd^og. [LstQsCtm^ xal S6ta) tb ^, iTtsl 

16 ovv tb /1 td AB^ BT (istQst, xal oAot/ aQa tb AF 
^stQi^6sL. [istQst Sh xal tb AB' tb ^ aQa td FAy AB 
fistQSt. 6v^iistQa aQa i6tl td FA, AB' vnixsLto S\ xal 
d6viiiistQa' OTtSQ i6tlv dSvvatov. ovx aQa td AB^BF 
[istQ^^^SL tL fiiysd^og' d^v^i^stQa aQa i6tl td ABj BF, 

20 ^Edv aQa Svo fisyid^ri^ xal td s^rjg. 

Aijfi^a. 

^Edv TtaQa tLva svd^stav TtaQapktid^fj ytaQakXijXO' 
yQafifiov ikXstnov stSsL tstQaydvp^ tb naQa^Xrid^lv 

1. ra] ro P. 2. avroi] om. P. J.. AB] BA V. 5. 
iaviv LP. 6. vnonBivxai LBb. ddvvcttov iavLv V. 8. 
iativ LP. 9. Ante AF del. P m. 1 P. avfifistQa B, corr. 
m. 2. iati V, comp. Fb. FA F. 10. iatLv] om. B. 11. 
iatoi] om. P. 12. iatco dn TtQotSQOv] %al nqmtov Theon (BFVb). 
ToiJ e corr. V. 13. iatai] iati V. cyvjHftcT^a] supra scr. 
i- m. 1 F. 17. iatl] iativ F, comp. F, iatai LB T b. vni- 
fyro P.^ 19. iatCv LP. Post BF add. oikoimg $ri dBLV' 
Btut, OTi to AV %al Xomm tm BF davfifistQOV iativ FYd. 
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nam si T^, ^B incommensurabiles non sunt, mag- 
nitudo aliqua eas metietur. metiatur, si fieri potest, 

-rA -r ®* ^^* ^* ^^^ quoniam ^ magnitudines FA, 

j AB metitur, etiam reliquam BF metietur. 

uerum etiam AB metitur. ^ igitur jiB, BF 

metitur. itaque AB, JBr* commensurabiles sunt. 

^^ supposuimus autem, easdem incommensurabiles 

esse; quod fieri non potest. itaque nuUa magni- 

tudo FA, AB metietur. ergo FA, AB incom- 

mensurabiles eruni similiter demonstrabimus, 

etiam AF^ FB incommensurabiles esse. ergo AF 

utrique AB, BF incommensurabilis est. 

lam uero ^ralterutri AB, BF incommensurabilis 
sii. sit prius magnitudini AB incommensurabilis. dico, 
etiam AB, BF incommensurabiles esse. nam si com- 
mensurabiles sunt, magnitudo aliqua eas metietur. 
metiatur et sit A. iam quoniam A magnitudines AB, 
BF metitur, etiam totum AF metietur. uerum etiam 
AB metitur. A igitur FA, AB metitur. itaque FA^ 
AB commensurabiles sunt. supposuimus autem, easdem 
incommensurabiles esse; quod fieri non potest. itaque 
nuUa magnitudo AB, BF metietur. itaque AB, BF 
incommensurabiles sunt. 

Ergp si duae magnitudines, et quae sequuntur. 

Lemma. 

Si rectae alicui parallelogrammum adplicatur figura 
quadrata deficiens, adplicatum spatium rectangulo par- 
tium rectae adplicatione ortarum aequale est. 

23. tstQayavco] corr. ex naQaXXrjXoYQdfifKp m. rec. b. rd] 
rco F. to nccqcc§Xrid'iv'] om. b. 
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H60V iatl r^ vnh rc3i/ iK r^g TtagaPolris ysvofievcDv 
riirifidtiov f^g sv^sCag. 

IlaQa yaQ svd^stav xriv AB naQaPspi^^Cd^ca ytagal' 
Xi^XoyQafifiov ro Ad illstnov stSsv tstQaycivo) t^ JB' 
5 A^yco, oti t6ov i6tl tb A/i t^ vno tAv AFj FB, 

KaC ietvv avto^sv q^avsgov iicsl yag tstgdymvov 
i6tc ro zi5, t6rj i0tlv rj JF tfj FB^ xaC iatv th AJ 
tb vTcb tmv AFy F^, tovts6tv tb vnb tmv AF^ FB, 

^Edv aga yeagd tiva svd^stav, xal rd s^rjg. 

10 t£'. 

^Edv m0i Svo svd^stav avv60Vj tp Sh rsrd^rp 
fiiQSi roi) dxb rrjg iXd06ovog t6ov nagd rrjv 
lisC^ova TtaQapkrid"^ ikXstnov stSsi rsrQaydvG) 
xal slg 6vfifisrQa avrrjv SvaLQjj fii^xsvy 17 fisC^oov 

16 rrjg ikd66ovog fist^ov Svvi]6srav rp dTtb 6Vfi' 
(lirQOV iavrfj [fii^xsv,]. xal idv ^ fisC^cav rrjg 
ikd66ovog fist^ov Svvrjrav rp dnb 6viifiirQov 
savrfj [ftijxfit], rc5 Sl rsrdQrco rov dnb r^g ikd6- 
6ovog t6ov TtaQa rrjv ^sl^ova naQapXrid"!) iXXst- 

20 nov stSsv rsrQaymvtp ^ slg 6vfifi6tQa avtriv 

SvavQst fLTlXSV, 

^E6tco6av Svo svd^stav dvi6ov al A^ BT^ cov fisC^cav 

fi Bf, r^ S\ rstdQrca fiiQSi rov dnb rrig iX^66ovog 

r^g A^ rovri6rv rcaf ditb rijg rjfii^sCag r^g Ay t6ov 

26 naQa rrjv BF naQaPspXrj6^(o iklstitov stSsi rsrQaydvp, 

3. t6 AJ naQalXriXoyQaiiiiov Theon (BFVb^ ante AJ eras. 
rj F). 4. tetQaymvo)] corr. ex naQaXXriXoyQafiiKp m. rec. b. 
JB] BJ Fh. 6. icTCv LB. tdo] to F. AF] corr. ex 
FA m. 1 b. FB] F e corr. V. 'l. iattv LB. FB] BF 
B V. iativ L P B. 8. rJ]J F, J e corr. V. tovtiatv — FB] 
ra. 2 V. tovtiativ LPB v. 9. Post svd-siav add. TcaQu- 
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Rectae enim AB parallelogram- 
mum adplicetur A^ figura quadrata 
^JB deficiens. dico, esse 
AJ = ArxrB. 
et per se patet; nam quoniam ^B quadratum est^ erit 

^r=rB. eiAj = Arxrj = ArxrB, 

Ergo si rectae alicui, et quae sequuntur. 

XVII. 

Si duae rectae inaequales datae sunt^ et qtiartae 
parti quadrati minoris aequale spatium maiori adpli- 
catur figura quadrata deficiens^ quod eam in partes 
longitudine commensurabiles diuidat, maior quadrata 
minorem excedet quadrato rectae sibi commensurabilis. 
et si maior quadrata minorem excedit quadrato rectae 
sibi commensurabilis; et spatium quartae parti qua- 
drati minoris aequale maiori adplicatur figura quadrata 
deficienS; eam in partes longitudine commensurabiles 
diuidet. 

Sint duae rectae inaequales A, BF, quarum maior 
sit J5r, et quartae parti quadrati minoris A, hoc est 
{i^Ay, aequale spatium rectae BF adplicetur figura 

Mrid^ij naQallriX6yqtt(iftov Y. Post B^rjg add. tijg nQOTaosoag 
LBVb, P m. 2. 10. £!?' F m. 2; td'' B, mg. tf'. 11. movv P. 

12. iXaxtovog F. 13. rstQayoivtp'] in ras. m. 1 b. 14. 
liii*ri F. 15. iXdttovog F. avfi(iitQ(p F. 16. fiTjKSv] om. P. 

av F, ^] i5 b, et F, sed corr. 17. iXdttovog F. fisitov] 
mg. m. 2 F, fisiSova b. 18. fii^Tisi] om. P. Post tstaQta) 
add. fisQSi b, F m. 2. iXdttovog F. 20. slg] in ras. V, 
corr. ex si m. rec. b. avfq V, sed corr. 21. SvsXst B, SlsXtj 
Vb et corr. in dvsXsL F. fii^%ri F. 22. fisiiov b, fisiionv 

QJJ 

iaton F. 23. iXdttovog F. 24. trig] t F. tovtsativ P. 
tS] to F, et V, sedcorr. m. 1. tov -4 B; trj AY^ sed corr. 

Euclides, edd. Heiberg et Menge. III. ^ 
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• 

xal icto to vno t£v B^d^ ^F^ ^v^^etQog di iato r} 
Bjd tfi AT in^xsc kdyco, ot c fj BF trjg A iiet^ov 
Svvatai rc5 ano 0v^iietQOv iavtij, 

Tatiiii^d^G) yag fi BF 8i%a xata to E CriinBtov^ xal 
5 xBla^^a tfj ^E tari f} EZ. XoLTtij aga ri AT terj iatl 
tri BZ. xal iTtal Bvd^Bta fj BF titfiritai Big filv t6a 
xata To Ej Blg 8\ avi6a xata to ^d^ tb aga vno B^y 
^T nBQiB%6yiBvov ogd^oyoiviov ^eta tov ano trig E^ 
tBtQaydvov t6ov ictl rc5 ano trjg ET tBtgaycivc)' 

10 xal ta tBtQankaOia* ro aga tBtQaxig vno tmv B^^ ^T 
fiBta tov tBtQankacCov rov ano trjg ^dE t6ov i6tl t^ 
tBtQaxcg dno tijg ET tBtQaycivp, akka rco fiiv tBtQa- 
nXa6i(p tov vno tmv B^^ ^T t6ov idtl ro ano trjg 
A tBtQaycovov^ rc5 Sh tBtQanXa^ia rov dnb tfig ^E 

15 t0ov i6tl tb dnb trjg ^Z tBtQaycovoV SinXa^icov yaQ 
iiStiv r\ AZ tr\g ^E. tS Sh tatQankaOiaf rov dnb 
trjg ET t6ov i6tl to dnb trjg BT tBtQciycovov' Sinka- 
aicov yaQ iati ndliv fj BT trjg TE. td aga dnb tcov 
Aj ^Z tBtQaycova loa i6tl rc5 dnb trjg BT tBtQaycivp' 

20 S(StB tb dnb tijg BT tov dno trjg A iiBt^dv iotL rc5 
dnb trjg ^Z' f^ BT aga trjg A ^Bt^ov Svvatai tfj AZ. 
Satxtiov, oti xal aviiiiBtQog iativ fi BT tfj AZ. in^l 
yccQ aviifiBtQog iativ f^ BA ty ^T fiiixBv^ av^fiBtQog 
aQa iatl xal fj BT tfj T^d iii^xbl, dkkd fj TA tatg 

25 T^j BZ iati aviifiBtQog ^i^sr tari yaQ iatvv fj T^ 
tfi BZ, xal fi BT aQa tfv^^BtQog iati tatg BZ^ T^ 
(ifjxBL' Sats xal koinfj ty ZA aviiiistQog iativ fj BT 



1. z/r] r in ras. F. 3. Post savr^ add. iii^HeL Vb, P 
m. 2. 5. Jr] corr. ex BF m. rec. b. iativ P. 7. vno 
z&v BFV. 9. Ifizlv P. 10. ra] m. 2 V. to] xa B. Bz^] 
in ras. m. 1 P. 11. Tcrpaxtff Theon (BFVb). tov] om. 
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quadrata deficiens, et sit BJxJF 
[u. lemma], et B^, ^F longitudine 
I commensurabiles sint. dico, BF^ 
excedere j^ quadrato rectae sibi 
commensurabilis. 

nam Briii puncto E in duas partes aequales se- 
cetur, et ponatur EZ = ^E. itaque jdr=BZ. et 
quoniam recta ^ JT in £ in partes aequales secta est^ 
in ^ autem in inaequales, erit [11,5] 

BJx^r+E^^=Er\ 

et quadrupla eodem modo; quare 

4tBJX^r+A^E^ = 4:Eiy. 
uerum A^ = 4:B^ X JT, /IZ^ = 4 /lE^ (nam 
^Z = 2 /1E\ Br^ = 4 Er^ (nam rursus B r= 2 FE). 
itaque 

A^ + ^z^=Br^ 

quare BF^ excedit ji^ quadrato ^ZK demonstrandum, 
BFf /IZ commensurabiles esse. nam quoniam B/l^ 
^T longitudine commensurabiles sunt, ^F et T/1 
longitudine commensurabiles sunt [prop. XV]. uerum 
T^ rectis TA^ BZ longitudine commensurabilis est; 
nam TA = BZ, quare etiam ^JTrectis BZy T^ longi- 
tudine commensurabilis est [prop. XII]. quare^JTetiam 



Theon (BFTb). E/i FVb. foa BF. 12. PE F. x^x^a- 
nXaaio) tov] tsrQocHts Theon (BF Vb). 13. Tcoy] om. b. 14. ds] 
postea ins. F. tBtifci%igy om. tov, Theon (BFVb). 15. rs- 
tQayayifvov P, corr. m. 1. 16. Zz/ P. TCTpaxt^, om. tov, 
Theon (BFVb). 18. FE] EF V. 19. ^, z/Z] e corr. V. 
tstqaymvm'] Q' snpra Bcr. m. 1 V. 20. Post &atB ras. 2 
litt. V. 21. tff\ corr. ex tov F. Zd P. 22. Zz^ P. 23. 
JoTi P, corr. m'. 2. 24. aW F. 26. ZB F. 26. tatg BZ, 
Vd icti avfifistQog Theon (BFVb). iativ P. 27. firijxet] 
7j in ras. m. 1 P. BF] in ras. V. 
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Htixst' Tj BF ccQa tijg A ^et^ov Svvarai rc5 ano 6vii' 
(idtQov iavtfj. 

^Akka Sij fj Br tijg A fist^ov dwdad^ix) rc5 dno 

6v^listQ0v iavtfjj t^ 8h tstdQtcD tov aTcb f^g A tcov 

5 %aQa tijv BF 7taQa^s^Xri6%^(Q ikkstnov stSsi tstQaydv^j 

xal i6tci tb vTtb t(3v BA^ AF. dsixtsovj oti 6u^- 

fistQog ictvv 71 B^ tfj Ar [ii^xst. 

TfSv yccQ avt&v xata6xsva6%svt(ov q[ioi(og dsi^oiisv^ 
oti rj Br tijg A fist^ov Svvatai rc5 djcb tijg Z^d. 
10 Svvatai 8s i] BF tijg A ^st^ov tp dnb 6viiiistQov 
iavtij. 6v(i(istQog aQa i6tlv 7} BF tij ZA fii^xsc' 
&0ts xal loLTtfi avva^fpotsQG» tfj BZ^ AT ^v^fistQog 
i6tLv ij BF ^i^xsL, dkXd 6waii(p6tsQog i] BZ^ ^T 
6v(iiistQ6g i6tL tij AF [fM^xct]. S6ts xal i] BF tij F^ 
15 6vii(istQ6g i6ti (ii^xsL' xal SuX6vtL aQa ^ B^ tij ztF 
i6ti 6v^(istQog ^i^xst. 

^Eav aQa (D6t Svo svd^stat avt6ot, xal td s^ijg. 

tr(, 

^Edv (o6t Svo svd^stat dvt6ot^ tS Sh tstdQtcD 

20 (liQSt rov dnb tijg ikd66ovog l'6ov TtaQa triv 

lisi^ova TtaQa^krid^y ikXsticov sHSst tstgaycivG)^ 

xaislgdaviiiistQaavtriv StatQrj [^Tjxst^jij fisi^G)v 

tijg iXd66ovog ^st^ov Svv7J6stat t& dnb d^vfi- 



2. Post savT^ add. fijJHSi V. 4. tov] in ras. V. 8. 
6/io/(os dij V. dsi^ofi.sv'] dsL' corr. ex drj- F, 9. Post Zd 
del. m. 2: ovtco yocQ vn6%Bixai V. 10. [istSov tfjg A P. 11. 
lavTi)? P. 12. Ktt/] m. 2 F. ovvayi^ozkq<ti\ -o) e corr. V. 
T^] corr. exTflS P. 14. t^ z/P avfifi^Btqog iati, Theon (BF Vb; 
ty Jr postea ins. F). fii^xet] om. P. Dein add. Theon: tarj 
ytxQ iaxiv 2 BZ t^ z/P (BFVb; TJi corr. in xrig m. 2 F, xf^g b; 
Fd F). maxB] om. Theon (BF Vb). BF aQa Theon (BF Vb). 
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reliquaeZ^longitudine commensurabilis est. ergo-Br^ 
excedit A^ quadrato rectae sibi commensurabilis. 

lam uero Bjy excedat A^ quadrato rectae sibi com- 
mensurabilis, et quartae parti quadrati A^ aequale 
rectae ^Fadplicetur spatium figura quadrata deficiens^ 
et sit BdXjdr [u. lemma]. demonstrandum, Bjd^ 
^r longitudine commensurabiles esse. 

nam iisdem comparatis similiter demonstrabimus, 
esse BT^^A^-^- ZJ^. BF^ autem quadrato rectae sibi 
commensurabilis excedit quadratum A^. itaque Br,Zjd 
longitudine commensurabiles sunt. quare BF etiam re- 
liquae BZ + ^Flongitudine commensurabilis est [prop. 
XV]. uerum BZ-^- ^Frectae ^F commensurabilis est 
[prop. VI]. quare etiam B F, F^ longitudine commen- 
surabiles sunt [prop. XII]. itaque etiam dirimendo 
Bjd^ ztr longitadine commensurabiles sunt. 

Ergo si duae rectae inaequales datae sunt^ et quae 
sequantur. 

XVIII. 

Si duae rectae inaequales datae sunt^ et quartae 
parti quadrati minoris aequale spatium maiori adpli- 
catur figura quadrata deficienS; [quod eam in partes 
incommensurabiles diuidat^ maior quadrata minorem 
excedet quadrato rectae sibi incommensurabilis. et si 
maior quadrata minorem excedit quadrato rectae sibi 



<Fvi»i»«T90s iiszi xy rj Theon (BFVb; JF V). 15. (iriHsr 
na^] om. Theon (BFVb). 17. nai ta Hrjg] ta Sl rsrdifTtp 
lisQH rov dno rijg ildaaovog taov naqd rriv fis^iova itaqa§XrfiiJ 
iXXstnov sCdsi rsrQaymvq), xal rd iiijg' onsQ ^Sst ds£^at V. 18. 
% B, trf mg. 19. rnatv B. 20. iXdrrovog F. 22. (n^^et] 
om. P, ftT^^ri F. 23. iXdrrovog F. ro F. cv^i^jLirqQv F. 
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fistQov savty, xal iav tj iieitov tijs ikd^tfovog 
^et^ov Svvritai tm aTto d6v^(idtQOV iavtfj^ t^ Sl 
tstdQtcD tov dnb trjg ikd66ovog tcov TCaQcc triv 
^sCiova naQafikri%"fi ikkstnov stSsi tstQayoivc), 
5 slg d0v(i(istQa avtfjv SiaiQsl [fiif^et]* 

"Eotooav Svo svd^stat aviCoi al A^ BP, mv (isi^cov 
ri BFy tm Sh tstdQtm [iiiQSt] tov dno t^g ikdiSCovog 
trig A l'6ov naQa tr^v BF nccQafis^ki^ffd^a} ikkstnov 
stSsi tstQaydvo)^ xal i^ta tb vno tmv BAT^ dav[i- 

10 iistQog Sh i6tG} rj B^ trj ^r fn^xsc kiyo^ oti rj BF 
trjg A ^st^ov Svvatai rcS dno dtfv^fiitQOv savty, 

TfSv yaQ avtmv Kata6KSva6^svt(ov t^ nQotsQov 
ofioicog SsCI^OfisVy oti fj BF trjg A ^st^ov Svvazai rp 
dnb tr^g ZA, Ssixtiov [ovv]^ otv d^viiiistQog i6tvv 

16 rj BF ty AZ ^i^xsi, insl yaQ d6v(i(istQ6g i6ttv ^ 
Bjd ty jdF (ii^xsij d^vfLiistQog aQa iatl xal fj BF 
tfj Fzi fMfxft. dkkd ri AF ^vfAfistQog i6ti 6vva(i'' 
(potiQaig tatg BZ^ AF' xal fj BF aQa d^vfi^stQog 
i6ti 6vva(iq)otiQatg tatg BZ^ AF, &6ts xal kotny tfj 

20 ZA daviifistQdg i6tvv fi BF (itixst, xal fj BF t^g A 
[ist^ov Svvazat rc5 dno f^g Z/1' f\ BT aQa trjg A 
^st^ov Svvatai t^ dno d6v(iiiitQ0v iavtfj, 

Avvdad^co Sij ndkiv rj BF t^g A fist^ov rc5 dnb 
dtfvfiiiitQOv savty^ tp Sh tstaQta} tov dno trjg A tfSov 

25 naQa triv B F naQa^s^kri6^cD ikkstnov stSsi tstQaydvtpy 



1. %aC — 2. ^avxffl om. b. 1. fisiiov V, sed corr. ildt- 
ro90s F. 2. avfifiixQov F, et B, corr. m. 2. 3. iluTtovos F. 

5. diaiQm P. fAi}x8i] om. P, fi^i^yirj F. 7. iatlv ^ F. (liQBi] 
mg. m. 1 JP. rovl t^ F. ildttovog F. 8. tijs] t^ F. 9. 
BFJ b; BJ, JrY {jr in rae.), F, P m. rec. 11. avfi- 
fiitQOv B, corr. m. rec. 12. too] m. rec. B; to P, corr. m. 2. 

nQOtSQai F. 14. ^Z V. ovv] om. P. ort %a£ P. 15. 
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iacomiueiisurabilis^ et spatium quartae parti quadrati 
minoris aequale maiori adplicatur figura quadrata de- 
ficienS; eam in partes incommensurabiles diuidit. 

Sint duae rectae inaequales A, BFy qua- 
rum maior sit BFj quartae autem parti qua- 
drati minoris A aequale spatium rectae BF 
adplicetur figura quadrata deficiens, et sit 
BJXAT [u. lemma p. 46], et BA, JT lon- 
T^ gitudine incommensurabiles sint. dico, BF^ 

1- excedere A^ quadrato rectae sibi incommen- 

surabilis. 
iisdem enim, quae in priore propositione, compa- 
ratis similiter demonstrabimus, esse Br^ = A^ -{- ZA^. 
demonstrandum, BFy AZ longitudine incommensura- 
biles esse. nam quoniam B^, ^F longitudine incom- 
mensurabiles sunt, etiam J5F, F^ longitudine incom- 
mensurabiles sunt [prop. XVI]. uerum AF rectae 
jBZ-}-^Fcommensurabilis est [prop. VI]. quare etiam 
BF rectae BZ + ^I^ incommensurabilis est [prop. 
XIII]. itaque BF etiam reliquae ZA longitudine in- 
commensurabilis est [prop. XVI]; et BI^^A^^ZA^. 
ergo Br^ excedit A^ quadrato rectae sibi incommen- 
surabilis. 

lam rursus BF^ excedat A^ quadrato rectae sibi 
incommensurabilis, et spatium aequale V^^^ rectae BF 
adplicetur figura quadrata deficiens, et sit BAxAF, 

Z^ B. 16. firiiiBi] om. Vb, m. 2 B. uQa] om. V. ictiv P, 
comp. F. %ai] m. 2 F. 17. FJ] in ras. F. dXX' F. ri] 
supra 8cr. m. 1 V. aovfiiiSTifag F. 18. %a£ — 19. JF] m. 
2 B. 20. ZJ] "J'Z F. BF] (prius) FB V. 21. BFJ 
JB in ras. m. 1 B. 22. avfAfiitifOv B, corr. m. 2; item lin. 24. 
24. tov] tm F. 
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xal iiSxfo xb vno xAv B^d^ ^F. Ssixxiov^ oxi a6v(i- 
lisxQog i6xLv 7} B^ xij ^r (11^X6^ 

Tmv yccQ avxAv xaxa^xevMd^ivxcov oiioicag dai^o^evy 
oxc ri Br x^s A iiet^ov Svvaxav rc5 ano xrig Z/1. aXka 

5 fi BJT* x^g A iiet^ov Svvaxai rc5 axo d^v^iiixgov 
iavxfj. dovniisxQog aga ioxlv fi Brxij ZA [h^xsl' £axs 
xal kovnxi 6tn/aii(poxiQp xfj BZ, AF dffviifisxQog i6xiv 
ii Br. dlkd 6vva^<p6xsQog ij BZ, AF xfj AF 6vfi' 
^sxQog i6xc [ii^xst' xal rj BF aQa xij AF d6vfi[isxQQg 

10 iffXL fiT^xsL' &6XS xal dvslovXL i] BA xrj AT davfLfis- 

XQOg i6XL [ll^XSL, 

^Edv aQa ^6i Svo svd^stav^ xal xd il^ijg, 

Afj(i(ia, 

^EtcsI didsLxxaLj oxl at ^rjxsL av^fisxQOL Tcdvxcog xal 
15 Svvdfisi [slal 6vfiiisxQ0L]^ al S\ SvvdfiSL ov Ttdvxcog 
xal ^i^xsLj dkXd Sri Svvavxav (ii^xsl xal avfiiisxQov 
slvaL xal davfiiistQOLy (pavsQOv^ oxLj idv xij ixxsL» 
(livrj ^rjxy aviifisxQog XLg rj liTJxsL^ liysxaL ^rjxrj xal 
avfi^sxQog ainfi ov [lovov [ii^xsLj dkld xal Swd^SL^ 
20 ijcsl al fii^xsL 6v^iisxQ0L Ttdvxcog xal SvvdfiSL, idv Si 
xfi ixxsL(iifn] ^iyrg av^fisxQog XLg rj Svvd^SLy si filv 
xal lii^xsLy kiysxaL xal ovxcog ^rjxri xal 6v^[isxQog avxrj 



1. dV] m. 2 B. 2. r/ JB iativ F. 4. JZ V. dXX' 
FV. ^ 5. avfiaitQov F, corr. m. 2. 6. iavt^g P, corr. m. 1. 

ccavfifistQa P, corr. m. 1. z^Z V. 8. t^ ^T] m. 2 P. 

aaviifistqog F, sed corr. 9. iativ P. ica/] om. P. xa^ — 10. 
fiTjxsi] mg. F. 10. Ante mats del. rj BT aQa tij JF m. 1 P. 

12. ataiv B. Post svd^siaL add. aviaoiy tm Sl tstdQto) fiiQSL 
tov dno trjg iXdaaovog laov naQa triv fisCiova naQafiXrfi^ V. 

13. A^ft/Ltal om. PBb. 14. insl di V. 15. stal avfifi^stQoi,'] 
om. P. ov] avfifistQot ov P. 16. dXXd — fiijitsi] mg. m. 1 P. 

dfi] SriXaSri BVb, Sri SriXadji, del. dr}, F. xal fiTjxfi BFVb. 
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demonstrandum, B^ et ^F longitudine incommensu- 
rabiles esse. 

iisdem enim comparatis similiter demonstrabimus, 
esse BF^ = j4^ ^ ZJ^, BI^ autem J^ excedit qua- 
drato rectae sibi incommensurabilis. itaque BFy Zjd 
longitudine incommensurabiles sunt. quare BF etiam 
reliquae BZ-^- dF incommensurabilis est [prop. XVI]. 
uerum BZ-^- jdF rectae z/F longitudine commensura- 
bilis est [prop. VI]. quare etiam BF rectae JF longi- 
tudine incommensurabilis est [prop. XIII]. itaque etiam 
dirimendo B^ et dF longitudine incommensurabiles 
sunt [prop. XVI]. 

Ergo si duae rectae, et quae sequuntur. 

Lemma. 

Quoniam demonstratum est [prop. IX coroll.], rectas 
longitudine commensurabiles semper etiam potentia 
commensurabiles esse, rectas autem potentia commen- 
surabiles non semper etiam longitudine, sed posse 
longitudine tum commensurabiles esse tum incommen- 
surabiles, adparet, si recta aliqua rationali propositae 
longitudine commensurabilis sit, eam rationalem eique 
commensurabilem uocari non modo longitudine, sed 
etiam potentia, quoniam rectae longitudine commen- 
surabiles semper etiam potentia commensurabiles sunt; 
sin recta rationali propositae potentia commensura- 
bilis sit, si etiam longitudine sit commensurabilis, 
eam sic quoque rationalem eique longitudine et potentia 
commensurabilem uocari; sin rursus recta rationali 

19. avxri F. 20. insl af] ut ydq Theon (BPVb). 22. 
%ai^ (alt) m. 2 B. avtri F. 
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fii]XBt xal Svvdfjk€i' sl 8\ ty ixxsLiiBvr] TCockvv Qfitij 
^vfiiistQog tvg ovoa Stn/dfisv ^i^xsi avtfj y doviifLStQogj 
ksysxai xal ovtcog ^i^t^ Svvd(iSL ^ovov 6v(i[istQog. 

L%'\ 

5 To vno Qtitmv ^rjxsL Ovfi^stQCOv xatd tLva 
tAv nQ0SLQri(isva)v tQoncnv sv%sl(5v tcsqlsxo- 
(isvov oQd^oycivLOv ^ritov i6tLv, 

^Tno yocQ ^i^rcSv lirjxsL 0v^(istQG}v sv^slAv t&v 
AB^ BF oQ^oydvLOv 7tSQLS%i0^(o to AF* kiycoy oti 
10 Qrjtov i6tL ro AF. 

^AvaysyQdq^d^d) yccQ dno trjg AB tstQayovov to Ad' 
^ritov aQa i(Stl tb A/1, xal insl Ov^iistQdg i6tLV ri 
AB tij BF inrixsLy larj Si i6tLv ^ AB rjj BA^ avfi- 
fistQog ccQa i6tlv rj BA r^ BF firjxsL. xai i6tLv (og 
ih r] BA TCQog tfjv BF^ ovtcog tb AA %Qbg tb AT, 6v^- 
(istQOv ocQa i6tl tb ^A t^\AT. ^r^tbv Sh tb ^ A' 
Qr^tbv aQa i6tl xal tb AT, 

Tb ccQa vnb ^rjtciv fii^xsL 6v^iiitQCi)v, xal td s^rjg. 



X. 



20 ^Edv ^r^tbv icaQa Qr^triv TcaQapXrjd^fj, ickdtog 
7C0LSL ^ritijv xal 6v(iiistQov rg, naQ^ ^v naQa- 
xsLtaLy (irjxsi. 



2. ovad Ttff FV. Svvdfisi] -st e corr., seq. spat. 2 litt. F. 
avT 5 ^] ^ avTi} B F b, ^ V. 3. ovrtos] comp. e corr. F. (lovov] 
comp. mg. V (euan.). Seq. alt. lemma, u. app. 4. t^'] sic F, 
sed infra %; mg. tfi^fta j3' Fb. 5. iiifx£t — 6. ngo-Yia ras. 
m. 2 B. 5. sv&simv natu Theon(BF Vb). 6. Tpowov? v. sv- 
d^simv] om.Theon (BFVb). 8. svd^svmv tmv] in ras. V. 12. 
x6 Ad ccga §nx6v iariv F. 18.^5] (alt.)B^B. BJ] JB hi 
ras. P, BA in ras. B. ^ avfinstgos — 14. BF] om. B; mff. 
m. 2: Pati lin. 13 — ftTfxct lin. 14, ut nos. 15. ovtco V. ro] 
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propositae commensurabilis potentia, eadem longitu- 
dine ei incommensurabilis sit^ sic quoque eam ratio- 
nalem uocari potentia tantum commensurabilem. 

XIX. 

Rectangulum comprehensum rectis rationalibus 
longitudineque commensurabilibus secundum aliquem 
modorum^ quos diximus [u. lemma]^ rationale est. 

Rectis enim rationalibus longitudine commensura- 
bilibus jiBj BF rectangulum comprehendatur ^JT. 
dico, AF rationale esse. 

j nam in ^^ construatur quadratum 

A^, itaque A^ rationale est [def. 4]. 
et quoniam AB^ BF longitudine com- 
J^ mensurabiles sunt, et AB^BA, BA 
et Briongitudine commensurabiles sunt. QiBAiBF^ 
jdA : AF [VI, 1]. itaque AA, AF commensurabilia 
simt [prop. XI]. ueram dA rationale est. itaque etiam 
AF rationale est [def. 4]. 

Ergo rectangulum comprehensum rectis rationalibus 
longitudineque commensurabilibuS; et quae sequuntur. 

XX. 

Si spatium rationale rectae rationali 'adplicatur, 
latitudinem rationalem facit et ei longitudinej commen- 
surabilem, cui adplicatum est. 

Salt.) corr. ex xy]v m. rec. P. AFI ^ corr. P. 16. icziv P, 
forl %a£ V. xo] taS b. Ad F. 17. iatCv P,^ om. FV. 18. 
^ifKfi <sviiitiTQ<ov' om. BVb. Ante xa/ add. svd^sioav F. xal 
ta iiijg] om. PV. 19. x] seq. ras. 1 litt. B, %a F. 21. 
noisC] -8* e corr. m. 1 F. rg] corr. ex ti m. rec. b. 
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^Pritbv yaQ xo AF naga grixriv xatd rtva ndltv 
Tciv nQOSVQriiidvov TQonmv triv AB %aQa^e^ki^6%^(o 
Tckdrog tcolovv triv BF' kiya^ ott Qr^tri ifStiv fi BF 
xal 6v(i^stQog tfj BA fii^xsL. 
5 ^AvayeyQafpd^G) yaQ aito trjgABtatQdycovovtoA^' 
Qrjtov aQa ictl th AA, ^r^tov S\ xal to AF' ^viir- 
(istQov aQa i6tl to AA t£ AF, xaC' iattv (og ro 
AA TtQog to AFy ovtog rj AB XQog tr^v BF, avyu- 
^etQog aQa i6t\ xal ^ AB ty BF' t6ri S\ ri jdB ry 
•10 BA' 6v(iiietQog aQa xal ri AB ty BF. Qr^tri Si i6tLV 
ri AB' Qritri aQa i6tl xal ri BF xal 6viifLetQog rfj 
AB iiipcei. 

^Edv aQa ^r^tov naQa ^ritr^v TcaQapXrjd^fj, xal td i^^g. 

r^xa. 

15 T6 vnb ^r^tciv Svvd^et ftovov 6v^(ietQov ev- 
d^ecfDV neQiexofievov oQd^oyciviov akoyov i^tiv^ 
xal ri Svvafiivri avto aloyog i6tiv^ xakeC^^ca 
S\ ^i6ri. 

7?n6 yaQ ^rjtciv Svvd^ei (lovov 6v(i(iitQCi)v evd^emv 

20 tc5v ABy BF oQd^oycivLOv neQiexied^cD to AF' liyo, 
ort aXoyov i6ti to AF, xal ri Svvafiivri, avt6 akoyog 
iatiVj xaXeCad^o S^ (ii6ri. 

^AvayeyQdtp^cj yaQ dn6 trig AB tetQdycovov ro A^' 
^rit6v aQa i6tl to AA. xal inel d^viifietQog i6tiv 



1. QTjtriV xriv AB Y. 2. slQrniivmv Theon (BFVb). xrjv 

AB] om. V. 3. noovv P. 4. AB F. 6. AB] corr. ex 
^r m. 2 P. 6. iariv P. AT] FA F. 7. iGzCv P. ./iA'] 
Ad y. 8. Ti}v] om. BFb. 9. iativ P. JB] (alt.) post 
ras. V, BJF. 10. BA]Ae corr. m. 1 P. aga — Tjf] in 
ras. m. 1 P. 12. BA BVb. 13. av F. naga e^^^rj»] 

om. F. naQa§Xrid'^] om. P. Seq. lemma, u. app. 14. 
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Rationale eaim spatium AF rectae AB rationali 
rursus secundum aliquem modorum, quos diximus 
[u. lemma p. 56], adplicetur latitudinem faciens B F. dico, 
BFrationalem esse et rectae BA longitudine commen- 
surabilem. 

construatur enim in AB quadratum A^. AA igi- 

tur rationale est [def. 4]. uerum etiam AT rationale 

est. itaque AA^AT commensurabilia sunt. 

et AA.AT=AB : BT [VI, 1]. itaque AB, 

BT commensurabiles sunt [prop. XI]. ue- 

rum ^B = BA, itaque etiam AB^ JSF com- 

mensurabiles sunt. sed AB rationalis est. 

itaque etiam BT rationalis est et rectae 

AB longitudine commensurabilis [def. 3]. 

Ergo si spatium rationale rectae rationali adpli- 

catur, et quae sequuntur. 

XXI. 

Hectangulum rectis rationalibus* potentia tantum 
commensurabilibus comprehensum irrationale est, et 
recta ei aequalis quadrata irrationalis est, uocetur 
autem media. 

Rectis enim rationalibus et potentia tantum eom- 
mensurabilibus AB, BT rectangulum AT comprehen- 
datur. dico, rectangulum ^Firrationale esse, et rectam ei 
aequalem quadratam irrationalem; uocetur autem media. 

nam in AB quadratum construatur AA. itaque 
AA rationale est [def. 4]. et quoniam AB^ BT longi- 

Kft 1 a in ras. m. 1 B, xjS' F et sic deinceps. 15. Post qrixmv 
adi dvo B. 16. ^(jTi PBV, comp. Fb. 17. ^gxl BV, comp. 
Fb, iaxai, P. 22. iaxi PBV, comp. Fb. 
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Yi AB xri BF (iT^xsL' dwdgist yccQ (lovov tmoxsivrai. 
6v(instQ0L' l'6ri dh 71 AB trj BA^ dev^^stQog &qcc 
ictl xal 71 AB ty Br (ii^xsl, xai i6tiv coff ij ^B 
nQog tTjv BFj oikag tb AA %Qog ro AT' d^vfiiiS' 
5 tQov aQa [i^tl] tb AA tS AF, Qi^tbv 8^ tb jdA* 
akoyov aQa i6tl tb AF' &6ts xal tj dwafisvri tb 
AF [tovti6tLV 71 t6ov avtm tstQayovov dwafiivrjl 
akoyog iatvvj xaXsLad^o) dh fiio^i' otcsq idsv SstJ^ai. 

Arjiiiia. 

10 'E^v a)6i dvo svd^statj i6tLV cSg rj TtQoitri nQbg trjv 
dsvtiQav^ ovtGig ro djtb tTjg nQcit7jg TCQog tb VTcb t65v 
8vo svd^SLmv. 

i6tG}6av Svo svd^staL at ZE^ EH. kiym^ otL iatlv 
mg ri ZE TCQbg trjv EH^ ovtog tb dnb trjg ZE JCQog 

15 tb vnb t£v ZE, EH. 

dvaysyQag^d^o yaQ dnb trjg ZE tstQayovov tb AZ^ 
xal 6v(insnXrjQoi6^a) tb HA. insl ovv i6tLV og rj ZE 
nQbg trjv EH^ ovtmg tb ZA n^bg tb AH, xaC i6tc 
tb (ilv ZA tb dnb trjg ZE, ro Sh AH tb vnb tmv 

20 ^E^ EH^ tovti6tL tb vnb tov ZE, EH, i6tLv aQa 
mg rj ZE n^bg trjv EH^ ovtog tb dnb trjg ZE nQog 
tb vnb tcov ZE^ EH. b(ioia)g S^ xal dg tb vnb t&v 



1. BF] FB V. yag] comp. F, snpra scr. 6i. 3. iat^vB. 

JB] (alt.) BJF. 4. ^r] corr. exAB m. rec. P. 6. hztv 
B, om P. AJFY. AJF. 6. iattvF. 7. i)] snpra scr. 
m. 2 V. 8. iati PV, comp. Pb. Ante oTtsg add. P: 
dioc t6 (mg. m. 1) tiiv taov avayqdfpovaav xBxqdytovov t& AT 
Xto^Coi^ Tiv %aXBi (liariv, fiiariv dvaXoyov stvai tmv AB^ BP; 
eodem loco Theon: dttt to to dn avtiiq tstgdyoavov taov slvai 
tm vno t&v AB, BF xal fi^iariv dvdXoyov avtriv yiyvBaO^ai {yi- 
vsa^aLBY) tmv AB, BF (BPVb). 9. Xrjfiiia y V (cfr. app.). 

10. iaiv B. coff] ^\ cog P. 11. n^6%\ snpra scr. m. 1 F. 
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tudineincommensurabiles sunt (supposuimus 
enim, eas potentia tantum commensurabiles 
esse), et AB=B^, etiam JB^ -BFlongi- 
tudine incommensurabiles sunt. et jdB : BF 
= A/1\AT [VI, 1]. itaque /lA, AT in- 
commensurabilia sunt [prop. XI]. uerum AA 
rationale est; quare AT irrationale est 
[def. 4]. itaque etiam recta spatio AT aequalis qua- 
drata^) irrationalis est [def. 4]; uocetur autem media; 
quod erat demonstrandum. 





Lemma. 

Datis duabus rectis est ut prima ad secundam, 
ita quadratum primae ad rectangulum duarum illarum 
rectarum. 

Datae sint duae rectae ZE^ EH, dico, esse 
ZE:EH=ZE^:ZEXEH. 
Z E H describatur enim in Z^ quadratum 

AZ, et expleatur H^. iam quo- 
niam est ZE : EH = Z^ : AH 
[VI, 1], et ZJ = ZE^ AH = AE 
XEH = ZEXEH^ erit 

ZE: EH= ZE^ : ZEx EH. 

1) Uerba tovtiativ — Svvafi^ivrj lin. 7, qnae nihil ex- 
plicant, subditieia habeo (pro Svvaiiivi^ Augustns coni. dvayQcc- 
q)Ovaa). quae adiiciuntur lin. 8 (u. not. crit.) in P apertissime 
scholiastae sunt {'naXsi); quare etiam additamentum simile codd. 
Theoninorum ipsi Theoni, non Euclidi tribuendum est. 

vno] corr. ex dno Fb. 14. nQog— ZE] mg. m. 2 B. EH] 
HE F. 17. to] corr. ex tfjg F. 18. rrjv] om. b. iativ P. 
19. To vno — 20. tovtiati] supra scr. F. 20. tovtiativ P. 
22. %a\ fioff] ins. m. 2 F. 
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HE^ EZ TtQog ro ccjtb tijg EZ, xovti6XLV wg x6 H^ 
TtQog xo Z^, ovtfog fj HE TtQog xrjv EZ' 07t€Q edet 

5 Tb ccTto fiBOrjg TtaQcc ^rjxriv TtaQa^aXXo^LBVov 
TtXaxog TtoLBi ^rjxrjv xal a6v^^sxQ0v xrj^ itaQ^ 
rjv TtaQaxsLxaCy ^i^xsc. 

"E6X0D ^B6rj ^lv fj A^ ^rjtrj 8s rj FBj xal xS aTtb 
xfjg A l6ov TtaQcc xrjv BF TtaQaPspirjCd^co xcdqlov OQd^o- 

10 yoivLOv xb B^ itkdxog TtOLOvv xfjv F^' IsycDy oxl ^rjtrj 
sctiv fj r^ xal daviiiistQog tfj FB ^fjxsL, 

^Ensl yccQ ^B6rj iatlv fj A^ dvvataL xcdqlov TtSQL- 
sxo^svov V7tb Qrjt(Dv 8vvd[iBL fiovov av^^dtQcav, 
dvvdad^G) tb HZ. SvvataL d\ xal tb B^' t6ov aga 

15 iotl tb Bjd t£ HZ, latL dh avtfp xal laoydvlov 
tcov 81 1'6g)v ts xal i^oyovLCDV JtaQakkrjloyQd^ficov 
dvtL7tB7t6vd^a6LV at TtksvQal at TtSQL tdg taag ycovlag' 
dvdkoyov ccQa i6tlv (hg fj BF nQog trjv EHj ovtag 
fj EZ TtQbg tfjv r^. §6tLV aQa xal (hg tb ditb rfjg 

20 J5Jr itQbg tb dnb tfjg EH^ ovtoog ro ditb trjg EZ TtQbg 
tb djtb tfjg Fd, 6v^[iBtQov 8i i6tL tb ditb tfjg FB 
tci ditb tfjg EH' ^rjtfj ydQ iatLv sxatiQa avtiSv' avfi- 
fistQOV ccQa iatl xal tb ditb t^g EZ t£ djtb tijg Fd,, 
Qrjtbv 8i iatL tb djtb trjg EZ' ^rjtbv ScQa iatl xal 

25 ro djtb trjg F^' ^rjtfj aQa i6tlv fj Fd. xal iTCsl 
dav^listQog i6tLV fj EZ tfj EH lafjXBL' Svvd^SL yccQ 
^ovov sial 6v^iistQ0L* (og 81 fj EZ TtQbg tfjv EH^ 

2. Zd] corr. ex ^Z V, ^Z BFb. HE] in ras. V. otcsq 
^dei Ssi^ai!] comp. P, om. Theon (BFVb). 6. avfifiexffov P, 
corr. m. 2. xjj] corr. ex rt m. rec. b. 8. xat — 9. x(oq£ov] 
in ras. F. 9. OQd^oymviov] m. rec. V. 13. fiovov] in ras. F. 
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aimWiiei BtiimHExEZ:EZ^=HJ:ZJ=HEiBZ; 
qnod erat demonstrandum. 

XXII. 
Quadratum mediae ratiotiali adplicatum latitudinem 
facit tationalem et ei, cui adplicatum est, longitudine 
inco mmenBurabi 1 em. 

8it media j4, rationalis autem FB, et quadrato A^ 
aeqnale rectae Bl^adplicetur spatium reetangulum B^ 
latitudinem faciens F^. dico, F^ rationalem esse et 
rectae FB longitudine incommensurabilem. 

nam quoniam media est j4, quadrata aequalis est 
spatio rectis potentta tantum commensurabilibus com- 
prehenso [prop. XXI]. sit quadrata aequalis HZ. 
uerum quadrata etiam spatio Bz/ aequalis est. itaque 
B^=HZ. uerum idem ei aequiangulum est. parallelo- 
grammorum autem aequalium et aequiangulorum latera 
aequales angulos comprehendentia in contraria propor- 
tione sunt [VI, 14]. itaque BV^EH 
= EZ:rd. quare etiamBr*:fiJi^ 
= EZ^ : rj^ [VI, 20]. uerum TB^ 
t EH^ commenaurabilia sunt; nam 
utraque rationalis est. quare etiam 
EZ? et r^* commensurabilia sunt 
[prop. XI]. uerum EZ^ rationale est; quare etiam rj* 
rationale est [def. 4]. itaque F^ rationalis est. et 
qnoniam EZ^ EH longitudine incommensurabilea sunt 
(nam potentia tantum commensuiabiles sunt), et est 

14. Svraiai} Svvaa»at h. iiB P. 16. htiv P. JE P. 
ffffiv PB. avTo FV. 16. m] eorr. es Si m, 1 P, om. 
FV. 21. TB] e corr. V, BT F. 23. hrh P. 2i. i«ij' P. 
iazlv P. 36. imiv} postea ins. F. 26. HE F. 

Eufllldes, edd. Hsibeig et Uei^. HL ^ 
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ovtmg ro anb xrjg EZ TCQog ro vno tciv ZEy EHj 
d6v[iii€tQov aQa [i6tl] ro «jro trlg EZ t£ vno tmv 
ZEj EH. dXXa t£ [ihv ccTcb t^g EZ evfifiszQOv i6ti, 
ro ano trjg-r^' ^rjtal yaq eloi SvvdfiSL' tp dh imb 
6 t&v ZE^ EH ^vfifistQov i6tv ro vnb tf5v dFy FB' 
t6a yaQ i6tv t^ dnb tfjg A' d^vfifistQOV aQa i6tl xal 
ro dnb tfjg Fd tp vnb ti3v dF^ FB. cSg dl tb dnb 
trjg r^ nQbg tb vno rcov ^F^ FB, ovtcog i6tlv ij 
^r nQbg trjv FB' d6vfi^stQog aQa i6tlv fi dF ry 
10 FB fiijxsL, ^ritr] aQa i6tlv fj Fd xal dev^^stQog tfi 
FB ^i^xsi' onsQ Idsi, Sst^ai,. 

xy\ 

^H ty ^i6i] 6vii(istQog fii6ri i6tCv, 
"E6tai iii6ri fi A^ xal trj A 6v(i(istQog i6tiD f] B' 
16 Xiyio^ otL xal fi B [ii6rj i6tlv, 

'Exxsi^d^m yccQ ^rjtrj 17 F^, xal tp iihv dnb t^g 
A t6ov naQa trjv FA naQafispifj^d^co xodqCov oQd^o- 
ydvvov tb FE nXdtog noiovv trjv EA' ^rjfcri aQa 
i6tlv fi E^ xal d6viifistQog ty F^ [it^xsi. rc5 Sh 
20 dnb t^g B t6ov naQa tfiv Fd naQaPsfili^^d^ca %coqCov 
oQd^oyciviov ro FZ nXdtog novovv tfjv ^Z. insl 
ovv ^vii^stQog i6tiv fj A tfi Bj ^viifistQOV i6tL Tcal 
ro dnb f^g A rcS dnb tfjg B. dXXd tp (ihv dnb 
trig A t6ov i6tl ro EFy rc5 Sl dnb trjg B t6ov i6tl 
26 ro rz* 6v[iiistQ0v aQa i6tl tb EF tp FZ, xaC 



2. l<TTftv &Qa FV. hzC] om. P. 3. t^I corr. ex to V. 
iaxi\ om. Y. 4. daiv P. dvrafict] eras. Y, dein add. mq 
aQa didsiTitai. 6. cvfifiitQoav P, corr. m. 1. icti] om. 
BFb. 6, sCai BYh. aviifistgov F, eed corr. iatCv P. 7. 
FB nsQiexoiiivm V. 8. FJ] z/FF. 9. TB] FAh. iatCv] 
om. b. 11. oits(f idet dBi^ai] om. BFb, comp. P. 12. %y] 
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EZ:EH^EZ^iZExEH[uAemmB,lEZ^etZExEH 
incommensurabilia erunt [prop. XI]. uerum EZ^ et F^ 
commensurabilia sunt (nam potentia rationales sunt); 
^t ZExEH, ^rxFB commensurabilia sunt (nam 
quadrato u^ aequalia sunt). itaque etiam F^ et 
jdFx FB incommensurabilia sunt [prop. XIII]. uerum 
rJ^ijdrxrB^driFB [u. lemma]. itaque ^r, 
FB longitudine incommensurabiles sunt [prop. XI]. 
ergo rj rationalis est et rectae FB longitudine in- 
commensurabilis; quod erat demonstrandum. 

xxm. 

Becta mediae commensurabilis media est. 
Sit media A^ et rectae A commensurabilis sit B, 
dico, etiam B mediam esse. 

ponatur enim rationalis JTz^, et quadrato A^ ae- 
quale rectae FA adplicetur spatium rectangulum FE 

latitudinem faciens EA. itaque Ed 
rationalis est et rectae Fd longitudine 
incommensurabilis [prop. XXII]. qua- 
drato autem B^ aequale rectae F^ 
adplicetur spatium rectangulum JTZ 
latitudinem faciens AZ. iam quoniam 
A ei B commensurabiles sunt^ etiam 
AP et B* commensurabilia sunt. uerum A^ = EFj B^ = 
rz. itaque EFy FZ commensurabilia sunt. et EFirZ 
= EjdijdZ [VI, 1]. itaque Ed^ jdZ longitudine commen- 




om. P. 14. M<t%(o\ (alt.) om. BFb. 16. tw] ro F. 20. dV 
BVb. 21. rz] corr. ex EZ F. Z^ P. InC P, corr. m. 
rec. 22. Icrri] postea ins. F, hxiv P. 28. A] corr. ex ABY, 
A ictt F. 24. iatQ (alt.) om. Vb. 26. FZ] (prius) Z in 
ras. m. 1 P. 



^k* 
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i6tiv d>g to EF tcqos ro JTZ, ovtmg ii E^ XQog r^v 
JZ' 6v[ifietQog aQa i6tlv fi E^d ty ^Z fti/a^i. ^ri^ 
8i i6tiv ri EJ xal d6vfifietQog ty JF fiifxer' ^ritii 
aQa i6tl xal rj ^Z xal a6viiii€tQog ty ^F (iTJxer at 
5 T^j jdZ fXQa ^ifitai el6i 8vvayLU yLOvov 6v[i(ietQ0i, 
rj 81 to vnb ^r^t&v dwdfiei, fiovov 6vfnietQaiv dwa- 
fiivri (ie6ri i6tiv. ^ aQa ro {mo tmv Fd^ dZ Swa- 
fiivTi (ii6i] i6tCv' xal Svvatai to vnb tmv Fd^ dZ 
fi B' iibi^ri aQa i6tlv ij B, 

jQ UoQi^iia. 

^Ex 8ri tovtov (paveQov, oti tb t& y>i6a) %(OQ£ip 
6vfifietQ0v fii6ov i6tlv [8vvavtav yaQ avtd evd^etat^ 
at el6i 8vvdy>ei 6vfiiietQ0L, Sv ^ etiQa y>i6ri' &6te xal 
71 Xomri iii6ri i6tCv\ 

15 ^Sl6avtGig 8\ tolg inl t&v Qr^t&v elQriyiivovg xal 
inl t&v fii6(ov i^axoXovd^etj tfjv ty iii6rj iii^xet 6vyL' 
fietQov kiye^d^ai y>i6rjv xal ^vfiy^etQov avtfj firi fiovov 
y^ijxet^ dkXd xal 8vvdy>eij inei^ijneQ xad^oXov at fifJTceL 
6v(iiierQ0L ndvtcog xal 8wdfieL. idv 81 tfj [ii6r] 6v(i' 

20 ^ietQog ttg jj 8wdfiev^ el fiiv xal iii^xeiy kiyovtai xal 
ovtmg fii6aL xal 6vy>(ietQot y^^xei xal ^wdfiei, eL 8% 
8vvdy>ei fiovovy kiyovtav iii6ai 8vvdfiei fiovov 6vyL' 

lietQOL. 

4. iatCv PB. 6. staiv PB. 6. p Sh roj to dh BFVb. 

Post avfi[iitQa}v add. evd^simv nsQtsxoiievov oQ&oytoviov aXo- 

yov iati naC b, P mg. m. 1, V m. 2 ; deinde seq. attto^ aXoyov 

iatif xaXsCad^a) Ss b, F mg. m. 1; 17 dvvaiisvrj avto aXoyog iativ^ 

naXBitai S\ fiiarj V m. 2. fj Svvaiiivrj BFb, et V (del. 

punctis). 7. iiiarf] supra scr. F. iiiari iatCv] punctis del. V. 

fi] m. 2 B. Svvaft.ivrf] SvvdftBi fj b. 8. iatC Vb, comp. F, 

9.^ B] (priufl) JfJB Bb.^ 12. iatC BV, comp. F. avtd] 

-td in ras. V, avtm F, avto at B, at add. m. 2 V. 13. slaiv 
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surabiles sunt [prop. XI]. uerum E/J rationalis est et 
rectae^Flongitudine incommensurabilis. itaque etiam 
^JZ rationalis est [def. 3] et rectae dF longitudine 
incommensurabilis [prop. XIII]. itaque JT^, jdZ ratio- 
nales sunt potentia tantum commensurabiles. recta 
autem quadrata aequalis spatio rectis potentia tantum 
commensurabilibus comprehenso media est [prop. XXI]. 
itaque recta quadrata spatio T^X^Z aequalis media 
est, et ^ = Fjd X ^jZ. ergo J5 media est. 

Corollarium. 

Hinc manifestum est, spatium spatio medio aequale 
medium esse. ^) 

Lemma. 

Congruenter iis^ quae de rationalibus diximus [prop. 
XVIII coroU.], etiam in mediis sequitur, rectam mediae 
longitudine commensurabilem mediam uocari ei non 
modo longitudine^ sed etiam potentia commensurabilem^ 
quoniam omnino rectae longitudine commensurabiles 
semper etiam potentia commensurabiles sunt. sin 
recta mediae potentia commensurabilis est^ si eadem 
longitudine est commensurabiliS; sic quoque mediae et 
longitudine potentiaque commensurabiles uocantur; sin 
potentia tantum^ mediae potentia tantum commensu- 
rabiles uocantur. 



1) Sequentia lin. 12 — 14 obscura sunt et sine dubio sub- 
ditiua. 



PB. 20. tl iiiv — 21. 61 dvvdfiSL] om. Fb; post avfifuxQoi 
lin. 22 ea bab. Y (punctis del., add. to 61 i^rjg ov% svgi^ iv 
xa §i.§X£m xov itpeciov nal inafqd^rj?) et B mg. m. 2 (add. in 
fine fiovov), 22. fjk6vov] (prius) del. m. 2 B. avfifistQoi] 
m, 2 B. Seq. lemma, u. app. 
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xd'. 

T6 vno fii0(ov iiT^xsL 6v(iiidtQ{ov Bvd^ei&v 
xatd tiva tciv elQri^ivmv tgoTcmv jisqlsxO' 
(isvov oQd^oydvtov fi£6ov i6tiv, 

5 *T7tb yccQ (ii6cov (ii^xsl ^vfiiiitQCDV svd^stdiv t&v 
AB^ BF TCSQvsxi^d^ca OQd^oydvvov to AF' XiycD, ore to 
AT iii6ov i6tiv, 

'AvaysyQccfpd^a) yccQ ano tijg AB tstQccycavov to 
A^' iii6ov aQa i6tl ro A^. xal ixsl 6v(iiistQ6g 

10 i6tvv ri AB trj BF ^iqTcsi^ t6ri 8\ ri AB tjj Bjd, 
6vii^stQog ccQa i6tl tucI '^ ^B trj BT fiijTCSL' &6ts xal 
tb ^A t& AT 6v(i(istQ6v i6tiv. ^ii^ov 8h tb jd A' 
fii6ov aQa xal tb AT' OTtsQ i8sL ^st^ai,, 

xs\ 

15 Tb vTcb iii6G}v Svvdiisi ii6vov ^vfiiiitQov 
svd^sifSv TCSQisx^fisvov OQd^oydvLOv r^tov ^r^tbv 
^ fii6ov i6tiv. 

'iVro yccQ ^i6cav 8wdiisi fibvov ^vfi^itQcav sv- 
d^SL&v tdv ABj BT oQd^oyciviov TCSQvsxi^d^co ro AT' 

20 kiyo}^ oti tb AT f^tov ^rjtbv i} fii6ov i6tiv. 

^AvaysyQdq^d^ca yccQ aTto tmv AB^ BT tstQdycava 
tic AAy BE' (ii6ov aQa i6tlv ixdtSQOV tmv AA^ BE, 
xal ixxsi^d^ca ^ritri ri ZH^ xal t& ^ilv Ajd l6ov icaQa 
triv ZH TCaQafisfili^^d^a} oQd^oyciviov TCaQakkriMyQa^' 

26 /xov ro H& Tckdtog noiovv tr^v Z0, r^ 8i AT t6ov 
TcaQcc tr^v SM icaQafis^kr^^d^io OQd^oydviov naQakkri- 

8. xctra — xi^ntov] om. BFb, supra scr. m. 2 V {naxa xiva, 
t&v eras.). 6. neQiix^c&ai B, corr. m. 2. 9. AJ} (prias) 
inter A et J ras. 1 litt. Y, 11. iaziv PB. J B"] e corr. 
m. 2 V, BJ F. 12. iazt V, comp. Fb. JA] e corr. m. 
2 V. 16. ev&simv] m. 2 V. 19. nsQisxicd^m oi^oytovvov P. 
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XXIV. 
Rectangulnm rectis mediiB comprehensum BecnncluDi 
aliquem modorum, qaos dizimus [a. lemma], commen- 
sorabilibus medium est. 

Mediis enim AB, BF longitudine commensurabili- 
l>nB comprehendatur rectaugulum AF. dico, AF me- 
dium esse. 

nam in AB quadratum describatur A^. itaque 

A^ medinm est. et quooiam AB, BF longitudine 

r commensurabiles sunt, et AB = B^, etiam 

^B, BV longitudine commenBtirabiles sant. 

quare etiam ^A, AF commensnrabilia sunt 

-B [VI, 1; prop. XI]. uerum ^dA medium est. 

ergo etiam AF medinm est [prop. XXIII 

—d coroU.]; quod erat~demoustrandum. 

XXV. 

Rectangulum rectis mediis poteotia tautum commen- 

Burabilibns comprehensum aut rationale aut medium est. 

Reetis enim mediis AB, Sr^potentia tautam com- 

mensurabiKbuB comprehendatur rectangulum AF. dico, 

AF aut rationale aut mediam esse. 

^ Z H '^^'^ "^ -^-^9 ^^ quadrata 

describautur A^, BE. itaque 
utrumque A^, BE medium est. 
et ponatur ratioualis ZH, et quar 
drato A J aeguale rectae Z H ad- 
plicetur parallelogrammum rect- 

1 B, cort. ni. 2. 20. iaxiv TJ fieoo* V, 23. 

m. 8. ip] corr. ex id V. 26. «J*] corr. es 
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loyQa^fiov ro MK nkdxog Ttoiovv xriv 0Kj xal bxl 
tp BE t6ov biioiag Tcagcc f^v KN TcaQaPefik^o^fD 
ro Nji nldxog noiovv triv KA' in^ ev^eiag aga 
sl6lv at Z0, @Kj KA. insl ovv ^6ov i6tlv ixd- 
5 tSQOv t(DV A^^ BE, xai i6tiv t6ov ro ft^i/ A^ t^ 
H&y tb de BE tp NA^ (li^ov aga xal sxdtBQov tiDV 
H@j NA. xal naQa ^rjtrjv tr^v ZH naQdxBvtai,' Qritrj 
aga i6tlv ixatiga t(3v Z@j KA xal d6v(iiistQog ty 
ZH fii^xsL. xal insl ^vfifistQOV i6tL tb Ad t^ BE^ 

10 6v(i^stQov ccQa i6tl xal ro H@ t^ NA. xai i6tvv 
G}g tb H@ ngbg ro NA^ ovtmg 17 Z@ ngbg tr^v KA' 
6vfiiistQog aQa i6tlv fi Z@ tfj KA iii^tcsl. al Z@, KA 
aga ^rjtai sl6v iirjTcsi 6vfi^6tQor ^rjtbv aga i6tl tb 
vnb tmv Z®, KA. xal insl t6ri i6tlv r] fihv AB tfj 

16 BAy fi dl SB r^ BF, i6tiv aga Gig fi ^dB ngbg tr^v 
BF^ ovtmg fj AB ngbg tr^v BS. dXV dtg [ilv fj ^B 
ngbg tfjv BF, ovtag ro ^^A nQog ro AF' mg Sh fj 
AB ngbg trjv BS, ovtfog tb AF ngbg tb FS' i6tLv 
aQa d)g tb jdA ngbg tb AF^ ovtcog ro AF ngbg xb 

20 rS*. t6ov Si i6tL ro (ilv A^ ta H®, tb Sh AF 
rp MK^ ro Sh rS tp NA' i6tLV aga mg ro H@ 
ngbg tb MK, ovta^g tb MK ngbg tb NA' i6tiv aQa 
xal mg fi Z@ ngbg tr^v @K^ ovtcog fi @K ngbg trjv 
KA' ro «9« vnb tmv Z®, KA t6ov i6tl rc5 dnb t^g 

26 @K. ^rjtbv Si ro vnb tmv Z®, KA' Qrjftbv aga i6tl 
xal tb dnb trjg @K' ^ritrj aga i6tlv fj @K. xal si 
^sv ^vfifistQog i6tL tfi ZH iii^xsl, ^rjtov i6tL tb @N' 

2. taov — KN] mg. m. 1 F, in textu aXXm naga zriv 

KN. 4. at] corr. ex ra^ F m. 1, supra m. 2 P'. 6. NA] 

N 6 corr. V. aga iati V. 7. NA] MA b et F (M in ras.). 

Ante QTitrj ras. 5 litt. V. 8. iatlv] ?<jtI Ttai V. 9. xal inei] 

inBl ovv Theon (BF Vb). 10. iazLv P. to] m. 2 F. GHF. 
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angulnm H@ latitudinem faciens Z@, rectangulo autem 
^r aequale rectae ®M adplicetur parallelogrammum 
rectangulum MK latitudinem faciens @Kf et praeterea 
quadrato jB^aequale similiter rectae KN adplicetur NA 
latitudinem faciens KJ. itaque Z@, @K, KA in eadem 
recta sunt. iam quoniam utrumque ^^^ J3 jE7 medium est^ 
et Ajd = H@j BE= NAy etiam utrumque H@, NA 
medium est. et rationali ZH adplicata sunt. itaque utra- 
que Z®, KA rationalis est et rectae ZH longitudine 
incommensurabilis [prop. XXII]. et quoniam AA^BE 
commensurabilia sunt^ etiam H@j NA commensura- 
bilia sunt. et H@:NA = Z@:KA [YI,1]. itaqueZ©, 
KA longitudine commensurabiles sunt [prop. XI]. ita- 
qiie Z@j KA rationales sunt longitudine commensura- 
biles. itaque Z@xKA rationale est [prop. XIX]. et 
quoma.m ^B = BA,SB = Br^eniAB:Br=AB:BS. 
uerum ^B : Br= ^A : AF [VI, 1], et AB : BS = 
^r:rS' [VI, 1]. qviSLTG^A:Ar=Ar:r!S. uerum 
AJ=H@^ Ar=MK,rS=NA. ergo H@:MK= 
MK:NA. quare etiam Z@:@K = @K:KA [VI, 1]. 
itaque Z@xKA = @K^ [VI, 17]. uerum Z@xKA 
rationale est. quare etiam @K^ rationale est. itaque 
@K rationalis est. et si rectae ZH longitudine com- 
mensurabilis est, @N rationale est [prop. XIX]; sin 

%ai] om. FV. Post iaxiv add. aga naC Y. 11. 9H F. 

%6v P, eed corr. AN q c6rr. m. 2 V. rriv] om. Bb. 13. 
hxiv P. 14. z/JB] e corr. Vb. 16. ^B] corr. ex ZB V. 

dB] BJ¥. 16. B^J corr. ex BZ P. 17. r^v] corr. in 
rd F, ro b. 18. ISIB B. iativ — 20. FS] mg, m. 2 B. 

19. JA] in ras. V. AT] (alt.) FA F. 20. FS] in 

ras. V. ietiv P. 24. iaxiv P. 25. iaxCv PB. 27. 

iazT P. Post ty add. ®M tovtiati xj V, B. m. 2 (del. m. 
rec). GN] e corr. m. 2 V. 
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sl dh cievfiiistQog i6u ty ZH [ii^ksVj at K®, @M ^xaC 
sl6t SwafiSL iiovov 6v[iiistQ0L' iii6ov aga ro 0N. tb 
@N aga fjtOL ^i^tbv ij fii6ov i6tCv, t6ov 8% to @N 
t^ AF' to AF aga ijtOL ^ritbv ^ [ii6ov i6tCv» 
5 Tb aQa vitb fii^cav dwdfist fiovov 6vfi(iitQiov, xal 
ta sl^rjg. 

Mi6ov ^i&ov ovx vnsQi%si, ^ijrcS. 

El yaQ dwatov^ iii6ov tb AB ^i6ov rotJ AF 

10 vnsQSxitoD ^ritp tS AB^ xal ixxsC^d^ca ^rjtii '^ EZ, 
xal t& AB t6ov jtaQcc trjv EZ TCaQafisfilij^d^ci) TCaQ- 
aXlrjkoyQafifiov oQd^oyciviov tb Z@ TcXdtog noiovv 
trjv E@y tp Sl AF t6ov dqygQT^^d^ca tb ZH' Xotnbv 
aQa tb BA koiTcp t£ K@ i6ttv t6ov. ^r^tov Si i6tt 

16 t6 z^J5' ^ritbv aQa i6tl nal tb K@. ixsl ovv (ii6ov 
i6tlv ixdtsQov tmv ABj AF, xaC i6ti tb fihv AB tj5 
Z@ t60Vj tb Sh AF tp ZH^ iii6ov aQa xal sxdtsgov 
t(5v Z@, ZH. xal TCaQa ^rjt^v tr^v EZ TCaQdxsvrat' 
^i^t^ aQa i6tlv sxatiQa tiSv @E, EH xal d6vfi^STQog 

20 trj EZ fiifxer. xal insl ^rjtov i6tt ro ^B xaC i6tiv 
t6ov tp K@j ^rjtbv aQa i6tl xal tb K@. xal icaQa 
Qritrjv trp; EZ naQdxsttat* ^ritrj aQa i6tlv 17 H@ xal 
6v^listQog tfi EZ in]xst. dlkd xal ^ EH ^ijrif i6tt 



1. K&'] corr. in ®K m. 2 V. ®N B, QM &qa P. 2. 
Btaiv PB. 0N] in ras. V. 3. ^rot] om. Fb. iaviv ^ 
liicov V. 4. iat£ BY, comp. Fb. 5. ro &qcc'] x&v di F. 

fi6va}v F. xal tq: ikvs] sv&eimv negisxoiisvov o^oymvwif 
rjtOL (rjtbv rj iiiaov iatCvz rv> P. 6. Post l£^g add. onsQ ^dsi 
Set^ai V. 7. %rf P, corr. m. rec. 10. vnegixei F, sed corr. 

11. Tc»] Tc5 iiiv B, To (liv b. 14. 9K F. 15. JB] in 
ras. V. iatCv F. &Kh. 16. iatij iativ B. 17. hccC] 
om. b. 18. naqd%eivttti Y. 21. iati] iatCv P. 22. Post 
%aC ras. 1 litt. V. 



ELEMENTORUM LIBER X. 75 

rectae Z/flongitudine incommensurabilis est, K&^ @M 
rationales sunt potentia tantum commensurabiles; 
quare J3N medium est [prop. !S^I]. &N igitur aut 
rationale aut medium est. uerum ®i\r = -^r. ^JTigi- 
tur aut rationale est aut medium. 

Ergo rectangulum mediis potentia tantum commen- 
surabilibusy et quae sequuntur. 

XXVI. 

Spatium medium non excedit medium spatio ra- 
tionali. 

Si enim fieri potest, medium AB excedat medium 
AF rationali ^B, et ponatur rationalis EZ^ et spatio 

AB aequale rectae EZ adplicetur paral- 
lelogrammum rectangulum ZS latitudinem 
faciens E@y spatio autem ^JTaequale sub- 
trahatur ZH. itaque relinquitur Bd = 
K0. uerum ^B rationale est. itaque etiam 
K® rationale esi iam quoniam utrumque 
^J5, ^Fmedium est, et AB = Z®j AF 
= ZH, etiam utrumque Z®, ZH medium 
est. et rectae rationali EZ adplicata sunt. 
ergo utraque ®E, EH rationalis est et 
rectae EZ longitudine incommensurabilis 
[prop. XXII]. et quoniam AB rationale est et spatio K® 
aequalC; etiamiiT® rationale est.^) et rectae rationali £Z 
adplicatum est; itaque H@ rationalis est et rectae EZ 
longitudine commensurabilis [prop. XX]. uerum etiam 




1) Uerba xo /JB lin. 20 — icxl hcc£ lin. 21 post lin. 14—16 
sapeniacua simt et fortasse interpolata. uerba ^xov 6i 
lin. 14 — to K® lin. 16 damnauit August. 
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xal d6vii(i6TQ0s T]7 EZ (ii^xsr a6viiiisrQog aga i6rlv 
^ EH ry H0 fti^x^e. xaC i6xvv Ag V ^^ ^Qog triv 
H0^ ovrcog ro aycb^r^g EH ngog r6 V7c6 re^ EH^ 
H®' a6v^(ierQov aQa i6rl ro ajto rijg EH r^ xma 
5 rciv EH^ H®, aXka rp ^ilv aTCo rijg EH 6viiii6rQa 
iori ra ano r&v EH^ H@ rsrQayoiva' ^rjfca y&Q «f*- 
g)6r6Qa' rc5 dh vtco rc5v EH^ HS ^vfi^erQov i6rc ro 
Slg vscb rciv EH^ H®' 8inXd6iov yaQ i6rcv avrov' 
d6v^fi6rQa ccQa i6rl rd djcb rmv EH, H@ r& 8lg vicb 

10 r^v EH^ H®' xal 6vva^g)6r6Qa aQa rd ra aTcb rSv 
EHy H® xal ro 8lg vnb r6v EH, if 0, otcsq i6rl ro 
dzb rrjg E®, d^v^i^erQov i^rt rotg dnb r<Sv EH^ H®. 
^rird 8h rd dnb rc5i/ EH, H®' aXoyov aQa ro dnb 
rr]g E®. akoyog ccQa i6rlv ^ E®. dlkd xal ^iyri}' 

15 07C6Q i6rlv dSvvarov, 

Mi6ov aQa fii^ov ov% vx6Qix6i piyrw* 07C6Q lS6i 
S6t^ai. 

x^. 

M66ag 6VQ6tv Svvdii6L [lovov 6v^itirQovg 

20 ^rjrbv 7C6Qi6xov6ag. 

^EKX6C6^G}6av Svo ^rjral Svvd^6L ^iovov ^viiiisrgoL 
aC A^ J3, xal eCkrjq^d^co rc5v A^ B iii^rj dvdkoyov ri Fj 
xal yeyovira Ag ri A ngbg rrjv B^ ovrog ri F TCQbg 
rrjv A. 

25 Kai in6\ aC A^ B ^rjraC 6C6l Svvd^6t [lovov tfvfi- 
^6rQ0L, rb aQa vnb r<3v A, Bj rovri6ri, ro dnb rf^g Fj 
fii6ov i6rCv. ^ii^i^ aQa ^ JT. xal ineC i6riv mg rj A 
nQbg rijv J5, [ovrcog] ^ F n^bg rr^v A^ aC S\ A^ B 

4. aGvy^hXQov b. t6] e corr. b. 7. toJ corr. ex x^ B. 

8. x&v om. BF. 9. laxiv P. 10. Tdov] (pnus) om. B. ' 11. 

TflSv] m. 2 F, om. B. lisxiv PB. xo ano\ in ras. m. 1 P, 
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EH rationalis est et rectae EZ longitudine incommen- 
surabilis. quare EH, H& longitudine incommensura- 
bnes sunt [prop. XIII]. et EH: H®=EWiEHxHS 
[prop. XXI lemma]. quare EH^^ EHxH® incommen- 
surabilia sunt [prop. XI]. uerum quadrato EH^ com- 
mensurabilia sunt EH^-^HS^ (nam utrumque ratio- 
nale est); et spatio EHxH® commensurabile est 
2 EH X H@ [prop. VI] ; nam eo duplo maius est. 
itaque EH^-^-H&^ et 2 EHxH® incommensurabilia 
sunt [prop. Xni]. itaque etiam EH^ + H&^ + 2EH 
XH&, hoc est E& [II, 4], quadratis EW + H&^ in- 
commensurabile est [prop. XVI]. uerum EW-\'H& 
rationalia sunt. quare E&^ irrationale est [def. 4]. 
itaque E& irrationalis est [id.]. uerum eadem ratio- 
nalis est; quod fieri non potest. 

.Ergo spatium medium non excedit medium spatio 
rationali; quod erat demonstrandum. 

XXVII. 

Medias inuenire potentia tantum commensurabiles 
spatium rationale comprehendentes. 

Ponantur duae rationales potentia tantum commen- 
surabiles A^ B, et sumatur earum media proportionalis 
r [VI, 13], et fiat ^:J5 = r:^ [VI, 12]. et quoniam 
A^ B rationales sunt potentia tantum commensurabiles, 
AXB medium erit [prop. XXI], hoc est F^ [VI, 17]. 

Tci: dno b. 13. (ritd — H®] mg. m. 1 P. Seq. ras. 1 litt. V. 
14. aXoyov b. 15. dSvvaxov] -axov in ras. V. 16. yi^icov 
— 17. dfitlatl om. BFb; [Lbgov &qa (liaov in ras. m. 2 V; 
[liifov dga fieaov ovx vnsQsxsL m. 2 B, xal xd s^rjg add. m. 
rec. 16. ofcsQ idsi Sst^ai'} comp. P. 18. xg' P, corr. m. 
rec. 26. slaiv PB. 26. tovtiauv P. 27. iaziv] comp. Fb, 
ict£ PBV. 28. ovTcoff] om. P. 
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SwafiSL iiovov [el^l] 6v^ii€rQ0ty xal at JT, ^ aga Sv- 
vd[i€L (i6vov elel Ovfi^etQoi. xai i6ti, fid^ri ^ JT* 
^^61] aQa Tcal 17 ^. at F, d aga (ii6ai sM Svvd(i€L 
^ovov 0v^iistQOL. XsycD^ orr xal ^rjtov neQvi%ov6i,v. 
5 iTtal ydg i0tiv diq ii A Tcgog ri)i/ B, ovrcog fj F XQog 
trjv ^y ivakkd^ aQa i6tlv mg fi A TCQbg r^v F, '^ B TCQog 
triv /J. dXX C9g rj A TCQbg trjv F^ rj F TCQdg trjv B* 
xal (hg aQa fi F scQog f^v B, ovta^g 17 B TCQdg trjv A' 
ro «9« vno tmv P, A t6ov i6tl t^ djco trjg B. ^iy- 
10 tbv Si ro dxb trjg B' ^rjtbv aQa [ictl] xal tb vnb 
t(3v r, A. 

EvQrjvtaL aQa ^ioai Swd^nei hlovov 6vyLiutQ0i 
^rjtbv nsQiixovOai' oneQ SSei Setijui. 

xr(. 

15 Mi6ag bvqbIv SvvdfiBi fiovov 6v^^itQovg 
fii6ov n£Qve%ov6ag. 

* Exxei^d^cD^av [tQetg] ^rjtal Swdinav ^ovov 6v(i^€' 
tQoc at A^ B^ r^ xal slkrjfpQ^Oi tAv A^ B iii6i] dvdXoyov 
f] Aj xal ysyovitco dig fj B nQbg trjv F^ fi ^ XQbg 

20 trjv E. 

^Enal at A^ B Qi^tai sl6i SwdiiSL ^ovov 6v[i^stQoij 
tb aQa vnb tmv A^ B^ tovti6ti tb dnb trjg ^, [li^ov 
i6tiv. [ii6ri ttQa fj A. xal insl at Bj F Svvd(isv 
fiovov si6l ^vfiiistQOi,, xai i6tiv mg fi B n^bg tfjv Fy 



1. etaC] om. BFVb. xa^ — 2. avfifistqoi] 6m. £. 2. 
ictiv B. 3. etciv B. 4. %al Xiym dri F, Xiy(o dn Vb. 10. 
iaxC] om. BFVb. vno] bis b. 12. rfiqrivxai. FVb. 18. 
irixov — Setiai] xttl xa iiijg P. Seq. lemma, n. app. 14. xf' 
P, corr. m. rec. 17. Aote tQeig add. ydg h, m. 2 FV. tQetg] 
om. P, tqetg ev&etdi F. davfifietQoi b. 19. F ovtmg v. 
^ 21. ovv at F. elaiv B, corr. m. 2. 22. tovtictT P. 28. 
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itaque F media est [prop. XXI]. et quoniam est 
A:B = r:jd^ et ^, B potentia tantum commensura- 
biles sunt; etiam P, ^ potentia tantum commensura- 
biles sunt [prop. XI]. et F media est. itaque etiam 
jd media est [prop. XXni]. f, ^ igitur me- 
- diae sunt potentia tantum commensurabiles. 
j dico; easdem spatium rationale comprehen- 
r ~ d dere. nam quoniam est ji:B = r: ^, permu- 
tando [V, 16] est ^ : P = 5 : ^. uerum j4 : T 
B «= r : 5. quare etiam r:B = B:^ [V, 11]. 
itaque Fx^ = B^ [VI, 17]. B^ autem rationale est. 
itaque etiam Fx^ rationale est. 

Ergo inuentae sunt mediae potentia tantum com- 
mensurabiles spatium rationale comprehendentes; quod 
erat demonstrandum. 

xxvm. 

Medias inuenire potentia tantum commensurabiles 
spatium medium comprebendentes [cfr. prop. XXV]. 

A\ 1 Ponantur rationales potentia 

^' ' tantum commensurabiles -4, 5, 

Ei 1 r, et sumatur rectarum -^, B 

n I media proportionalis ^ [VI, 

13], et fiat B:r=^:E [VI, 12]. 

quoniam ^, B rationales sunt potentia tantum 
conmiensurabiles, ^X^medium est [prop. XXI], boc 
est jifi [VI, 17]. itaque ^ media est [prop. XXI]. et 

XXVm. Cfr. Proclus p. 205, 10. 

ieti BVb, comp. F. r, B B. 24. Post avfifistQOL rep. t6 
&Qa Hd. 22 -^ z/ lixi. 23 B, del. m. 2. 24. rriv] om. b. T 
ovtwg y. 



80 STOIXEtSiN t'. 

fj jd TtQog trjv E, Tcal aC jd^ E aQa Svvd^sc ^ovov bI^I 
6vii^erQ0c. ^66ri 8% ii ^' iis6i] aQa xal fi E' al ^, E 
aga [idoav el^l dvvd^et^ fiovov Gv^^stgoc. Xiy(o Siq^ 
oti ocal [id^ov 7tBQii%ovi5iv, insl ydQ i6tiv (og ij B 
5 ^Qog xriv r^ 7] jd TtQog r^v E, ivalkal^ aQa (og fj B 
^Qog triv ^, fj r TtQbg trjv E. G)g Sh fj B TtQog triv 
jd, fi ^ TtQog trjv A' ocal (hg aQa fj jd TtQog tfjv A^ 
f\ r ^Qog tfjv E' tb aQa vno t£v A^ F t6ov i6tl tq 
vTtb tAv A^ E. ^ioov Sh tb vnb tmv A^ F' fiiaov 
10 aQa xal tb vnb tmv A^ E, 

EvQrjvtai aQa ^i^at^ Svvdfisv iiovov dviiiistQOi ybi- 
60V nBQii%ov6aL' oTtsQ SSbl Sst^aL, 

Aijiiiia, 

EvqbZv Svo tBtQaydvovg dQLd^fiovg, &6tB xal tbv 
15 6vyxBi^Bvov il^ avtcjv elvai tBtQaycjvov. 

'ExxBv^d^co^av Svo aQtd^fiol ol AB^ BF^ i^tcoOav 
Sb rjtOL aQtLOv rj nsQLttoL xal insl^ idv ts djtb dQ- 
tCov aQtLog dtpaLQBd^rj^ idv ts dnb 7tBQi66ov 7tBQL666gj 
6 koLTtbg ccQtLog i6tLV^ 6 XoLJtbg aQa b AF aQtvog 
20 i6tLv, tBtiiT^^d^ci 6 AF SC%a xatd tb A, i6tci)6av 
Sb xal ot AB^ Br fjtov oybOLOL inCitBSoL rj tstQdycovoL^ 
0? xal avtol o^ioloC bC6lv inCTtsSoL' 6 aQa ix tc5v ABy 
BF nBtd tov dnb \tov\ FA tstQayoivov t6og i6tl tp 
dnb tov BA tstQaydvc). xaC i6tL tBtQdycovog 6 ix 
25 tciv ABy BF^ iTtBLSrjTtBQ iSBCx^rj^ otL^ idv Svo o^oioi 
inCTtsSoL Ttokkanka^Ld^avtBg «AAijAovg noLm6C tLva^ 6 
ysvoiiBvog tstQdycovog i6tLv. svQi^vtaL aQa Svo tstQd- 

1. avfifisxQoi dvvdfisi (lovov bIgC V. ii,6vov'\ om. P. 

daCv P. 3. bIgCv P. 5. ovtmQ ri dY, Q, rj T -^ vriv d] 

m. 2 B. 6. ms — 1. A (prius)] mg. m. 1 F. 8. ovT€»g ^ 
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quoniam B, F potentia tantum commensurabiles sunt, 
et est 5 : F= ^ : ^, etiam ^, E potentia tantum com- 
mensurabiles sunt [prop. XI]. uerum ^ media est; 
itaque etiam E media est [prop. XXHI]. quare ^, E 
mediae sunt potentia tantum commensurabiles. 

iam dico, easdem spatium medium comprehendere. 
nam quoniam est 5 : r* = ^ : £?, permutando [V, 16] 
erit B:^ = F: E. uerum B : /1 = ^ : A, itaque etiam 
J:A = r:E. quare Axr= JxE [VI, 16]. sed 
Axr medium est itaque etiam AxE medium est, 

Ergo inuentae sunt mediae potentia tantum com- 
mensurabiles medium comprehendentes ; quod erat de- 
monstrandum. 

Lemma I. 

Inuenire duos numeros quadratos eiusmodi, ut etiam 
numerus ex iis compositus quadratus sit. 

ponantur duo numeri AB^ BF^ et aut pares sint 

aut impares. et quoniam; siue a numero pari par sub- 

4 trahitur, siue ab impari impar, reliquus par est 

[IX, 24, 26], reliquus ^Fpar est. in duas partes 

..^ aequales secetur -^T in A. sint autem AB^ BF 

etiam aut similes plani aut quadrati, qui et ipsi 

I similes sunt plani. itaque ABxBF-^ FA^ = BA^ 

~^ [11,6]. et ^5x5F quadratus est, quoniam de- 

r F. 11. rjvgrivrai Vb. asaai'] om. V. fiiaov — 12. 
dsitai] %ccl Toc «l^ff P. 12. onsQ — ^gf|at] om. BFb. 14. 
dgiJd^fiovg] m. 2 F. 16. Ante ot add. ofioioi intnsdoi mg. m. 
2 B. 17. di^ V. insQ supra scr. m. 1 F. rg] om. V. 

18. nsQLttov nsQtxtog Y et b, sed corr. m. 1. 20. iati BV, 
comp. Fb. FA P. 22. ot] ij b. ^x] vno V, corr. ex 
dno m. 1 b. . 23. tov FJ] FJ B (corr. m. rec.) et b, tvg 
rj P. 24. JB V, tstQaytavov P, corr. m 1. iativ B. 

26. iSslx^ri] om. b. 26. noimaiv B. 27. riVQrjvtai FVb. 

Euclides, edd. Heiberg et Menge. TTT. ^ 
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ymvoi ccQid^iiol o xb ix tmv AB^ BF xal 6 anh tov 
r^^ ot ^wtsd^ivtsg ^rotoiief^ tbv anb tov B^ tszQa- 

ytOVOV, 

Kal fpavBQOv^ oti svQi^vtai niXvv dvo tstQayarvot 
h tB dito tov Bjd xal 6 cctco ttov P^, S^ts triv vjtBQ- 
o%riv avtmv tbv vnb AB^ BF Blvai tBtQaymvoVj otav 
ol AB^ BF ofioiOL w6lv iniTtsSoc, 5tav dh ft^ w6lv 
ofioiOL inCnBSoiy BVQi^vtat dvo tBtQaycDVov o ts anb 
rov BA xal 6 anb tov AFj cov ^ vnBQO%ri b vnb 
10 t^v ABy BF ovx i6ti tBtQaycovog' onBQ idBt dst^aL. 

Aijiiiia. 

EvqbVv dvo tstQaycivovg aQcd^iiovg^ &6tB tbv i% 
avtSv avyxBiiiBvov ft^ slvav tstQaycavov. 

*'E6tco yccQ ix tmv AB^ BF^ mg iipaiiBV^ tstQa- 
IB ycovog, xal aQtiog b FA, xal tstiii^^d^co 6 FA 8i%a 
t^ A. q>avBQbv Srj^ oti 6 ix tmv AB^BF tstQaycovog 
liBta tov anb [tov] FA tstQaydvov l!6og i6tl t& anb 
\tov\ BA tstQaydvfp. agygQii^d^G} iiovag ^ AE' 6 
aQa ix tmv AB^ BF iisra tov dnb [rov] FE ikd66cav 
20 i6tl tov dnb [tov] BA tstQaydvov. kiyco ovv^ otc 
ix tmv ABj BF tstQaycavog iistd tov dnb [rot;] FE 
ovx i6tai, tstQaycavog. 

El yccQ iatav tstQaycovog^ rjtov t6og i6vl ttp dnb 
[tov] BE r} ikd66G}v tov dnb [tov] BE^ ovxitv S% 



2. noimci V, sed corr. BJ"] supra scr. m. 1 F. t«- 
xoaymvov F, sed corr. 4. Mg. add. W Bb, m. 2 PFV. nuXiv 
TjVQrjvxoci F. rjvQTivrai Vb. rsTQccymva P, corr. m. 1. 

5. 6] (alt.) om. P. 6. rov] rrjv FV. vno rmv V. AB] 
B ins. m. 2 P. rsrQdyoavov stvcci B. 8. i^v^i^vrcci Vb, et 
corr. ex svQTjvrai m. 2 F. 9. 6] om. P. FJ BFV. 17] 
om. b. 10. AB] A P. Ante onsQ add. 6 aQa P. SnsQ 
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monstrauimus, si duo numeri plani similes inter se multi- 
plicantes numerum aliquem efficiant; numerum inde pro- 
ductum quadratum esse [IX, 1]. ergo inuenti sunt duo 
numeri quadrati jiB X BF et F^^, qui compositi qua- 
dratum B^^ efficiant. et manifestum est^ rursus inuentos 
esse duos nximeros quadratos B^ et F^^ eius modi^ ut 
eorum differentia ABxBF quadrata sit; si AB^ BF 
plani sint similes. sin non sunt similes plani^ duo 
numeri quadrati inuenti sunt B^^ et ^I^, quorum 
differentia ^^X^F quadrata non sit; quod erat de- 
monstrandum. 

Lemma 11. 

Inuenire duos numeros quadratos eius modi, ut 

numerus ex iis compositus quadratus non sit. 

'■^ Sit enim AB X BF quadratus^ uti diximus 

..j£ [lemma I], et FA par sit et in A in duas 

^Ij partes aequales secetur. manifestum igitur, esse 

E^^ ABxBr + r^= B^^ [u. lemma I]. subtra- 

hatur unitas AE. itaque ABxBr-}- FE^ < 

BA^. dico igitur, numerum quadratum [IX, 1] 

ABxBF addito FE^ quadratum non esse. 

-^ Nam si quadratus erit, aut aequalis est quadrato 

BE^ aut minor quadrato BE^, maior autem non est, 

MSbi d«r|«ft] om. BFVb, comp. P. 16. tw] Tiata xm F. 6] 
om. P. 17. Tov] (alt.) t^? P. 18. xov\ om. BFt, T^g P, 
B m. 2. Ofioioag fiovdg P. 19. ix] dno b. tcoi'] rov P. 
B r TfiT^ayflovos V. tov] (alt.) om. BFb, tiJsP, Bm. 2. iXdc- 
cmv iazl rov] in ras. m. 1 b. 20. tov] om. BFb, T^g P, 

m. 2 B. 21. 6] om. b. tov] (alt.) om. BFb, t^s P. 22. 
iatiT, 23. ^(fcai] iaxi BFb. iaxCv B, sed corr. 24. tov] 
om. Bb, zTig P. iXdaamv] x^'*' F, ^Xaaaov ov b; iXdaaov B, 
seq. Tas. 1 litt., iXdaaovi m. rec. tov — BE] om. V. tov] 
om. BFb. ov% iati b. 
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Tcal iiei^cav^ vva [iri t[ifid^fj fj fiovde. ^6x(o^ ei Svva- 
xov^ TtQoxsQOv 6 ix xAv AB^ BF fisxa xov anb FE 
i!6oe Trc3 ajto BE^ xal i6x(o x^g ^E ^ovdSog StTtka- 
6icav 6 HA. iitel ovv oXog 6 AF oXov xov FA 
5 i6XL StnkacCaiv ^ (ov o AH xov AE icxv Si7tXa6icDv^ 
xal koLTtOQ aQa o HF koiTtov xov EF icxi SmkaoCfov* 
SC%a aQa xixiirjxai 6 HF xip E. 6 aQa ix tc5i/ HB^ 
BF fisxa xov aitb FE t60Q i6xl xp djtb BE xsxQa- 
ycivp. dXXd xal 6 ix xcov AB^ BF iisxd xov dnb 

10 TE t6og vnoxBvxai tc5 djtb \xov\ BE xsxQaycivG)' 6 
aQa ix xmv HB^ BF fisxd xov ditb FE i!6og i6xl tc3 
ix xAv ABy BF iisxd xov ditb FE. xal xoivov dq^at- 
Qsd^ivxog xov dnb FE 6vvdyBxav b AB l'6og tc5 HB' 
onBQ axoTtov, ovx aQa 6 ix xtov AB^ BF ^iBxd xov 

15 ditb [xov] FE t6og i6xl tc3 dnb BE, kiyGi Sri^ oxt 
ovS\ ikd66ci}v xov dnb BE bI yaQ Svvaxov^ e6xc3 
xm ditb BZ t6og^ xal xoi AZ StJtla^Ccav b SA, xal 
6vva%^ri6Bxat ndktv St7tka6CcDV o ©F xov FZ' &6xb 
xal xbv r® SC%a XBXfifi^d^at xaxd xb Z, xal Std xovxo 

20 xbv ix xciv ®Bj BF fiBxd xov ditb ZF t6ov yCve^d^at 
xA dnb BZ, vnoxstxat S\ xal 6 ix xSv AB^ BF fisxd 
xov djtb FE t6og tc5 djtb BZ. &6xb xal b ix xtov 
GBy BF fisxd xov ditb FZ t6og i6tat tco ix xAv AB^ 
BF [isxd xov dnb FE' OTtSQ axonov, ovx aQa b ix 

26 xmv AB^ BF fisxd xov dnb FE t6og i6xl [AS] ikd^- 

1. iiSL^ovL (o et t corr.) B; yg. fisi^ovi TtQSivtov iari supra 
scr. m. 2 V. fMJ] fiijra Theon (BFVb), P m. 2. ^ Post /(to- 
vdg add. Theon: ftijTS 6 ix tmv AB, BT fisrd rov dno (xov 
add. V) Tz/, og iartv 6 (om. b, mg. B) dno (rov add. PVb) 
BJ (e corr. m. 2 V, JB PBb), taog ^ ra> i% (vno BV) tcdv 
(om. PB) AB, BT {isrd rov dno (rov add. PV) TE (BFVb, 
P m. 2). 6^] corr. ex ^ m. 2 P. 2. r^g TE P. 3. rriq 
BE P. rrig JE [lovddos'] om. V. dmldaiog P. 4. HA 
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ne unitas diuidatur. ^) prias, si fieri potest, sit ABx 
Br+rE^^BE\ et sit HA = 2^E. iam quoniam 
Ar= 2 FA, AH= 2AE, erit etiam Hr= 2 ER 
itaque HF in E in duas partes aequales diuisus est. 
ergo HBxBr+ FE^ = BE^ [II, 6]. supposuimus 
autem, esse etiam AB X BF + FE^ = BEK quare 
HB X Br+ FE^ ^ABx Br+ FE^ et subtracto, 
quod commune est, FE^ concludimus, esse AB=HB\ 
quod absurdum est. ergo ABxBF+FE^ quadrato 
BE^ aequale non est. iam dico, ne minorem quidem 
esse quadrato BE^. nam si fieri potest, sit^jBx5F 
+ FE^ = BZ^,ei ®A = 2 AZ, et rursus concludemus, 
esse ®r=2rZ] quare etiam F® in Z in duas partes 
aequales diuisus est, et ea de causa ®BxBr+ ZF^ 
= BZ^ [II, 6]. supposuimus autem, esse etiam 

1) Nam ^JBxBr+rE»<Bz/«. sit latuB x. ergo habe- 
bimns BE« < x* < {BE + 1)«, h. e. BE < x < BE + 1, ita 
nt X fractio sit, quod fieri non potest. 

vrjg JE (lovddog V. 6. ictiv P. mv 6] 6 Si P. SmXoiaiog 

BFb. 6. xal 6 BFb. FH Y, SmXaaiog BFb. 7. Ante 

rm ins. dno m. 2 F. HB] B e corr. F. 8. rov FE V. 

\ov BE V. 10. rov] om. BFb. 11. JlJB] H in ras. V. 

BT] BHh. Tov FE V. 12. ^x] vno V. vMtov P. 

AB] A in ras. V. zov TE V. 13. xov TE V. 6] 
ri P. taog tc5] tari r^ P.^ 16. zov VE] TE BFb, xrfg 
TE P. tov BE Y. 6 VTTO xmv HB , BT taog x& i% rmv 
AB^ BV mg. Fb. *i}] om. b. 16. ktaaaov F m. 1, V (sed 
corr.); iXdaaovi F m. 2, b, B in ras. xov JBE V. 17. tov 
BZ V. taog] om. Fb, m. 2 BV. ^ %sCa9^fa o V. %aC] 
om. V. 19. xo] tov F. 20. rovl fqv F. Ix] vsro b. rov 
Zr V. ylyvBa^ai F, ycyea-a-at Vb. 21. BZ] ZB B et V 
(supra Z ras. est). 22. xov TEY, BE b. JBZ] in ras. V, 
TE b. &axB — 23. tc5] avva%^aBxai aga taog 6 Theon 
(BFVb). 24. (isxd] in ras. 9. Post TE add. Theon: xci 
i% xmv GB (EB b) BT (isxd xov dno TZ (BF Vb). 25. iaxCv P. 

x£] om. P. iXdxxovi V. 
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ffovi tov dxo BE. iSeCx^ ^^) ^'* ovSi [ceurro] 
axit BE, ovx UQa 6 ix tmv AB, BF fitta rot> a 
FB tstffttymvoe ioziv [Swatov Sh ovrog xal xo 
aXeiovae t(f6«ave toijs el^fijfisvovs ccQi&fiovg iziSa 
& vveiVf affXEie&taaav ^fitv ot Blpnjfiivot, %va ft^ fiax^o 
Qae ovaris ^S «ifayfiateUcg ial aliov aiiz^v fi^xvvtofiE 
oxeff iSti Set^ai. 

X»'. 

Evffetv Svo ^tjtae Svvdfiei ftdvov evfifi 

10 tffovs, maTs tr^v (leiiova tije iXdeifovos fiitt 
Svvaa&ai t^ dno avfifiitQov eavt^ fi^xei. 

'Exxeie&a yd(f xtg ^i)T^ ^ j4B xal Svo tetQdyai 
dgid^fiol oC T/S, iJE, aOts r^i' vxt^oxfiv avzmv r 
FE fi^ elvat tetffdycavov, xal yey^dg^&a ixl tijg j. 

15 iifiA/x6xi.iov zh A2.B, TCal neitot^tsdv) aie o j^F Jif, 
tov FE, o{>cois to dao tije BA tetffdyavov mQog 
dnb T^s AZ tetffdyiovov, xal ixs^x^a ij ZB. 

'Eael [ovv} iativ ms ro ajro x^g BA jrpog ro d 
t^s -^Z, ovzag 6 AT «pog toi' VE, to dao tije l 

20 affa itQos TD dao tijg AZ Idyov l%ei^ ov KQcd^fiog 
^r «pog dtfi&^ov to» rK- avfifiszQOv uffa iaxl 
&ith t^s BA ta dno T^g AZ. . ^i]toi' S\ t6 ««6 i 
AB' ^zbv S(fa xal tb dab t^e -^Z' ^tfj a^a i 
^ AZ. xal insl' b JF nQbg tov FE l6yov ovx ii 

8& ov tet(fdyoiv6e dffi^fihg a^be rstQdytovov d^i&fu 

1. TOw BE V. avta] om. P, 2. tijs BE Pj FE 
DeiQ aad. Theon: ov9h (om. b) pfitovt airov (BFVb). 
ieti PBV, comp. Fb. dvratovj. t ia. ra«. plnrinm litt. 
4. tfonovsybis h. i6 ttfT^itivov TheoD (BFVb). lipi&fio 
om. 'meOD (BFVb). i*i8siiivvEiv] im- anpia boi. P, in i 
B; imdtmvivai V. 6. ufxtie&a ^iv o c^finfiEfoc Thi 

(BFVb). 7. S»«e ?««( tfeJJtti] om. Theon (BF Vb). 9. 
pdexitf B. 11. ip] oorr. ex toij m, 2 B. 13. tov\ ijj» 
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ABxSr+rE^^BZK quare etiam ©BxBT+rZ^ 
^ ^B X BF "{-' FE^] quod absurdum est. itaque 
ABxBF-^ FE^ spatio minori, quam est quadratum 
BE^y aequale non est. demonstrauimus autem, ne ipsi 
quidem BE^ id aequale esse. ergo jiBxBr-^- FE^ 
quadratus non est^); quod erat demonstrandum. 

XXIX. 

Duas rationales inuenire potentia tantum commen- 

surabiles eius modi, ut maior quadrata minorem excedat 

quadrato rectae sibi longitudine commensurabilis. 

ponantur enim recta rationalis ^^ et duo numeri 

^ quadrati P^, ^E eius modi^ ut eorum 

differentia FE quadrata non sit 

]^ [lemma I]. et in ^jB semicirculus 

, , , describatur AZB, et fiat ^riFE 

^ ^ ^ =BA^:AZ^ [prop. VI coroU.], et 

ducatur ZB, 

quoniam est BA^:AZ^ = Ar:rE, BA^ ad AZ^ 

rationem babet; quam numerus AF ad numerum FE. 

itaque BA^, AZ^ commensurabilia sunt [prop. VI]. 

uerum AB^ rationale est [def. 4]. itaque etiam AZ^ 

rationale est [id.]. quare etiam AZ rationalis est. et 

quoniam /ir^FE rationem non babet, quam numerus 




1) Svvatov^. 3 — fi7j%vv(0fisv Hd. 6 Euclides non scripsit; 
uncis ea inclusit Augnst II p. 369. nescio, an idem recte de 
ambobus lemmatis totis dubitationem iniecerit. sed satis an- 
tiqno tempore interpolata sunt. 

15. ms] supra scr. m. 1 Y. 6] ras. F. JF'] in ra9> m. 

1 P. 17. TStqdiyaivov] om. V. 18. ovv] om. P. 19. JF] 

r^ V. 21. iat£v P. 28. nal ^] rj P. 24. JT] FJ P. 

oi%] Bupra scr. m. 1 P. 26. ov 6 V. 
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ovdi tb ajtb xrjg BA UQa TCQog ro &7to r^g AZ Xoyov 
S%Bi^^ ov TsrQdycavoQ ccQvd^iidg TCQbg tetQaycovov aQi^- 
liov' d6vii(i6tQog aQa i6tlv fj AB tij AZ 110^X61' at 
BAj AZ aQa ^rjtai sici dvvdfisc fiovov 6v[iiistQ0v. 
6 xal iicsC [ictiv'^ mg 6 AF TtQog rov FE, ovt cog to 
dno tijg BA XQog ro dxb t^g AZ^ dva6tQStl;avtv aQa 
dg 6 FA TtQog tbv AE^ ovtcjg ro d^tb tijg AB TtQbg 
tb dnb tfig BZ, 8h FA ^Qog tbv AE Xoyov sxsi^ 
ov tstQaycovog dQvd^nbg JtQbg tstQayovov dQid^fiov 

10 xal tb dnb tijg AB aQa TtQbg tb djtb tijg BZ koyov 
Ixsi^ ov tstQaycovog dQid^fibg itQbg tstQaycovov dQid^^iov * 
6vfifistQog ocQa i6tlv ^ AB tij BZ iii^xst, xai i6tv 
tb ditb ti\g AB t6ov tolg dnb t£v AZ^ ZB' fi AB 
aQa tijg AZ (ist^ov dvvatai tij BZ 6vfLiiitQ^ savtij, 

15 EvQfivtaL ttQa 8vo ^rital Swdfisc (lovov 6v(iiistQ0L 
at BAj AZ^ &6ts triv (isi^ova t^v AB tijg iXd66ovog 
tijg AZ iist^ov dvva^Q^av tS ditb tfjg BZ 6v^iistQ0v 
satrtij ^i^xsr on:sQ ISsv dstl^ai. 

X\ 

20 EvQStv dvo ^ritdg dvvdiisc [lovov ^vfLfLi' 
tQovg, &6ts tiiv fisl^ova tr^g ikd66ovog [ist^ov 
dvva^d^ac t£ dnb d6v(i(iitQ0v savtij ^rixsL. 

^Exxsi6d^ai ^ritrj ^ AB xal 8vo tstQaycJvoi dQLd-fiol 
ot FEy EA^ &6ts tbv 6vyxsifisvov i^ avt&v tbv F^J 

25 fiil slvav tstQdymvoVj xal ysyQag^d^ca ijtl tijg AB ijfit- 

1. AB F. &Qcc] supra scr. m. 1 P. AZ] Z e corr. V. 

3. BA P. 4. AB, AZ BVb^ AZ, AB F. elaiv B. 5. 

icriv] om. P. rov] mut. in to m. 2 F. 10. xal ro — 11. 

dQtd^fiov] mg. m. 1 F (partem abstalit reparatio pergam.). 12. 

^^ aviiezQOs P. ictiv P. 14. iavty fi^^ttsi V. 15. TjvQrivzca, 
P^^b. 17. iKBliova P. ZB Bb. av(ifiirQ(p F. 18. onsQ 
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quadratus ad numerum quadratum [lemma I], ne BA^ 
quidem ad jiZ^ rationem habet, quam numerus qua- 
dratus ad numerum quadratum. quare jiB, AZ longi- 
tudine incommensurabiles sunt [prop. IX]. itaque 
BAy AZ rationales sunt potentia tantum commensu- 
rabiles. et quoniam AF: FE '^^ BA^ lAZ^y conuer- 
tendo erit [V, 19 coroU.] FAiAE ^ AB^iBZ^ [cfr. 
Ill, 31. 1,47]. sed FAi^E rationem habet, quam 
numerus quadratus ad numerum quadratum. quare 
etiam AB^iBZ^ rationem habet, quam numerus qua- 
dratus adnumerum quadratum. itaque ABy BZ longi- 
tudine commensurabiles sunt [prop. IX]. et -^jB^=-^Z* 
+ ZB^ [m, 31. I, 47]. itaque AB^ excedit AZ^ qua- 
drato rectae BZ sibi commensurabilis. 

Ergo inuentae sunt duae rationales potentia tan- 
tum commensurabiles BA^ AZ eius modi, ut maior 
AB quadrata minorem AZ excedat quadrato rectae 
BZ sibi longitudine commensurabilis; quod erat de- 
monstrandum. 

XXX. 

Inuenire duas rationales potentia tantum commen- 

surabiles eius modi, ut maior qua- 
drata minorem excedat quadrato 
rectae sibi longitudine incommen- 
surabilis. 
„ « . Ponatur rationalis ^jB et duo 

» 1 « numeri quadrati FE, EA eius 

modi, ut numerus ex iis compositus FA quadratus non 

idBi SitiaC\ irKj P, om. BFb. Seq. lemma, n. app. 23. a^t^- 
f*o/] om. FV. 24. tov] (alt.) t&v b. 
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tcvxIlov tb AZB^ xal TteTCoii^iSd^m mg b ^F nQog tov 
FEj ovt(og tb ano f^g BA ngdg to ccTtb tijg AZ, 
Kol iTts^evx^o} ii ZB. 
^0^10 iog dfj dsi^oiiev t& Ttgb tovtov^ oti, aC BA^ AZ 

5 ^ijtai b10v dvvdiiec (lovov 6viiii£tQoi,. koI inei itStiv 
ag AF JtQbg tbv FE^ ovtwg tb dxb tijg BA XQbg 
tb ditb tijg AZ^ ' dva6tQiil;avtt aQa (bg b FA itQbg 
roi/ ^E^ oSt cog tb djtb t^g AB nQog ro dnb t^g BZ, 
6 dh FA TtQog tov ^E koyov ovk i%eij ov tetQdyo}- 

vog dQid^iibg nQog tetQdymvov dQid^fiov' ovS' aQa to 
dnb tfig AB JtQbg tb dxb t^g BZ Xoyov i%ei^ 8i/ 
tetQayavog dQid^^bg XQbg tetQaymvov dQi^iiov' devfi- 
^etQog aQa i6tlv fi AB tfj BZ in^xet. xal Svvatai 
fl AB trig AZ fbet^ov t^ dnb tijg ZB d^v^yietQov 

5 iatrtij. 

At ABj AZ aQa ^ijtai elci Svvdfiec fiovov evgjir- 
^etQOi^ xal ^ AB tflg AZ jietiov Svvaxat tS dno t^g 
ZB d^v^iiitQov iavtij ^i^^xer oTteQ iSet Setl^av, 

ka\ 

EvQetv Svo iiicag Svvdfiec [lovov ^viifii- 
tQOvg ^fitbv neQie%ov6ag^ &6te fqv (lei^ova 
tijg ikd66ovog fiet^ov Svva6^av tp ditb 6v(i' 
fiitQOv iavtjj fiijxec. 

^Exxei^d^c^^av Svo ^tital Swd^ei (lovov 6vfiiietQ0t 

6 aC A^ B^ &6te ti^v A fiei^ova ov6av t^g iXd66ovog 
tijg B fiet^ov SvvMd^ai tm dno ^vfifiitQov eavtjj fLrjxei. 



1. PoBt Htti del. insS84x9:m m. 1 P. FJ P. vov} om. 

Fb. 2. BA] e corr. m. 2 V. BZ b. 3. BZ P. 4. di b, 

corr. m. 1. ig iv t^ Theon (BFVb). BA] e corr. m. 2V. 

5. etaiv B. 6. rov] om. BF. 7. FJ] JF b. 9. rJ'} 
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sit [lemma 11], et in ^^ semicirculus AZB describatur. 
et fiat ^r.rE^BA^iAZ^ [prop. VI coroU.], et du- 
catur ZB. 

iam similiter ac in praecedenti [p. 86, 18 sq.] de- 
monstrabimus, BA et AZ rationales esse potentia 
tantum commensurabiles. et quoniam est AriFE 
^BJ^iAZ^^ conuertendo [V, 19 coroU.] erit FAiAE 
^BA^iBZ^ [111,31. 1,47]. uerum FJ.^E rationem 
non habet, quam numerus quadratus ad numerum 
quadratum. quare ne AB^ quidem ad BZ^ rationem 
habet^ quam numerus quadratus ad numerum qua- 
dratum. itaque AB^BZ longitudine incommensurabiles 
sunt [prop. IX]. et AB^ = AZ^ + ZB^ [IH, 31. I, 47]. 

Ergo AB^ AZ rationales sunt potentia tantum 
commensurabiles, et AB quadrata excedit AZ qua- 
drato rectae ZB sibi longitudine incommensurabilis; 
quod erat demonstrandum. 

XXXI. 

Inuenire duas medias potentia tantum commensu- 
rabiles spatium rationale comprehendentes eius modi, 
ut maior quadrata minorem excedat quadrato rectae 
sibi longitudine commensurabilis. 

Ponantur duae rectae rationales potentia tantum 
commensurabiles A^ B eius modi, ut maior A qua- 
drata excedat minorem B quadrato rectae sibi longitu- 

in ras. V. ovx] postea ins. F. 13. tjI] corr. ex 17 V. dv 
vcLykBi b, -fAn Bupra scr. F. 14. ykBltonv b. JBZ Fb. a<ri;fi- 
^itqip BFb. 16. AZ'] JBZ Theon (BFVb).^ iloiv P. 17. 
T^] T^ P. 18. jBZ F. aavfii»,ixQqi F. oxeg iSei Sst^ai] 
Gomp. P, onsif h. 22. dno] -6 eras. V. aaviiaiv^v P. 
26. iov^ixf^ov P, et F (a del.). ft^xft] om. FVb^ nL.^B. 
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xal TTcS vnb rc5v ji, B t6ov i6r(o tb dnb rijg F, /i^- 
6ov 8h rb imb rcSv A^ B' fieaov UQa xal rb aitb rrjg 
F' iie6ri aQa xal fj F. rp 8h ajto rrjg B t6ov i6r(o 
t6 vitb rAv F, A* ^tjrbv Sh rb djtb rijg B' ^rjrbv 

5 aga xal rb VTtb rcov P, A, xal iTtsi icriv G}g ii A 
xgbg rijv B^ ovrcog rb vnb rmv A^ B itqbg rb htb rijg 
By aXXa rp (ilv vnb rmv A^ B toov i6rl rb djtb rijg 
F, rp Sh dnb rijg B i'(Sov ro V7tb rmv P, A^ ag aQa 
fi A TtQbg riiv B^ ovrmg rb djtb rrig F TtQbg rb vnb 

r&v Fy A. cog Sh rb dno rijg F TtQog rb vnb r<Sv 
r^ Aj ovrcag rj F JtQog rrjv A' 9cal (og ccQa ri A JtQbg 
rrjv B, ovr cog fj F TtQog rijv A, 6vii(i€rQog Sh fi A 
rij B Swd^Bv {lovov* ^v^i^erQog ccQa xal fj F rij /J 
Svvdii6L [lovov. xaC- icrv [liarj fj F' fbiefri aQa xal 

B fj A. xal iiteC iartv mg fi A JtQbg rijv B^ fj F TtQog 
rrjv Aj fj Sh A rijg B fiet^ov Svvarai rm dno 6v(jir- 
fiirQOv savrijj xal ^ F aQa r^g A fLet^ov Svvarac rcS 
djtb aviifiirQOv eavrij. 

EvQrivrai aQa Svo iiiaac Svvdiisi (lovov 6v(ifierQ0L 

10 at F, A ^rjrbv nsQLi%ovaav^ xal ^ JT r^g A fiet^ov 
Swdrai rco djtb avfUfiirQOv savrij fiiixec. 

^OiLoCcag Srj Sevxd^riasrav xal rp dnb dav^iiitQOv, 
orav fi A rijg B (letiov Svvrjrav rp dnb davfifiirQov 
eamfl. 



1. rgS] corr. ex rcov m. 1 P. 2. r^g] corr. ex rov m. 
2 F. 3. 8b'\_ ^ F. 4. J'\ corr. ex A m. rec. h, A €p (non F). 

5. aqa iexT P. Ante inBi ras. 3 litt. P. 7. vno] v- in 
ras. V. 8. iatl x6 b. 14. iativ PB. 15. ovta)g ^ T PV. 

16. tijg] tiJL F. tc5] corr. ex to F. davfifiitQov P, supra 
a ras. 1 fitt. B, av(i,(istQ(p (p. 17. dvv^astoct Theon (BFVb). 

18. davaaitQOv P, snpra a ras. 1 litt. B, avfiiiitQO} F. 19. 
TivQfjvtat V b, F m. 2. a^a] supra scr. m. 2 B. 21. davur- 
fiitffov P, supra a ras. 1 litt. B. 22. Si FV. t^] to F V. 
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dine commensurabilis [prop. XXIX]. et sit I^ = -^ X B. 

aerum AxB medium est [prop. XXI]. itaque etiam 

r^ medium est; quare F est media [id.]. 

sit autem rXjd = B^, uenim B^ rationale 

est. itaque etiam Fx^ rationale est. et 

quoniam est A:B = AxBiB^ [cfr. prop. 
A B r 2 XXIlemma], et r2 = ^XB, B2 = rx^^ 

erit A:B^r^:rxA. est autem r^:rxA = r:A 
[prop. XXI lemma]. quare etiam A:B = r:A, uerum 
Ay B potentia tantum commensurabiles sunt. itaque 
etiam P, A potentia tantum commensurabiles sunt 
[prop. XI]. et r media est. itaque etiam A media 
est [prop. XXIII]. et quoniam est A:B = r:Ay et 
A^ excedit B^ quadrato rectae sibi commensurabilis, 
etiam I^ excedit A^ quadrato rectae sibi commensu- 
rabilis [prop. XIV]. 

Ergo inuentae sunt duae mediae potentia tantum 
commensurabiles F, A spatium rationale comprehen- 
dentes, et jP excedit J^ quadrato rectae sibi commen- 
Burabilis. 

Similiter demonstrabimus, I^ excedere A^ quadrato 
rectae sibi incommensurabilis, si A^ excedat B^ qua- 
drato rectae sibi incommensurabilis [prop. XXX]. 

avfifiSTQOv P, et F, corr. m. 1. 23. rj A] om. P. dv 
VT^arirai B, dvvi^asrcci L, dvvrjrai 17 ^ P. avfiiiirgov P. 24. 
Seq. lemma, u. app. 
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EvQBlv Svo (is6as dvvciiisi fiovov evfiiis- 
TQOvg (ii6ov 7tSQVsxov6as, S6ts rfjv (isi^ova 
tijs ika66ovos (ist^ov Svva^d^aL irc5 aTCo 6vii- 

6 (idtQov savtij, 

'Exxsi^d^mOav tQSts ^fjtal SvvdiiSL (i6vov 6v(i(istQOL 
at A^ Bj r, S6ts tfjv A tijs F (ist^ov Svva^d^at tS 
dxo 6v(i(ihQ0v savtij^ xal tA (ihv vtco rcov A, B t6ov 
£6ta) to aTcb tijs A, (is6ov UQa ro aTto tijs ^' xal 

Q il ^ aQa (ii6rj i6tCv. t^ S% VTto t&v B^ F t6ov i6t(D 
tb vnb tmv jd^ E. xal iycsi i6tvv ms to V7tb tmv A^ 
B TtQbs ^o VTib tSv B, r, ovtos ^ A TtQbs tijv I^, 
aAAa tm (ihv V7tb tmv A^ B t6ov i6tl tb dytb tijs ^^ 
t& S\ vitb t&v Bj r t6ov tb VTtb tciv A, E, i6tcv 

5 aQa (os fj A TtQbs ^^^ f) ovtcos tb djtb tr^s A TtQos 
tb VTtb tAv A^ E. d)s Sh tb dnb tijs A TCQbs tb vitb 
tAv A^ E^ ovtas ^l ^ TtQbs '"^W ^' ^^ ^S &QCC ^ A 
3rp6g tfiv r^ ovtcDS fi A TtQbs tijv E. 6v(i(istQ0s Sh 
ri A tjj r Svvd(iSL [(lovov]. 6v(i(istQ0s aQa ocal ^ ^ 

tij E Swd(LSL (Lovov. (is6fi Sh fj A' (li^rj aQa ical 
rj E. xal iTtSL i6tLV d)s fj A TtQog tijv F^ rj A TtQbs 
tf]v E, rj Sh A tijs F (ist^ov SvvataL tm ditb 6v(i(iS' 
tQOv savtijy xal rj A aQa tijs E (istiov Swi^6staL rS 
dTtb 6v(i(iitQ0v savtij. kiyo dij, ort xal (ii6ov i6tl 

6 ro V7tb tmv A^ E. i%sl yaQ t6ov i6tl ro V7tb tSv 
By r tp vnb t&v A^ E^ (ii6ov Sh ro VTtb tmv 5, F 



4. kXfkxxovoq FV. (is^iova L, et B, sed corr. avftfic- 

tQOv'] d- add. m. rec. b. 6. avTrj L. 6. ^rjtal a[ A, B, F V. 

7. at A, JB, r] om. V, at A, B b. ' (isi^ova L, et B, sed 

corr. 8. av(iiistQov] d- add. m. rec. b. t£] to L. 10. 

iatt V, comp. Fb. 11. to vno tmv J, E] m. 1 b, supra scr. 
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XXXIL 

Inuenire duas medias potentia tantum commensu- 

rabiles medium comprehendentes eius modi^ ut maior 

quadrata minorem excedat quadrato rectae sibi com- 

mensurabilis. 

j^ , Ponantur tres rectae 

-^' 1 rationales potentia tantum 

E, , commensurabiles A^ B^ F 

J^' • eius modi^ ut J^ excedat 

r^ quadrato rectae sibi commensurabiUs [prop. XXIX], 

et sit jd^ = AxB. itaque ^ medium est; quare etiam 

jj media est [prop. XXI]. sit autem jdxE = Bxr. 

et quoniam est AxB:Bxr=A:r [prop. XXI 

lemma]^), et ^ = AxB, ^XE^BxFy erit A:r 

= z/*:^X£. uerum ^:JxE=^:E [prop. XXI 

lemma]. quare etiam A : r= ^ : E. sed ^, F potentia 

tantum commensurabiles sunt. quare etiam ^, E po- 

tentia tantum commensurabiles sunt [prop. XI]. ^ 

autem media est. itaque etiam E media est [prop. 

XXTTT]. et quoniam est A:r=^:Ey et A^ excedit 

r^ quadrato rectae sibi commensurabilis, etiam ^ 

e^cedit E^ quadrato rectae sibi commensurabilis [prop. 

XIV]. iam dico, ^XE etiam medium esse. nam 

1) Nam AiB ^ AxBiB^ (cfr. Bupra p. 92,5), B : T = 
B«:JBxr. 

m. rec. %& dnb tov E. 13. iat£v L. 14. Caov ict£ Y. to 
vno tmv z/, £] m. 1 b, supra scr. m. rec. tm dno tov E. 16. 
To vno tmv z/, E] m. 1 b, supra Bcr. to ano tov £. mg da] 
dl£ «off V. 19. ii6vov'\ om, P. 22. tc5] corr. ex to m. 2 P. 

dWfifiiT^ovJ a- add. m. rec. b, item lin. 24. 24. iatlv L. 

26. iistiv L. To] to5 V, et b, Bed corr. 26. t& vnb tmv 
z/, £] m. 1 b, Bupra scr. m. rec. too dnb tov £. to] tco P. 



96 STOIXEiaN i. 

[at yuQ 5, r ^rixaC b16l Svva^Bi ^ovov 0v^^€rQOt]^ 
(id6ov aga xal ro V7tb rmv jd, E. 

EvQfjvrav a^a 8vo ii66aL Svvd^isv [lovov 6v^^6rQov 
al ^5 E ^i6ov 7t6QL6xov6ai, S6r6 rrjv [iBi^ova r^g ikd6- 
5 60V0Q fi6t^ov Svva6%aL rp ano ^vii^ihQOv iavry, 

^OlLoiG^g Sij Tcdkiv S^ijil&Yi^^rav xal rd ajro «(Jv/x- 
fiirQov, orav ij A rijg F (i^t^ov Svvrjrat r& «jro «(Jv/x- 
[lirQOv iavrjj, 

Arjii(ia. 

.0 "E6rm rQLycDVOv OQd-oydviov rb ABF OQ^iiv i%ov 
rr^v A^ xal ^^-S*© xdd^erog fj A^' liycD'^ orv ro il\v 
vnb r&v FB^ t6ov i6rl r£ dnb rrjg BA^ rb Si imb 
rmv BFjd t6ov rS anb r^g FA, xal rb vnb rmv Bzl^ 
/dr t6ov rp dnb rr^g A/d^ xal irt rb vTtb rSv BF, 

,h Ajd t6ov [i^rXl rm imb r&v BA^ AF. 

Kal TCQ&roVj orr ro vicb r£v FBA t6ov [i6rl] rS 
aTto rrig BA. 

^Ejt^l yaQ iv OQd^oyovip rQiydvm aTtb rtjg OQ^rig 
yovCag i%l rriv pd6LV xdd^^rog rixrai fj AA^ rd AB^^ 

\0 AAF aQa rQCyova o(iOLd i6rt rp r6 oAco ra ABF 
xal dkki^koig. xal i^t^l o^iotov i6rt rb ABF rQCyo)- 
vov rc5 ABA rQiydvG)^ i^riv aQa dtg rj FB TtQog rr^v 
BAy ovrog fj BA TtQog rrjv BA* ro aQa vnb rc5v 
FBA t6ov i6rl rp ditb rrjg AB. 



1. atydg — avfifistQOt] om. LFVb, mg. m. 2 B. statvP. 
2. %a£] om. L B. z6 vno tmv J^ E] m. 1 b, snpra scr. m. rec. 
xodnorovE. S. riVQTivxoci LFYh. ^.xrivfiivV. 6. cvfifii- 
TQov] a- add. m. rec. b. 6. xm] xo V. cvfifiSTQov L, et BF, sed 
corr. 7. dvvaraiPb. avfi|Li£T^ov L, et B F, sed corr. 8. Post 
savtij add. onsQ idst d£r|at Y. Seq. lemma, u. app. 9. Xrjfifio] 
om. L. 10. ix^v P. 11. A] vno BAT Theon (LBFVb); yQ. 
tJiv vno BATmg. P. 12. FBd] supra add. B PV. ictCv L. 
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quoniam Bx r= J X E, et BxF medium est 
[prop. XXI], etiam ^XE medium est 

Ergo inuentae sunt duae mediae potentia tantum 
commensurabiles medium comprehendentes z/, E eius 
modi, nt maior qnadrata minorem excedat quadrato 
rectae sibi commensurabilis. 

Similiter rursus demonstrabimus, J^ excedere E^ 
quadrato rectae sibi incommensurabilis, si A^ excedat 
r* quadrato rectae sibi incommensurabilis [prop. XXX]. 

Lemma. 

Sit ABF triangulus rectangulus rectum habens 
angulum A, et ducatur perpendicularis Ad. dico, esse 

rsxBA^BA^, Brxr^=rA^, b^xat^aa^ 

BrxAA = BAxAr. 

et primum, esse rBxBA = BA^. 

j^ nam quoniam in triangulo rect- 

r?^^ ] angulo ab angulo recto ad basim 

jg i/ \A ^^^j p perpendicularis ducta est A^, trian- 
"" \ / guli AB^, A^r et toti ABF et 

inter se similes sunt [VI, 8]. et 
quoniam ABFc^ ABA, erit FBiBA = BA:BA 
[VI, 4]. quare [YI, 11] rBxBA=AB\ 



13. BFz^] supra add. r PF; BT, F/i e corr. V. Uaov] 
supra 8cr. m. 1 P. tiJs] om. Bb. AF tp. BJF^ supra 
add. J m. rec, P. 14. B F] e corr. V. 15. hxi] om. 
LBFVb. Twv] om. P. 16. tc3v] om. P. TBz/] FVb, 
Bm.2; FB LB; FJB P; FB, B/i FVm.2, Pm.rec. hxi] 
om. LBFVb. 19. ■va] corr. ex T^t m. 2 B. ABJ] J in 
ras. m. 1 P. 20. JAT^ L. iativ LPB. 22. ABJ] B 
in ras. V. 23. BA] AB <p. BA] mut. in AB V. 24. 
TB, Bd 9, m. rec. P, m. 2 V. 

Euolides, edd. Heiberg et Menge. IH. *l 
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^tcc ta avtcc drj xal ro VTtd rmv BF^ l'0ov i6tl 
t& anb f^g AF. 

Kal iTtBL^ iav iv OQd^oyfoVLG) tQiycivp ano r^g oq- 
%i^Q yovlag ijtl tijv pdctv xdd^stog d%%iiy rj dxd^etca 

6 tmv trjg pd0Bog tiirj(idtov iiB6rj dvdkoyov i6tiv^ i'6tLV 
aQa mg fj B^ TtQog tr^v AA^ ovtfQg vi Ajd itqog tr\v 
AT* ro dqa vito t&v BA, AF i6ov i6tl ta dito 
trjg ^A, 

AiycD^ oti xal tb vjto tcov BF^ AA t6ov i6tl rc5 

vTto tcov BAy AF. iTtBl yaQ^ cog itpa^LBv^ o^oiov i6tc 
to ABF tip ABA^ i6tiv ccQa mg 17 ^^ ^Qog trjv 
FA^ ovtayg ri BA XQog trjv AA \idv 8\ tB66aQsg 
svd^stai dvdkoyov g)6vv^ ro V7to tmv axQcov l'6ov i6tl 
t£ vTto tfSv [ii6c3v}, ro a^a vnh t&v BF^ AA t6ov 

.6 i6tl rra v7to tcov BA^ AF' outSQ idst dst^ac. 

A/. 

EvQstv Svo svd^siag dvvd^ist d6viiiiBtQovg 
%0L0v6ag th [ihv ^vyxsiiisvov iz tcov dii avtcov 
tstQaycovcov ^rjtov^ th d* V7t avtav [li^ov. 

* Exxsi^d^co^av Svo ^rital Svvd^st ^iovov 6vii^BtQOc 
al AB^ BF^ &6tB trjv ^isiiova tr^v AB r^g ikd66ovog 
ti]g BF [iBt^ov Svva6%aL t& djtb d^v^^stQOv savf^, 
xal tBt^i^6%co fj BF Sl%a Katd tb A^ xal t^ dq)* 
OTtotBQag tSv BA^ AF i'6ov TtaQcc trjv AB TtaQafis- 

6 pki^6%co naQakkrjXoyQa^iiov ikkstnov bISbl tstQaycova), 
xal i6tco tb V7tb rcov AEB, xal ysyQdg^d^co ijtl t^g 



1. BT, rj m. rec. P, m. 2 V. iari] om. Fb. 3. 

Tptyo)!/^] supra scr. comp. m. 2 B. 6. >i^] JA B. 10. 

iffTt] postea ins. F. 11. ABF xqiymvov F. ABJ^ ATJ 

BFb, et supra scr. B m. 1 V. 12. rA"] A in ras. V. AJ] 
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eadem de causa etiam BrxF/d = AI^, 
et quoniam, si in triangulo reetangulo ab angulo 
recto ad basim perpendicularis ducitur, recta ducta 
media est proportionalis partium basis [VI, 8 coroU.], 
erit BA\^A = AJ\/ir. quare [VI, 17] B^xJT 
= JAK 

dico, esse etiam BFx AA = BA X AF. nam 
quoniam, ut diximus, trianguli ABT^ ABA similes 
sunt, erit [VI, 4] BriTA = BAiAA. itaque^) 
BrxAA = BAxAr [VI, 16]; quod erat demon- 
strandum. 

xxxni. 

Inuenire duas rectas potentia incommensurabiles, 
quae summam quadratorum suorum rationalem efficiant, 
rectangulum autem medium. 

Ponantur duae rationales potentia tantum commen- 
surabiles AB^ BF eius modi, ut maior AB quadrata 
minorem-BJTexcedat quadrato rectae sibi incommensu- 
rabilis [prop. XXX], et ^JT in ^ in duas partes ae- 
quales secetur, et quadrato BA^ uel Aiy aequale 
parallelogrammum rectae AB adplicetur figura qua- 
drata deficiens [VI, 28] et sit AExEB, et in AB 



1) Uerba quae praecedunt damnani, quia non magis est, 
cur haec propositio omnibus uerbis citetur, quam VI, 17 , qua 
bis in hoc lemmate tacite usus est. 



JA w, 13. mai V. to"* 



r 



corr. ex tc5 V. 15. tw] corr. 
ex to m. 1 F, to q>, tmv] om. Bb. Seq. demonstr. alt., u. 
app. onsQ ^dsL Ssi^ai] comp. Pb, om. BFV. Seq. lemmata, 
u. app. 19. $s F. 21. iXccttovog b, comp. F. 22. fistSova 
P, corr. m. rec. 23. tm] corr. ex to m. 1 V. 26. nuQaX- 
XriXoyQanov P. 26. AE,' EB V, P m. rec. 
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AB riiicTcvxXtov ro AZB^ xccl fjxd^cj ry AB TCQog oQd^ccg 
Tj EZj Tcal ixs^evxd^cD^av at AZ^ ZB. 

Kal ixBl [dvo] evd^stat avi6oC sl6tv at AB^ BFj 
xal rj AB rrjg BF iist^ov Svvarau rp aTtb aCvin^irQov 

6 iavry^ rp Sh rsrccQrp rov ajeb r^g BF^ rovricri rdf 
aitb rijg fi^L6siag avrijg, t6ov naQa r^i/ AB TtaQafii- 
pXfjrac xaQaXXfjXoyQaiiiiov ikXstJCov stSsi rsrQaydvcn 
xal xoist ro vTcb r£v AEB^ d6vii(jisrQog aQa i6tlv ij 
AE ry EB, xai i6riv Sg fi AE TCQog EBj ovrc^g 

.0 rb imb rmv BA^ AE TCQbg rb vnb rmv AB^ BE^ t6ov 
S^ rb (ihv VTcb rmv BA^ AE r& anb ri]g AZ^ rb 8% 
vTcb rc5v AB^ BE rm axo rijg BZ' d6viiiisrQ0V aga 
i6rl ro dxb rijg AZ rA dicb riig ZB' al AZ^ ZB aga 
SvvdfjLSv sl6iv d6vn(isrQ0L, xal ijcsl fi AB Qtirrj i6rvv^ 

.5 ^rjrbv aQa i6rl xal ro djcb rijg AB' m6rs xal rb 
6vyxs£(jisvov ix rciv djcb r&v AZj ZB Qrjrdv i6rvv, 
xal ijcsl TtdXcv rb vTcb rmv AE^ EB t6ov i6rl rm 
dnb r^g EZ^ VTCoxsvrai S% rb imb rSv AE^ EB Tcal 
r& dTcb rijg BA t60Vj t6ri aQa i6rlv rj ZE rfi B^' 

50 SLTCXr^ aQa rj BF rijg ZE' &6rs xal ro vjcb rmv AB, 
Br 6v(i(isrQ6v i6rL rp vTcb rSv AB^ EZ, (is6ov Si 
ro VTcb r£v AB^ BF' (ii6ov aQa xal ro vTcb rciv ABj 
EZ. t6ov S% rb vnb rcov AB^ EZ rm vnb r&v AZ^ 
ZB' [li^ov aQa xal ro VTcb rciv AZ^ ZB, iSsix^ 

55 Sh xal ^rjrbv ro 6vyxsi(isvov ix rmv dn avr&v rs- 

rQaydvov, 

1. AB] AEB b. ABZF, 3. Svo] om. P, post svd^s lai 
ins. m. 2. at] m, rec. P. 4. aviiiiitQov FV, corr. m. 2. 
6. To (t^o V) dh xixaqxov BFVb, corr. m. 2 BV (rera^T^o m. 
rec. b). T^ff] T^s iXdoGovoq rijg Theon (BFVb). tovxic- 
tiv P. T99] To Fb, corr. ex rd m. 2 B. 6. taov] om. Fb, 
m. 2 B. 7. naqaXlTiloyqaikiiov} om. Fb, m. 2 B. 8. ^£, 
,EB V, m. reo. P. 9. nQoq vqv EB V. 10. tmv] (alt.) om. P. 
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describatur semicirculus 
AZBj et ducatur ad jdB 



^ perpendicularis EZ, et du- 
^^~^ cantur ^Z, ZB. 

et quoniam jiB, BF inaequales sunt rectae, et 
jiB^ excedit Bjy quadrato rectae sibi incommensu- 
rabilis, et quartae parti quadrati Biy, hoc est (^BJT)^, 
aequale parallelogrammum rectae jiB adplicatum est 
figura quadrata deficiens et efficit AExEB, jiE et 
EB incommensurabiles erunt [prop. XVIII]. est autem 
AEi EB = BAxAEiABxBE [u. p. 95 not.]; et 
BAXAE= AZ^, ABXBE= BZ^ [u. lemma]. 
itaque AZ^, ZB^ incommensurabilia sunt [prop. XI]. 
quare AZ, ZB potentia incommensurabiles suni et 
quoniam AB rationalis est^ etiam AE^ rationale est. 
itaque summa quadratorum ^Z^-f~ ^^^ rationale est 
[1,47]. et quoniam rursus ^^xS5 = £Z^[u.lemma], 
et supposuimus, esse etiam AE X EB = B/^, erit 
ZE^BJ. itaque J5r=2 ZK quare etiam ABxBF 
et ^jBx^Z commensurabilia sunt [prop. VI]. uerum 
ABxBF medium est [prop. XXI]. itaque etiam 
AB X EZ medium est [prop. XXTTT coroU.]. uerum 
AB X EZ = AZ X ZB [u. lemma]. itaque etiam 
AZxZB medium est. demonstrauimus autem, etiam 
summam quadratorum earum rationalem esse. 

12. ZB P. 13. iath P. ^ ZB] (prius) BZ FVb. 14. 
icxt BV, comp. Fb. 16. ^t^tov aga Iffr^] mg. m. 1 F. 16. 
Iffrt BV, comp. Fb. 19. BJ] (alt.) in ras. m. 1 P. 20. x^g] 
corr. ex t^ m. 1 V. 21. avfiiistQOv] dmXaciov Theon (BFVb); 
mg. m. 1: dia to triv BF StnXaciova stvat tijg BJ^ triv S\ 
Bjd tariv sXvai t^ EZ pro scholio P. tco] tov Theon (BFV). 

22. >iJBr BFb, et V, corr. m. 2. 23. Si} om. b. 
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EvQrivxai &Qa Svo evd^stat dvvd^et, a(Svii[isrQoc 
aC AZ, ZB TCoiovCai xo ^sv CvynsCinsvov ix x&v ai^ 
avtAv xsxQaydvcDV ^i^rpv, xo Sh vit avx&v [isOov 
OTtsQ SSsL Sst^av, 
5 Ad'. 

EvQstv Svo svd^SLag Svvd(iSL dtSv^fisxQOvg 
7C0L0v6ag xo iihv Ovyxsi^svov ix xAv dn av- 
xc5v xsxQaycivcov fi^tfov, x6 d' V7t* avxcov Qtixov. 

*EKKSL6^a6av Svo fiiiSaL Svvd^iSL [lovov Cv^iisxqol 
at ABy Br Qtjxov 7CSQLi%ov6aL xo vt^ avx&v^ &6xb 
xfjv AB xijg BF ^ist^ov SvvaG^at rc5 ccno diSviiiii- 
XQOv savxrj^ xal ysyQdtpd^cn inl xrjg AB xo AAB 
thllkvkXlov^ Kal xst^n^tSd^a) ij J5F d^%a xaxd xb E^ xal 
7CaQaPsPki]6^a) TcaQa xrjv AB xp dno xrjg BE t6ov 

5 TCaQakkrjloyQafi^ov ikkstnov sI'Ssl xsxQaydvo) xb wcb 
xmv AZB' d^v^i^STQog ccQa \[i(Sxlv] fj AZ xfj ZB 
(iT^xsL. xal i]x^(*> dTcb xov Z xrj AB nQbg OQd^dg 17 
ZAy xal iTCs^svxd^o^av al AA^ AB, 

^EtcsI dovfiiisxQog ioxLV fj AZ xfj ZB^ d(Sv(i(isxQOV 
aQa i6xl xal xb vTcb x(5v BA^ AZ rc3 v%b xciv AB^ 
BZ. l'6ov Sh xb (isv vtcc xcov BA^ AZ xm dnb xr^g 
Ajd^ xb S\ vTcb x&v AB^BZ x& djcb xrjg jdB' dovii" 
(isxQOv aQa icxl xal xb dnb xrjg A^ x& dicb xr]g jdB, 
Tcal iTCsl (LS60V ioxl xb aTcb xr^g ABj (lieov aQa xal 

6 xb 6vyxsL(isvov ix xAv d^cb xmv A^d^ /IB. xal iTCsl 1 

1. rivQTjvtat FV. 3. (riTmv b, corr. m. 1. S' BVb. 

dn' F. 4. Sst^ai,'} svQstv b, mg. m. 1: y^. dst^ai; in F 
mg. m. 2: yg. svqbiv. 7. to] corr. ex tov P. 8. Si F. 11. 
av(ifistQov F, corr. m. 1. 16. iXXstnov stdsi tstQaycavm] om. 
Fb, m. 2 B. to] noiovv to V. 16. tmv AZB] non liquet Fi 

AZ, ZjB V. avfifistQog qp, et B, corr. m. 2. iat^v] om. P, 
^atai (p. ZB] BZ P. 18. ZJ] JZ e corr. m. 2 V. dB] 
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Ergo inuentae sunt duae rectae potentia incom- 
mensurabiles AZ^ ZB^ quae summam quadratorum 
suorum rationalem efficiant^ rectangiilum autem me- 
dium; quod erat demonstrandum. 

XXXIV. 

Inuenire duas rectas potentia incommensurabiles, 
quae summam quadratorum suorum mediam efficiant, 
rectangulum autem rationale. 

Ponantur duae mediae potentia tantum commen- 
surabiles spatium rationale comprehendentes AB^ BF 

eius modi, ut AB^ exce- 
dat BI^ quadrato rectae 
sibi incommensurabilis 
z B E~~^^ [prop. XXXI], et in AB 
describatur AAB semicirculus, et -BF in £? in duas 
partes aequales secetur, et rectae AB quadrato BE? ae- 
quale parallelogrammum adplicetur AZxZB figura 
quadrata deficiens [VI, 28]. itaque AZ^ ZB longitu- 
dine incommensurabiles sunt [prop. XVIII]. et a Z ad 
rectam AB perpendicularis ducatur Z^, et ducantur 
Ad, JB. 

quoniam AZ, ZB incommensurabiles sunt, etiam 
BAxAZ Qi ABxBZ incommensurabilia sunt [prop. 
XI]. uerum BAxAZ = AA\ ABxBZ = AB^ 
[prop. XXXn lemma]. ergo A^^y AB^ iucommensu- 
rabilia sunt. 

et quoniam^5^ medium est, etiam AA^-^-AB^ 
medium est [III, 31. I, 47]. 

corr. ex JF Y. 19. tiocI insi V, insl ovv m. rec. P. 23. 
i<sx£v P. xriq] (alt.) om. P. FB b, corr. m. 1. 25. z/B] 
in ras. Y. 
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diJtX^ i6tvv fi Br r^g z/Z, SijeXd^iov &Qa xal ro 
im6 x&v AB^ BF xov vnb tSv AB^ ZA, ^ritbv 6% 
xb vTcb tSv AB^ BF' ^rixbv &Qa xal tb vitb tmv ABj 
ZA. xb dl VTcb xAv AB^ ZA l'6ov xp vjtb x&v A^y 
h AB' ScxB xal xb vnb xAv AA^ dB ^tjxov i6xiv, 

EvQfjvxat &Qa dvo svd^stai Svvd^iBi a6v(i[i6XQ0i at 
AA^ dB 7Coiov6ai xb [fi^v] 6vyx£iii£vov ioc xmv an 
avt&v texQaydvcjv (ii6ov, tb d' vtc avxAv ^ritov" 
07C£Q iS£L S^t^at, 

^' 

EvQ£tv Svo svd^^iag Svva(jL£t d6v(i(iixQ0vg 
notov6ag xo x£ (Svyx£i(i£vov ix x£v dn avxAv 
x£XQay(6v<x)v (ii6ov xal xo vn avx&v (ii6ov xal 
ixt d6v(i(i£XQ0v xp 6vyx£t(iiva) ix xAv dn av- 

6 x(3v x£XQay(6vG), 

^Exx^i^d^cj^av Svo (ii6at Swd(ji£t (lovov 6v(i(i£XQo^ 
at ABj BF (ii6ov n£Qti%ov6at^ &6tB xiiv AB r^g BV 
(i£t^ov Svva^d^at xp dnb d6v(i(iixQov iavxy, xal ys- 
yQa^pd^cD inl t% AB r^^itxvxXtov xb A^B^ xal rd 

Xotnd y£yovix(o xotg indvc) 6(iotog, 

Kal in£l d6v(i(A£tQ6g i6ttv ff AZ xfi ZB (ii^TCBty 
d6v(i(i6XQ6g i6tt xal rj A^ xfj ^B Swd(ist, xal inBl 
(ii6ov i6xl xb dnb trjg AB^ (ii6ov &Qa xal xb ^vyxst- 
(i£vov ix xSv dnb xdiv A^d^ jdB. xal iml xb vnb 



1. dmXri] BmXacCmv Theon (BFVb). 2. rov] e corr. F. 

Post Zjd add. &fstB xal avfia8T(fov Y, B m. 2. 8. Post JBJT' 
add. Theon: vn6%B txai ya^ {ovxmg add. V) (BFVb). 4. Z/f\ 
corr. in fiZ m. 2 F, corr. ex £Z m. rec. b. to] x^ BF, x^ 
8\ Tc5 b. Tc5] t6 BFb. tcov] om. Pb. 6. rivqrivzat Vn. 

avfifiCT^ot P, corr. m. 1. 7. fi^v] om. P. 8. XBTqdymvov 
P et V, sed corr. 8b F. 9. omQ iSst Seiiat] comp. P, 
om. BF Vb. 10. Xs' F, corr. m. 1. 18. xBTQaymvov b, et P, 



\ 
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et quoniani 5r = 2^Z, erit etiam JBxBr= 
2 AB X Zz/. uerum ABxBF rationale est. itaque 
etiam AB XZA rationale est [prop. VI; def. 4]. uerum 
^BxZ^=»-^^Xz^-B [prop. XXXII lemmal. quare 
etiam AAxAB rationale est. 

Eigo inuentae sunt duae rectae potentia incommen- 
surabiles AA^ AB^ quae summam quadratorum suorum 
mediam efficiant^ rectangulum autem rationale; quod 
erat demonstrandum. 

XXXV. 

Inuenire duas rectas potentia incommensurabiles, 
quae et summam quadratorum suorum mediam effi- 
ciant et rectangulum medium et simul summae quadra- 
torum incommensurabile. 

Ponantur duae mediae potentia tantum commen- 
surabiles AB, ^Fmedium comprehendentes eius modi, 
ut AB^ excedat BI^ quadrato rectae sibi incommen- 
surabilis [prop. XXXII], et in AB semicirculus descri- 
batur AAB, et reliqua fiant, sicut supra. 

et quoniam AZ^ 
^ ZB longitudine in- 

commensurabiles sunt^ 
etiam AA, AB po- 
tentia incommensura- 
biles sunt [prop. XI]. et quoniam AB^ medium est, etiam 
AA^ -|- AB^ medium est [prop. XXIII coroll.]. et 

sed corr. 17. B F] (alt.) F b. 18. avfifiixQov b et F, corr. m. 1. 

19. AJB] corr. ex AFB m, l h, ABJfp, 20. ysyovszo)] 
siipra 8cr. F. indvm slQrjfiivoig Y. ouo^mg] om. Fb, m. 2 
BV. 21. insi] om. B, corr. m. 2. emv J snpra m. 1 P. 

ZJ3] J3Z B. 22. iati] aqu iotC F, iativ fi. 
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xAv AZ^ ZB i'6ov i6rl r£ dq)^ ixccriQag r&v BE^ ^Z^ 
l'0fl &Qa i6x\v Yi BE rrj jdZ* SiTck^ aQu rj BF r^^g 
Z/i' S6rs xal ro v7to r&v AB, BF di^Xa^iov iorv 
roi) imb xdiv AB^ ZA, [li^ov Ss x6 vtco x&v AB^ 

h BF' ^ioov OLQa xal xb vtco xAv ABj ZA. Ka£ ioriv 
l6ov rp vTCo rcov AA^ AB' [ii6ov aQa xal ro vjco 
x(5v AA^ AB. xal iutsl d^viiiisxQog i6XLV rj AB rrj 
BF iLYiTisi^ 6v^^srQog Sh rj FB rrj BE^ d0v[i(isrQog 
aQa xal r; AB xij BE fi^^xsL' S6xs xal xo dyto rijg 

10 AB Tc3 vTto X(DV ABy BE d^vii^sxQov icxiv, dXXa 
xp iisv djto xrjg AB l'6a i6xl xd djto xcov AA^ ^dB^ 
xp Sh V7td xiSv AB^ BE l'6ov i6xl xo vnb x&v AB^ 
ZA^ xovxi6xL xb vnb xmv AA^ AB' d6v(i(isxQOV aga 
i6xl xo 6vyxsLiisvov ix rcov dnb xAv AA^ AB xS 

15 VTtb xAv AA^ AB, 

EvQfjvxaL aQa Svo sv^slaL al AA^ AB SvvdgiSL 
d6viiiisxQ0L 7t0L0v6ai xo xs 6vyKSL[isvov ix xciv di^ 
avxmv (ii6ov xal xb vt^ avx&v ^i6ov xai ixL d6v(i- 
fisxQOV xS 6vyxsLiiivG) ix xAv d% avxcov xsxQaydvayv' 

20 OTtSQ iSsL Sst^aL, 

^Eav Svo Qr\xa\ SvvdyiSL [lovov 6v[1[isxqol 

O^vvxsd^m^LVyfi oXi] aXoyog i6XLv^ xaksL^d^o Si 

- ix Svo ovofidxcDV. 

26 UvyxsL^d^cDcav yccQ Svo Qi^xa\ Swd^iSL fiovov 6vfi' 

^sxQOL at AB^ BF' kiycj, oxl oAiy rj AF akoyog i6XLV, 

1. AZ"] JZ b. Tc5] To5 dno P, corr. m. rec. 3. z/Z 
BFb. 4. Tov] To F, corr. ex to m. rec. P, mut. in t^ m. 1 b. 

TO vno — 6. aga 7ia£] mg. m. 2 B. 8. BF] FB F. FB] 
mut. in jBF V. 9. AB] BA e corr. m. 2 V. t6] ins. m. 
2 F. 10- t^S] corr. ex to F. avfifiszQov F, corr. m. 1. uqu 
iat£v b, aQa supra add. F. 11. iativ P. Tmv] ins. m. 2 F. 

12. To5] corr. ex td m. 1 F. 13. JZ B. xovxiaxiv P. 14. 
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quoniam AZxZB = BE? = JZ^, erit BE == JZ. 
itaque 5 T = 2 Z ^. quare etiam j^BxB F = 2jiB 
X Zz/. uerum ABxBF medium est. itaque etiam 
AB XZ^ medium est. et ABxZJ = A^x^B 
[prop. XXXTT lemma]. itaque etiam AA X AB me- 
dium est. et quoniam AB^ jBriongitudine incommen- 
surabiles sunt, et FB, BE commensurabiles^ etiam 
ABy BE longitudine incommensurabiles sunt [prop. 
Xni]. quare etiam AB^ et ABxBE incommensura- 
bilia sunt [prop. XXI lemma; prop. XI]. uerum AzJ^ 
+ AB^ = AB^ [1,47] et ABxZA = ABxBE 
= AAXAB. itaque AA^ + AB^ et AAxAB in- 
commensurabilia sunt. 

Ergo iQuentae sunt duae rectae AA, AB potentia 
incommensurabiles, quae et summam quadratorum 
suorum mediam efficiant et rectangulum medium et 
simul summae quadratorum incommensurabile; quod 
erat demonstrandum. 

XXXVI. 

Si duae rectae rationales potentia tantum commen- 
surabiles componuntur, tota irrationalis est, uocetur 
autem ex duobus nominibus. 

, , , Componantur enim duae 

-^ B r rectae rationales potentia tan- 

TflSv] (prius) mnt. in xriq ni. 1 b. IQ. at AJ, JB'] om. V. 

18. ccvzoav TStQayoovcov V. fisaov %a£'] nag. V. xal rol 
seq. ras. 1 litt. V, t6 ds Fb, to S' B. 20. otcsq ^dsi Ssi^av] 
comp. P, om. BFVb. Seq. dgx^ tdiv xaTa avvd^saiv s^ddav 
BFb, mg. Y; et in mg. ivtevd^sv a^^i^STat nagaSMvai %atd 
avvd^saiv H («J^ff V) dXoyovg BFVb. 21. X<s'] mut. in X^' F. 

23. iati BV, comp. Fb. TtaXsitat P. 26. oXri] om. FVb, 
m. 2 B. AB hf corr. m. 1. 
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dvvdiiet yccQ fiovov slol 6v(ifistQ0t' (og dh ri AB nQog 
rrjv -BJT, ovtayg ro vjco tc5v ABF XQbg rd ccTcd tijg 
BFj d6v(i^€tQ0v aQtt i6tl ro tmo tSv AB^ BF tm 
5 djto t^g Br. dXXd tp iihv imb tmv AB^ BF 6vfir- 
(istQOv i6tL ro Slg vnb tSv AB, -BJT, rd Sh dnb tijg 
BF 0v[iiistQd i6tt td dnb tmv AB, BF' at yaQ AB^ 
BF ^r^taC sl6i Svvdfist ^ovov 6v(iiistQ0v' d6vii(istQ0v 
aQa i6tl ro Slg vicb t&v AB^ BFtolg dnb tmv AB^ BF. 

10 ^al 6vv%svtL tb Slg vnb tmv AB^ BF futd tmv dnh 
tSv ABj BF, tovti6tt tb dnb t^g AF^ d6v(iiistQ6v 
i6tL tp 6t}yxsL(iivc) ix tcov dnb t&v AB, BF. ^ijtov 
Sh tb 6vyxsL(LSvov ix xAv d%b tciv AB^ BF* aXoyov 
aQa [i6tl] tb dnb tijg AF' &6ts xal ri AF aXoyog 

15 i6tLVy xaksL6^cj Sh ix Svo dvofidtcjv otcsq iSst 
Sst^aL, 

^Edv Svo (ii6aL SvvdfiSL (idvov 6v(ifistQ0t 
^vvtsd^ci^L ^rjtbv nsQLi%ov6aL^ fj oXrj akoyog 
20 i6tLV, xaksi^d^co Sh i^ Svo^i6G)v TCQfotr^ . 
Jv* IJvyxsi^d^cn^av yaQ Svo [li^aL Swd^LSL (jlovov 6v(i' 
tC^lM\ (istQOL aC ABj Br ^r^tbv 7CSQLi%ov6aL' Xiya^ otc oXrj 
ri AF aXoyog i6tLV, 

1. avfifisxQog P, corr. m. 1. 3. vtto] d in ras. in eztr. 
lin. F. tmv] xrjg F. JBr] AB F; AB, BT e corr. V, m. 
rec. P. dno Twg JBr] seq. a eras. b, vno tav AB, BF F, 

4. vno tmv'] dno trjg F. Bri^om. F. 5. ««6 tijg'] vno 
tmv AB F. 7. Bry (prius) AB F, sed corr.? ^ «^— 8. iFvf*- 
(istQoi] om. Theon (BFVb). 8. d6v[i(istQ0v aga iatl to] tb 
aqa V , &ats xal to BFb. 9. totg] davafistQOv iati toSg F. 

Br davfifistQov iati BVb. 10. avvts^svtil^ QiN^ sed corr.; 
avvtsd^sv F, corr. m. 1 et 2. rcov] (alt.) corr. ex tov m. 2 F. 11. 
AB] corr. eix. AT N, tovtiativ r. 12. iatw P. 13. aXoyog 
F, corr. m. 2. 14. iati] om. BFVb. 16. iati PBV, comp. 
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tum commensarabiles j4B, BF. dico, totam ^F ir- 
rationalem esse. 

nam quoniam j4B, BF longitudine incommensura- 
biles sunt (nam potentia tantum sunt commensura- 
biles), et j4B : BF = j4B X BF : BF^ [prop. XXI 
lemma], etiam j4BxBr et BF^ incommensurabilia 
sunt [prop. XI]. uerum AB X BF et 2 jiBxBT 
commensurabilia sunt [prop. VI], et AB^ -{- Br^y BF^ 
commensurabilia sunt (nam j4B, BF rationales sunt 
potentia tantum commensurabiles) [prop. XV]. itaque 
2 j4Bx Br ei AB^ -{' Bjy incommensurabilia sunt 
[prop. XIll]. et componendo 

2ABxBr+^B^ + Br^, hoc est ^I^ [n,4], 
et j4B^ '{-' BF^ incommensurabilia sunt [prop. XVI]. 
uerum -^5* + Br* rationale est. itaque jiF^ irratio- 
nale est [def. 4]. quare etiam jiF irrationalis est 
[def. 4], uocetur autem ex duobus nominibus; quod 
erat demonstrandum. 

xxxvn. 

Si duae rectae mediae potentia tantum commen- 
surabiles componuntur spatium rationale comprehen- 
dentes, tota irrationalis est, uocetur autem ex duabus 
mediis prima. 

Componantur enim duae mediae potentia tantum 
commensurabiles j4B, BF spatium rationale compre- 
hendentes [prop. XXVII]. dico, totam jiF irrationa- 
lem esse. 

Fb. Ante onsQ schol. est, u. app. oneg iSei dei^ai] comp. 
P, om. BFVb. 17. Xrf F. 19. avvtsd^mavv BF. 20. iati 
PBV, comp. Fb. 21. avy%ttlBla^<oaav b. 22. xal Uyon F. 
Zlfi\ poat ras. 1 litt. P, om. Fb. 
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^EtcbI yccQ d^v^fisrQog i6ttv ij AB ry BF fii^xsij 
Ttal xa aTCo t<dv AB^ BF aga d^v^fisrQd i0xi rS Slg 
vnb tAv ABj BF' xal 6vv%^ivTi tcc dno tAv ABy BI 
ILBTa Tov 8\g vnb rciv AB^ BF^ otcsq i^rl t6 djto 
6 r^s AFj d^vfiiieTQOv i6Tt t£ vtco tAv ABy BF, ^tirov 
dh ro vTCo t(5v AB^ BF' vTCoxsLVtat yccQ al AB^ BI 
^rjTov 7C£Qii%ov6av' akoyov aga iro dno Trjg AF' aXoyog 
ccQa fj AFj xaXelo^G) 8% ix 8vo iii6c3v nQcirri' oneQ 
i8€i 8€t^aL. 

10 Aiy'. 

'Eav 8vo (ii6aL 8vvd(i6L (lovov 6v^(i£rQ0L 

avvtsd^w^L fiieov TCSQiixoveaL^ fj okr} akoyog 

iariVj xaXsL6%c3 8% ix 8vo ui6cav Ssvrioa. 

Mi 2Jvyx6L6d^o6av yccQ 8vo (ii6aL 8vvd(i6L (lovov 6vn- 

16 ii6tQ0L ai ABj BF (ii6ov n6QLixov6aL' kiyca^ ort akoyog 

i6TLv fj AF. 

^Exx6i6d^C3 yaQ ^i^r^) ii AE^ xal rc5 dnd r^g AT 
l'6ov naQcc Trjv AE naQa^6^Xiq6%^CD ro ^Z nkdrog 
noLovv TTjv AH. xal inel ro dno rrjg AF t6ov ierl 
20 rot^ t6 dnb tciv ABj BF xal rp 8lg vnb t(DV AB^ 
BFj naQa^6^kri6%G) 8i\ tolg dnb tciv AB, BF naQa 
triv A E l'6ov tb ES' koinbv aQa ro &Z i'6ov i6rl 
rc5 dlg vnb tciv ABj BF. xal inel (li^rj i^rlv sxa- 
tiQa rc5v AB^ BFy iii6a aQa i6tl xal td dnb rmv 



1. T^] m. rec. P. AT \). 2. ^oti t©] corr. ex ^mm 
m. 2 B. ' Tc5] corr. ex x6 F. 3. %ttl] om! Theon (BF Vb). 

GvvxB^hxL P. apa ta Theon (BFVb). to*] to V. 4. 
iatLv P. t6 dn6'\ in ras. m. 1 P. 5. avfifistQa F, sed. corr. 

iatLv P. B rl postea ins. F. gi^tov — 6. B rl (prius) om. F b, 
m. 2 B. 6. 709] m. 2 B, Ss Fb, B m. 1. atl at dno tav b. 

7. ccXoyog — 8. AF] mg. m. 1 P. 8. nQcotrj] seq. schol., 
u. app. onsQ ^dsL Sst^oci] comp. P, om. BFVb. 10. Xd'' F. 
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nam quoniam ABy BF longitudine incommensura- 

biles sunt, etiam AB^-^-BF^ ei2ABxBr incommen- 

R r surabilia sunt [cfr. p. 108, 1 sq.]. et com- 

« 1 1 ponendo AB^ + Br^ + 2 ABxBF, 

hoc est Ar^\)l, 4], et AB X BF incommensurabilia 
sunt [prop. XVI]. uerum ^BxBjrrationale est; sup- 
posuimus enim, AB et BF spatium rationale compre- 
hendere. itaque Aiy irrationale est. ergo ^Firratio- 
nalis est [def. 4], uocetur autem ex duabus mediis 
prima; quod erat demonstrandum. 

xxxvm. 

Si duae mediae potentia tantum commensurabiles 
componuntur medium comprehendentes, tota irratio- 
nalis est; uocetur autem ex duabus mediis secunda. 
Componantur euim duae mediae potentia tantum 
commensurabiles AB, BF medium comprehendentes 
[prop. XXVIII]. dico, AF irrationalem esse. 

ponatur enim ra- 

-^i 1 1^ tionalis ^E, et qua- 

^^ \ ® H drato Aiy aequale 

rectae ^E adplicetur 




^Z latitudinem effi- 
Z ciens ziif [I, 44]. et 
quoniam AI^ = AB^ + BF^ +2 ABxBF [II, 4], 

12. avvte&6avv PF. 13. iati BV, comp. Fb. 17. yccQ] 
om. FVb, m. 2 B. 17] corr. ex a V. tm] corr. ex to m. 
2 P. 21. PoBt Br add. Theon: ro 8^ dno zrig AF tfiov hr\ 
T^ i^Z, xal to ^Z CLQa taov iatl toig (te add. V) ccno tmv 
AB, Br xal TflS Slg vno tmv AB, BF (BVb, F mg. m. 1). 

dii ndQct triv JE V. nccga triv JE] om. V. 22. iati] 
m. 2 F. 24. niarj B, corr. m. 2. iati] m. 2 V. 
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j4B, BF. ^b6ov di imoxBixai 9cal x6 Sl^ v%o xmv 
AB^ BF, xai i0XL xotg (ih' aTCo xAv AB, BF tnov 
xo ES^ x^ 8\ Slg vtco xmv AB, BF t0ov xb Z@' 
liicov aga ixdxBQOv xmv E&^ ®Z, xal naQa ^rjxiiv 
5 x^^v ^E TcaQaxstxaL' Qtixri a^a ioxlv ixaxiga xAv 
^®^ ®H xal diSvfL^BXQog xij AE (irjxBt, iiCBl ovv 
d^v^ifiBXQog i6xLV ^ AB xij BF (ii^xbl^ xal i6xLV mg 
fj AB jCQog xriv BF^ ovxcog xo dico x^g AB TCQog x6 
vjco x&v AB^ BF^ d^vfifLBXQOv aqa i6xl x6 dn6 x^g 

10 AB xp VTCO xciv ABj BF. dkXd rjo fLh/ d7c6 xijg 
AB 6v(1(ibxq6v i6xL xo 6vyxBifiBvov ix xmv d%6 xmv 
AB^ BF XBXQaycivcav ^ xp Sh vtco x&v AB^ BF 6vfi' 
liBXQov i6XL x6 Slg V7c6 xmv AB^ BF. d6vfi(iBXQov aQu 
i6xl x6 6vyxBifLBvov ix xmv d7c6 xciv AB^ BF xS Slg 

16 V7c6 xAv AB^ Br, dkkd xolg fihv dn6 xciv AB^ BF 
t6ov i6xl x6 ES^ xA Sl Slg vtco xciv AB^ BF t6ov 
i6xl x6 ®Z. d6v^fLBXQov aQa i6xl x6 E@ x^ @Z' 
&6XB xal rj ^S xy @H i6xLV d6viiiiBXQog (n^xBL. at 
A&j &H aQa ^tat b16l SwdfiBL fiovov 6vfifiBXQ0L. 

20 S6XB rj AH a^,oy6g i6XLv, ^i^r^ Sh fi AE' x6 S^ V7c6 
dkoyov xal Qrjxrjg tcbqlbx^^ibvov OQd^oydvLOV akoyov 
i6XLV' akoyov ccQa i6xl x6 ^Z yipQLOv^ xal rj Svva- 
nivri [avxo^ akoyog i6XLv. SvvaxaL Sh x6 ^Z fi AF' 

1. xat] om. BFb; to vno tmv (om. Fb) AB, BF. fisaov 
ccQtic Bb, postea ins. F; nsifisvov to dlg vno tcav AB^ BT. 
(isaov aga mg. m. rec. B. vno tmv] spat. uac. F. 3. Z0] 
corr. ex GZ V. 6. naqccnsivtai V. 6. insl ovv'] xai insi 
Tbeon (BFVb). 7. %a^ — 9. Bri om. Theon^(BF Vb). 9. 
daviifistQov — 10. BF] punctis del. V. 9. apa] om. FVb, 
m. rec. B. iavlv P. dno tr^g AB tco] avy%sCfi,svov i% t&v 
dno tcav AB, BT t6 8lg Theon (BFVb). 10. dlXd — 16. 
AB^ BT (prius)] om.' Theon (BFVb). In mg. %aC iativ lin. 7 
— AB, BF lin. 16 addito HsCfisvov et signis X vL» ad locum 
suum relat. V (lin. 10 dno pro vnd), eadem B mg. m. 2, nisi 
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rectae JE adplicetur ES quadratis AB^ -^ BI^ ae- 
quale. itaque reliquum QZ = 2 ABxBF. et quoniam 
media est utraque AB,Br, etiam AB^ -{'Br^ media 
sunt. supposuimus autem, etiam 2 AB X BF me- 
diumesse. et E® ^ AB^ + BT^, Z®=-2 ABxBB 
itaque utrumque ES, ®Z medium est. et rationali 
^E adplicata sunt. itaque utraque ^®, &H rationalis 
est et rectae ^ E longitudine incommensurabilis [prop. 
XXII]. iam quoniam AB, BF longitudine incommen- 
surabiles sunt, ei AB\Br=AB^:ABxBr i^roij^. 
XXI lemma], AB^ et ABxBF incommensurabilia 
sunt [prop. XI]. uerum AB^ et AB^ -{' BI^ commen- 
surabilia sunt [prop. XV], et ABxBT, 2 ABxBT 
commensurabilia sunt [prop. VI]. itaque AB^ -{-■ BF^ 
et 2 ABxBF incommensurabiliu sunt [prop. XIII]. 
uerum E& = AB^ + Br\ @Z = 2ABxBr. itaque 
E@, ®Z incommensurabilia sunt. quare etiam ^®, 
0H longitudine incommensurabiles sunt [VI, 1 ; prop. 
XI]. ergo ^®, ®H rationales sunt potentia tantum 
commensurabiles. quare ^H irrationalis est [prop. 
XXXVI]. uerum zi^rationalis est. rectangulum autem 
recta irrationali et rationali comprehensum irrationale 
est [prop. XX]. quare spatium ^Z irrationale est, et 
recta ei aequalis quadrata irrationalis est [def. 4]. 
uerum Ar^ = ^Z. ergo -^F irrationalis est; uocetur 

quod om. ano lin. 14 — AB, BF lin. 15 et del. davfinsrQov 
lin 13 — ix tmv lin. U. 17. &Z) rfaiut. in Z0 V, ZG BFb. 

iath P. 0Z] Z& Bh. 18. aavfifistgos iati V. fnjxgfc] 
om. Fb, m. 2 B. Deinde add. i8Bl%Q"r\aav 8\ ^ritai V, m. 
2 B. 19. hlaiv PB. 20. hati BV, comp. Fb. 22. latCv P. 

yLai] mats %aC V. 23. avto\ om. P. sati PBV, comp. Fb. 

81 71 /iZ to AF aqa &loy6g iatvv F. 

Euolides, edd. Heiberg et Menge. m. ^ 
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akoyog UQa iatlv ^ AFj xaksi6^(o 8^ ix 8vo ^66wv 
8BvtsQa. 07CSQ iSsL^Sst^ai. 

'Eav Svo sv^stau Svvd^sv a6vfifistQ0i, Ovv- 

6 ts^^6i 7COLOV0at iro ^hv avyxsi^svov ia tmv 

a7t avtAv tstQaydvov ^rjtov^ to d' vtc' avtav 

Iis0ovj ^ okrj svd^sta akoyog i6tiVj xaksL0^G) Si 

fJtsitcov, 

SvyxsLOd^maav yccQ Svo svd^stat SvvdiiSL dev^^- 
10 tQOL al ABj BF %OLov6aL td TCQoxsC^sva' kiyco^ oti 
aXoycg ietiv 7] AF, 

^Ensl yaQ tb vtco tAv AB^ BF ^icov iativ, xal 
t6 Slg [aQa] vich tmv AB^ BF fiiaov i6tiv. to Sh 
0vyxsifisvov sx tmv d%o tcov AB^ BF ^ritov d6vfL- 
16 fistQOv aQa i6tl tb Slg vtco tmv AB^ BF tS 6vy- 
xsLiiivfp ix tAv dno t(3v AB^ BF' &6ts xal th dno 
tmv AB^ BF fistd tov Slg vno tSv AB^ BF^ onsQ 
i6tl tb dno tijg AFj d^vfifistQov i6tL ta avyxsL^iivp 
ix tdiv dico t(Sv AB^ BF [^r^tbv Sh tb 6vyxsLfisvov 
20 ix tciv dnb tav ABj BF]' aXoyov aQa i6tl tb dnb 
tf^g AF. &6ts xal ij AF aXoyog i6tLV^ xaXsi^d^co 81 
flsi^C3V. 07CSQ iSsL Sst^aL. 

^'- 
^Edv Svo svd^staL SvvdiiSL d^v^i^stQOL 6vv- 
25 tsd^cS^L 7C0L0v6aL to ik%v 6vyxsifisvov ix t&v 
dic avtciv tstQaycivcov ^i60Vj ro d' vtc avtciv 



2. devtiga] seq. schol., u. app. onsg eSsi Ssi^ai] comp. 
P, om. BFVb. 3. ^ld-'] om. b, (C P. 4. avvts&maiv PBF. 
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autem ex duabus mediis secunda. quod erat demon- 
strandum. 

XXXIX. 

Si duae rectae potentia incommensurabiles com- 
ponuntur, quae summam quadratorum suorum ratio- 
nalem efficiant^ rectangulum autem medium^ tota recta 
irrationalis est^ uocetur autem maior. 

, , , Componantur enim duae rectae 

^ B r potentiaincommensurabiles -^5,5F, 

quae proposita efficiant [prop. XXXIII]. dico, ^F ir- 
rationalem esse. 

nam quoniam^BxBrmedium est, etiam2-^5X-BF 
medium est [prop. VI, XXIII coroU.]. est autem j4B^ 
+ Br^ rationale. itaque 2 ABxBT et ^B^ + Bl^ 
incommensurabilia sunt [def. 4]. quare etiamy^J5^ + 
Biy + 2u4BxBr, hoc est^F^ [II, 4], et AB^ + BI^ 
incommensurabilia sunt [prop. XVI]. ergo AF^ irra- 
tionale est; quare etiam ^F irrationalis est [def. 4]; 
uocetur autem maior. quod erat demonstrandum. 

XL. 

Si duae rectae potentia incommensurabiles compo- 
nuntur, quae summam quadratorum suorum mediam 
efficiant, rectangulum autem rationale, tota recta irra- 

6. iiivYrs V. 6. xszgdyaivov b. x6 ds BF, Ss x6 b. 7. 
iart V, comp. Fb. 12. iaxC PBV, comp. Fb. 13. aqci] 

om. P. kazl PBV, comp. Fb. 16. ta\ ro B. 18, iatCv P. 

aviipLszQov b, corr. m. rec. iauv P. 19. Qr^xov — 20. 
BF'] om. P. 20. aXoyoq F, corr. m. 1. ^ 21. ian PBV, 

comp. Fb. 22. ^Biidiv'] seq. scbol.^ u. app. onsQ Bdst dsC^ai] 
om. BPb, comp. P. 23. iia F. 24. avvzB^^aiv BF. 26. 
8b P. 
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^ritoVj Tj oki] Bv^Bla &Xoy6% ioxiv, 7takBl0^(o 8\ 

ik^Ljl^ SvyxeC^d^oaav yag Svo ev^Blav SvvafLBt a0vfLfiBtQoi, 
nf^^ at AB^ BF noiovcai ta scQoxBi^Bva' kiyo^ otv aloyog 
6 ictLv ii AF. 

^EtcbI yaQ ro OvyxBi^Bvov ix t£v aTto tmv AB^ BF 
(liaov i0tiv^ ro S\ Slg vtco tmv AB, BF ^i^rov, davii- 
fLBtQOv aQa iotl tb OvyxBifisvov ix tmv aico tmv AB, 
BF tw Slg vTCo tc5v AB^ BF' &6tB xal ro aTCo t^g 
10 AF d^v^^BtQov ifSti tp Slg vtco t^v AB^ BF. ^ritov 
Sh ro Slg vtco tc5v ABj BF' aXoyov aQa tb dnb tijg 
AF. akoyog aQa ^ AFy xakBi^d^m Si ^ritbv xal fi^- 
6ov Svva^ivri. oxbq iSBL SBt^at. 

fia. 

16 'Edv SVO BVd^Btat Svvd^Bt d^VfifLBtQOL 6VV' 

tBd^m^L 7Cotov6aL ro tB 6vyxBifiBvov ix tmv dii 
avt&v tstQaycivmv fLs6ov xal tb vn avtmv iid- 
6ov xal itL d6v^iLBtQov t^ 6vyxstiiivaj ix tciv 
dii avtc5v tstQaydvcov^ 7} olri sv^sta aXoyog 
, /20 i6ttv. xaksi^d^co Sh Svo ai6a SvvaaJjuL^ 
\ \LtX'J U ^y^^i^^o}6av yaQovo sv^stat Svvd(ist d6v^(iS' 
^ tQot aC ABy Br 7Cotov6at td nQOxsifisva' Xiyto^ ott 
7} AF aloyog i6ttv. 

'Exxsi^d^a) ^ritri ^ AE^ xal^ icaQa^s^kri^^^Gi naQa 

1. (rjtov, ^] in ras. V. iazt BV, comp. Fb. Kcilsttai P. 

3. ya^l Bupra scr. m. 1 b. 4. af] supra m. 1 P. nQoa- 
itsiiASva P, sed corr. 6. ABj corr. m. rec, P. 6. vno F, 
corr. m. 2. 7. fticrovl fiitf- in ras. V. iari PBVb, comp. F. 

dig\ Bupra Bcr. m. 1 V. (rjt^v'] corr. ex fiiaov m. 2 V. fftJfi- 
fistqov B, corr. m. ^ec. 8. iativ P. 10. taS — B F] bis b, 
mg. m. 1 P. PoBt %ai add. avvd^ivti Theon (BFVb), P m. 



H 
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tionalis est^ uocetur autem spatio rationali et medio 

aequalis quadrata. 

^A Componantur enim duae rectae potentia incom- 
mensurabiles, quae proposita efficiant, AB^ BF 
[prop. XXXIV]. dico, AF irrationalem esse. 

..B nam quoniam AB^ + ^JT^ medium est, 2 AB 
xBrautemrationale, AB^ + BI^ et2 ABxBT 

-r incommensurabilia sunt. quare etiam AF^ et 

2-^-Bx5rincommensurabilia sunt [prop.XVI]. uerum 

2-<^BX-BFrationale est. itaque AF^ irrationale est. 

quare -^JTirrationalis est [def. 4]; uocetur autem spatio 

rationali et medio aequalis quadrata. quod erat demon- 

strandum. 

XLI. 

Si duae rectae potentia incommensurabiles com- 
ponuntur, quae summam quadratorum suorum mediam 
efficiant, et rectangulum medium et simul summae 
quadratorum incommensurabile, tota recta irrationalis 
est, uocetur autem duobus spatiis mediis aequalis 
quadrata. 

Componantur enim duae rectae potentia incommen- 
surabiles AB, BF, quae proposita efficiant [prop. 
XXXV]. dico, AF irrationalem esse. 

ponatur rationalis AE, et rectae AE quadratis 

rec. 12. aXoyog — Jr] mg. m. 1 P. 13. dvvccfiivri] seq. 
schol., u. app. onsQ k'dsi. d«tjat] om. BFb, comp. P. 14. 
fia'] mut. in /Ltj3' m. 2 F. 15. avvrs&caatv PBF. 17. nal 
t6 vn' ccvrmv fisaov'] supra scr. m. 2 Y. 19. tSTQccyoivcoi 
PV. 71] m. 2 F. 20. iari PBV, comp. Fb. 22. ta ngo- 
nsinsva] to xs avyns^iisvov i% rmv dno tmv AB, BF fiiaov nal 
t6 v7c6 tcov AB, BF fiiaov xal ^ti davfi(jLStQov ra avy^sifiiva} 
i% t&v dno twv AB, B F tstQayavcov Theon (BFVb, tstQaytovco 
FVb). 
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r^v ^E Totg ^ev ccTtb r(5v AB^ BF toov t6 ^Z, r© 
8e Slg V7c6 tciv AB^ BF laov to HS' oAov «9« to 
^® t6ov i6tl tw ccTtb t^g AF tetQaycivw, Tcal ijtel 
(ii6ov i^tl to 6vyx£L^6vov ix tmv ccjtb tmv AB^ BF, 
6 9cai i0tiv t6ov rc5 ^Zj (i66ov aQa i6tl xal tb AZ, 
xal TtaQcc Qritiiv trjv AE naQaxeitai' ^^r^ aQa i6tlv 
rl ^H xal a0v^fL6tQog ty /JE ^1^X6 1, Sta ta avtcc Sri 
xal fi HK Qrjtri i6ti xal d6v^^6tQog tij HZ^ roinr- 
i6ti trj /dEj ^rixei. xal iitel d6v(i(i6tQd i6ti tcc dnb 

10 rcov ABj BF tp Slg vjtb tAv AB^ -BJT, d^vfifistQov 
i6ti ro z^Z rc5 HS' &6t6 xal fj ^H tfj HK d^vii^s- 
TQog i6tLv. xaC 6l6t ^tal' al ^H^ HK aQa Qijtai 
6l6v Svvd^ei (lovov 6vfLfi6tQ0L' akoyog ccQa i6tlv ij 
/dK fj xaXov^ivrj ix Svo ovo^dtcov. Qrjtri Se rj ^E' 

16 aXoyov aQa i6tl tb ^® xal ^ Svva^ivrj avtb aloyog 

i6tvv. Svvatav Se tb S^ rj AF' aXoyog ccQa i6tlv ri 

AFj xak6v6^G} Se Svo ^66 a Svvafiivri. o%6q ISev 

Sel^av. 

Arj^fia. 

20 'Xhv Sh al elQrjfiivav aXoyov fiovaxcig SvavQOVvtai 
elg tdg ev^evag^ £| g)v 6vyx6vvtav jtovov6civ td stQO- 
X6vii6va etSrjj [Sei^ofiev ijSri TtQoexd^ifvevov Xrj^^tvov 
tovovtov 

^Exxei^d^cD evd^eta fj AB xav tet^i^^d^o fj okrj eig 

25 avv6a xa^ ixdteQOv tciv T, A^ vTtoxei^d^cj Sl fiei^cDv 

1. JE] corr. ex JA m. 2 P. 3. &J P. 6. JE] corr. 
ex J m. rec. B. 7. did — 9. fiiqtiBi] mg. m. 2 F. 8. iariv B. 
revrsativ B. 9. davfinstQov iati ro BV. 10. tw — Bri 
mg. m. 1 P (tm corr. ex to m. rec). 11. &Qct iati P. ^^\ 
HJ b. 12. iati Vb, comp. F m. 2. fiaiv B. Post ai 
del. di F. «9«] m. 2 F. 18. staiv P. 14. JK] K e corr. 
m. 1 b. 16. iati V, comp. b et m. 2 F. ©^l in ras. Vb, 
J0 corr. ex JH m. 2 B. ^ ^T] m. 2 B. agcc] ydg B. 
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AB^ -}- BI^ SLequeAe adplicetur ^Z, rectangulo autem 
2ABxBr aequale H®. itaque ^@ = ^jP [11, 4]. 

jf et quoniam jdB^-^BF^ medium est et 

= /dZy etiam ^Z medium est. et rectae 
rationali ^E adplicatum est. itaque ^H 
rationalis est et rectae ^E longitudine 
incommensurabilis [prop. XXII]. eadem 
de causa etiam HK rationalis est et rectae 

, , , HZy hoc est ^E, longitudine incommen- 

^ ^ ^ surabilis. et quoniam AB^ + BI^ et 

2 AB X BF incommensurabilia sunt, ^Z et H& in- 
commensurabilia sunt. quare etiamz^ff, HK incommen- 
surabiles sunt [VI, 1; prop. XI]. et sunt rationales; 
itaque jdHj HK rationales sunt potentia tantum com- 
mensurabiles. ergo jdK irrationalis est, ex duobus no- 
minibus quae uocatur [prop. XXXVI]. ^E autem ratio- 
nalis est. itaque jd@ irrationale est, et recta ei aequalis 
quadrata irrationalis [def. 4]. est autem AI^ = A&. 
ergo AF irrationalis est; uocetur autem duobus spatiis 
mediis aequalis quadrata. quod erat demonstrandum. 

Lemma. 
Bectas autem irrationales, quas nominauimus, uno 
tantum modo in rectas diuidi^ ex quibus compositae 



, ,-H — I — I sint proposita efficientibus , demonstra- 

bimus huiusmodi lemmate praemisso. 

17. SwafiivTi'] seq. schol., u. app. onBg ^dsi dsi^ai] om. 
BPVb. 19. Xwfia] om. BV, m. rec. P. 20. ort] xi V. 21. 
nQoansifieva F, corr. m. 2. 22. nQO&siisvot P, nQoasnd^ifisvot 
B et F, sed corr. 24. Ante sv&sia ras. 3 litt. V. ^ olrf\ 
olTi FVb. 26. xal xa^-' F, haxsQa BV. vrroHftV^» dej 
%al vnoKsia^o) P. 
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• 

fj AF r^g /IB' Xdycj^ oxi ra axo xAv AF^ FB fiei- 
%ova i6xL xcov ajto xciv A^j ^B. 

TexfiT^^d^cj yccQ rj AB 8ixa xaxa xo E, xal iytsl 
(isi^cav icfxlv rj AF xrjg ^B^ Tcoivii atpy^^d^cj i} ^F' 

6 koLTcii ccQa 71 A^ XotTtijg xijg FB ^ei^cov i^xiv. t6ri 
8% ii AE xfi EB' ikdxxG)v aga ij JE xfig EF' xa 
r, ^ aga arj^ta ovx t0ov anixovOv xijg ^Lxoxo^iiag. 
xal iTtel xo vno xmv AF^ FB fisxa xoi anb xiig EF 
t6ov icxl x^ dno r^g EB^ dXXd ^ijv xal xo vito xAv 

10 A^j /dB ^sxd xov dno AE t6ov i6xl xw dno x^g 
EB, xo ttQa vno xmv AF^ FB fisxd xov dito xiig EP 
t6ov i6xl xp vTto xmv Ajd^ AB iiszd xov dno x^g 
AE' mv xo dito xijg ^E Ska666v i6xi xov dno xijg 
EF' xal Xomov aga xo vno xmv AFj FB iXa666v 

15 i6xt xov vnb xmv A/l^ /dB. &6xs xal xb 8lg vnb xAv 
AFj FB ika666v i6XL xov 8lg vnb x&v A^^^B. xal 
Xombv aQa xb 6vyxsi^svov ix xmv dnb xciv AF^ FB 
list^bv i6xv xov 6vyxsi^svov ix xciv dnb xAv AA^AB 
onsQ i8sv 8st^aL. 

20 ft/3'. 

^H ix 8vo ovofidxcnv xaxd ^v fibvov 6rifLSL0v 
^LavQStxav slg xd 6v6^axa. 

^E6X(o ix Svo 6vo^dxcDv rj AB 8Li]Qrifisvri slg xd 

6v6iiaxa xaxa xb F' at AF^ FB aQa ^rixai s16l 8vvd- 

25 ii^SL ikbvov 6v^ii^Q0L. kiycD^ oxL ri AB xax dXXo 6ri' 

^slov ov 8LaLQstxaL slg 8vo Qrixdg 8vvd^SL ^6vov 

6vn,n,ixQovg. 



2. AJ] AT corr. in AB m. rec. b. 4. Post xotvi} del. 

a^ V. Jr] AFhy Jr %ai P. G. iXaGGmv P. aqa htsziv P. 

7. z^, r P. 9. fiijv] om. P. 10. r^s z^E V. t»] zov b. 
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Ponatur recta AB et tota in F, ^ in partes in- 
aequales secetur, et supponatur AT> ^B. dico, esse 
AT^ + TB^ > A/fi + AB^. nam AB in duas partes 
aequales secetur in E, et quoniam AT^ AB^ sub- 
trahatur^ quae communis est, ^T, itaque relinquitur 
A^>TB. uemm AE = EB. ii8Lque^E<ET. itaque 
puncta Tf A 2L puncto medio aequaliter non distant. 
et quoniam AT X TB + ET^ -:=- EB^ [II, 5], et 
AAXAB + AE^ = EB^ [id.], erit ATx TB + ET^ 
^AAXAB + AE^ qnorumAE^KET^. itaque re- 
liquum ATxTB<AAXAB. quare etiam 2^rxrJ5 
<2 AAX AB, ergo etiam reliquum^) ^I^ + TB 
> AA^ -^ AB^] quod erat demonstrandum. 

XLII. 

Becta ex duobus nominibus in uno tantum puncto 
in nomina diuiditur. 

Ex duobus nominibus sit AB in puncto T in no- 
mina diuisa. itaque AT, TB rationales sunt potentia 
tantum commensurabiles [prop. XXXVI]. dico, -^J5 in 
nullo alio puncto in duas rationales potentia tantum 
commensurabiles diuidi. 



2 



1) Nara 
(II, 4). 

11. rs] in ras. F. 12. rijs] postea ins. F. 13. mv — JE] 
om F. iXccaov V. iati] om. V. 14. ilazxov BVb, comp. 
F (in B snpra scr. fisitov m. rec, sed del.); item lin. 16. 16. 
««?] supra scr. F. 18. dno] corr. ex vno m. 2 V. 19. 
Ante onsQ add. sHnsg avvccnq>otSQtt tacc iarl rto {tmv b) dno 
xng AB Theon (BFVb), m. rec. P. 21. xa-O-' 'b. 24. ncctd] 
snpra scr. m. 1 P. staiv PBF. 
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El yocQ dvvatov, diriQri(S%^(o xal xatcc to /d , &6tB 
xal tccg A^^ ^B ^ritag elvaL SvvdfiBc iwvov 0vfL(ii' 
tQOvg. fpavBQov 8ri^ ott fj AF tr^ dB ovoc lotiv f 
avtri» sl yccQ Swatov^ l6tm. ietai dri xal f^ A^ ty 

6 FB fi avtri* xal i^tai (bg fj AF TtQog tr^v FB^ ovxmg 
fl B/d TtQog tfjv ^Ay xal ictai fj AB xata to avto 
ty xata tb F SiaiQiGBL SiaiQB^BtCa xal xata tb ^* 
07CBQ ov% fntoxBitai. ovx aQa f\ AF trj ^dB i6tiv fj 
avtri. 8ia 8ri tovto xal ta JT, /d Orj^Bta ovx taov 

10 ani%ov6L tr^g 8L%oton,Cag. p uQa 8Lag)iQSL ta ajtb tmv 
AF^ FB t(Sv aitb tmv A/l^ /IB^ tovtp SLatpiQSL xal 
tb 8lg vTtb tAv A^^ AB tov 8lg vnb tciv AFj FB 
Slcc tb xal ta aitb tciv AF, FB fista tov 8lg vnb tAv 
AFj FB xal ta dnb tmv AA^ AB ^std tov 8lg fmb 

15 t&v AAj^B t6a slvaL tS djcb trjg AB, dXXd td dyeb 
tmv AFj FB t&v d%o tmv AA^ AB SLatpiQSL ^rjt^' 
Qrjtd yaQ d^tpotsQa' xal tb 8lg aQa vnb t&v AA^dB 
tov 8lg vTtb t&v AFj FB SLatpiQSL ^r^tS fiioa ovta* 
oTtSQ atojtov iki^ov ydQ fii6ov ov% vnsQi%SL Qrjtw. 

^O Ovx aQa fj ix 8vo ovo^tcov xat aXko xal akko 

Ori^stov SLaiQsttaL' xa^ ^v ccQa ^ovov onsQ i8sL 

Sst^aL. 

liy. 

^H ix 8vo (liocDv nQcitrj xa^ "iv \i6vov 6r\- 

:25 [IBtOV SLaLQSttaL. 

1. diaiQBlc^on y. %ul xara] %axa BFVb. S. JB] BJ 
€ corr. m. 2 V. 4. diJJ corr. ex ^^ V. J^ corr. ex ATY. 

6. TBI mut. iD JBT v.^ co; ^ — 6. iotaq m. 2 B. 6. 
Tifvl om. Pb.' 17] coff n b (corr.), co; snpra scr. m. 1 F. 

avto] av- e corr. v ; avto tfiiifia P, tfifjfia snpra scr. m. 
2 V. 7. TJI xaxa] m. rec. P. Post na£ add. t^ snpra m. 
1 V. S. dB] AB w. 10. dnixo^o^v B. tov dixotofUov P, 
corr. m. rec. £] mg qp. 12. AF, FB P. tov] corr. ex ov 
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Nam, si fieri potest, in ^ diuidatur ita, ut 
etiam A^dj ^B rationales sint potentia tantum 
commensurabiles. manifestum est igitur, ^r* et 
^B easdem non esse. sint enim, si fieri potest. 
" itaque etiam A^ ei FB eaedem erunt. et erit 
..p AriFB = B^i^Ay et AB etiam in ^ eodem 
modo ac in F diuisa erit, id quod contra hypo- 
thesim est. quare AF, ^B eaedem non sunt. 
"^ ea de causa F, ^ puncta a medio puncto 
aequaliter non distant [cfr. lemma]. quo igitur 
AI^ + FB^ ab A^ + ^B^ diflPert [u. lemma], eo 
etiam 2AAXAB a ^AFxrB diflfert, quia AT^ 
+ rB^ + 2ArxrB = AB^ = A^ + ^B^ + 2A^ 
X ^B [II, 4]. uerum AT^ + FB^ ab AA^ + ^B^ 
8patio rationali diflfert; nam utrumque rationale esk 
itaque etiam 2 A^X^B a ^AFxrB spatio ratio- 
nali differt, quamquam media sunt [prop. XXI] ; quod 
absurdum est; nam spatium medium non excedit me- 
dium spatio rationali [prop. XXVI]. 

Ergo recta ex duobus nominibus non diuiditur in 
punctis diuersis; itaque in uno tantum diuiditur; quod 
erat demonstrandum. 

XLin. 

Becta ex duabus mediis prima in uno tantum 
puncto diuiditur. 

m. rec. P. r<5v] om. P. J T, FB] AJ, JB P. 16. AB] 
snpra scr. J h, 16. Post FB ras. magna V. tmv] corr. ex 
T® b. 17. apa] suprascr. m. 2 F. AJB P, corr. m. rec. 18. 
AFB Pb, corr. m. rec. 19. onsg aTonov] om. Theon (BPVb). 

yaQ] di Theon (BFVb). 21. 8ibqbCxui P, corr. m. rec. 

onBQ iSei SBi^ai] comp. P, om. BFVb. 25. diaiQSitat slg 
ta ovofMcta Theon (BFVb). 
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*'E6tGi ix dvo ^d6(ov xgcitri ri AB dLijQfiiisvfj xara 
ro r", S^rs rag AF^ FB ^i^ag slvav dwd(i€L fiovov 
(fvfifiirQOvs ^rirov 7tSQi,s%ov6ag' XiycD, or t ri AB xar 
aXXo 6rifistov ov diaiQStrat, 

5 El yaQ dvvarov, dL7jQi^6^(o xal xata ro z/, S6rs 
xal rag A^^ dB (li^ag slvai dwdiiSL fiovov 6v(ifii- 
rQovg ^ijrov 7tSQi,sxov6ag. iTtsl ovv, & dvaqiiQSi to Slg 
imb rmv A^, ^B rov 8lg imo r&v AF^ FB, tovr& 
8ia(piQsv ra ano r&v AF^ FB rmv ano r&v A/l^ /IB^ 

10 QfirS 8\ Sia(piQSi ro dlg vno r&v Ad^ ^B rov dlg 
vno r&v AF^ FB' ^rjra yccQ d(i(p6rsQa* ^ijrS &Qa 
8ia(piQSi xal rd aTCo r&v AF, FB rAv dno r£v A^d^ 
^B ^i6a ovra' ojcsq aroTtov. 

Ovx aQa fj ix Svo (ii6c3v TtQcirri xar aXXo Tcal 

15 aAAo 6rifistov SiaiQStrai sig rd ovoiiata' xa^ ^v aQa 
(lovov OTtSQ iSsL Sst^ai. 

^S\ 

^H ix Svo [li^cDV SsvriQa xa^ sv ^iovov 67]- 
(istov SiaiQStrai. 
20 ^'E6ra) ix Svo fii^cov SsvriQa r] AB SiriQri^ivri xatd 
ro r^ &6rs rdg AF^ FB ^ii^ag slvac Swdfist (lovov 
^vfifiirQovg fii6ov 7tSQLS%ov6ag' (pavsQOv Sri, or^ ro F 
ovx i6tL xard rrjg SLxotfifiiag, ort ovx sl6l iii^xsc (Jvft- 
(isrQOL. Xiyca, ori ri AB xar aXko 6ri^stov ov Scac- 
25 Qstrac, 

El ydQ Swarov^ SLriQi]6^C3 xal xard ro ^, &6rs 

1. ii ABI supra scr. F, corr. ex ^ -4z/ m. rec. P. 4. ov] 

om. b. 6. xa^] om. Fb. 9. x&v ano\ in ras. m. 1 P. 10. 

z/B] supra scr. m. 1 F. 13. Post ovxa add. fteoroi/ aicov 

vnBQixsi ^tm (p. 16. Snsff ^dsi Sstiat] comp. P, om. BPVb. 

17. fid'} mut. in iis' F. 19. diatQsttcci stg ta ovofiata 
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Sit jiB ex duabus mediis prima in F ita diuisa, 
ut AF, FB mediae sint potentia tantum commensura- 

, , , , biles spatium rationale com- 

^ zr r B prehendentes [prop. XXXVH]. 

dico, jiB in nuUo alio puncto diuidi. 

nam^ si fieri potest, in ^ ita diuidatur^ ut etiam 
ji^, dB mediae sint potentia tantum commensura- 
biles spatium rationale comprehendentes. iam quo- 
niam, quo differt 2 ^^ X ^B a 2 AFx FB^ eo differt 
^jn + FB^ ab ^^2 + ^B^ [prop. XLI lemma], et 
2AJ X dB a 2ArxrB spatio rationali differt 
(nam utrumque rationale est), etiam AF^ -{- FB^ ab 
Azfi + AB^ spatio rationali differt, quamquam media 
sunt; quod absurdum est [prop. XXVI]. 

Ergo recta ex duabus mediis prima in nomina non 
diuiditur in punctis diuersis; itaque in uno tantum 
diuiditur; quod erat demonstrandum. 

XLIV. 

Recta ex duabus mediis secunda in uno tantum 
puncto diuiditur. 

Sit AB ex duabus mediis secunda in F diuisa, 
ita ut AF, FB mediae sint potentia tantum commen- 
surabiles spatium medium comprehendentes [prop. 
XXXVin]. manifestum est igitur, F punctum medium 
non esse, quod longitudine commensurabiles non sunt. 
dico, AB in nuUo alio puncto diuidi. 

nam, si fieri potest, etiam in A diuidatur, ita ut 

Theon (BFVb). 23. iattv B. tjv Sixotofiiav V. oti] 
imid^nnsQ Theon (BFVb). Blaiv PB. 26. %ocn om. Theon 
(BFVb). 
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f^v AF xfi jdB fif^ elvav rijv av%r{V^ dkXcc (lei^ova 
xad^ vTtod^e^Lv rijv AF* Sr^Xov dij, oxi, xal xa anb 
tciv A^y ^B, fx>g inavm idsi^afuv, iXd60ova tcSv dno 
t(Bv AF, FB' xal tdg A^d^ ^B (lioag alvai Svvdiui 
5 ^iovov Ovii^itQovg ^icfov xsQLSxovcfag, xal iTCxsi^d^G^ 
QTitrj { EZ^ Tcal tp (ilv aTCo tijg AB l0ov nagd trjv 
EZ 7CaQaXXriX6yQa^(iov OQd^oydvLOV TcaQafispXi^Gd^a) to 
EK^ totg dh dno tcav AF, FB t6ov d^prjQi^^&co ro 
EH' XoLTtbv aQa tb ®K t6ov ictl t^ dlg vtco tciv 

10 ^r, FB. ndkiv Sri totg dno tAv A^^ ^B^ ane^ 
iXdcfOova ideixd^ri t&v dno tSv AF, FB^ toov dgyrj' 
Qi^C^ca ro EA' xal Xoinbv aQa tb MK toov t^ dlg 
vnb tciv Ajdy jdB. xal insl ^iica ictl td dnb tmv 
AFy FB, lii6ov ccQa [xal] tb EH. Tcal naQa Qrit^v 

15 trjv EZ naQdxsLtaC Qrjtri aQa ictlv r\ ES xal dovfi' 
[istQog tfj EZ (irjxsi. did td avtd Sri xal rj &N ^fjxii 
£6tt xal dovfifistQog tfj EZ ^i^xei. xal insl at AFj 
FB n>i6av 6l6\ dvvd[i6L [lovov 6v[i[i6tQ0L^ d6v[i(i6tQog 
aQa i6tlv ri AF tfi FB ^i^xei. ag dl ri AF n^bg 

20 trjv FB^ ovtag tb dnb trjg AF nQog ro vnb tciv 
AF^ FB' d6v[i[i6tQ0v aQa i6tl ro dnb trjg AF t^ 
vnb tcov AF, FB, dXXd rc3» yi\v dnb trjg AF 6viiii6' 
tQa i6tL td dnb tciv AF, FB' dvvdiiev ydQ 6i6i 

1. ^rl r in ras. F. 2. %atd P. driXov 8ri, oxi,'\ driXadri 
Theon (BFVb); oti add. B m. 2. 3. AT, FB iittiova rmv 
dno tmv AJj JB, <og indva) idsi^afjksv Theon (BFVb). 4. Ante 
xa^ add. k'ata} ds* V, et in mg. m. 1 *iXdaaova tmv dno AF^ 
FB. 5. nsia&m V, corr. m. 1. 6. tc5] corr. ex to V. 7. 
TcaQaXXrjXoyQaiifjkov OQ^oycoviov] om. Theon (BFVb). 9. 0K] 
in ras. V. 10. ansQ — 11. FB] om. Fb, mg. m. 2 BV. 11. 
iXdttova V. 12. EA] vno toav A F, FB B. Deinde add. ndXtv 
Sri totg dno tav AJ^ JB k'Xaaaov ids^x^ ^*^^ dno tmv AF, 
TB B, insl xal (xal insC V) td dno tcov AJ, JB iXdaaova 
(iXdttova F) idsix^ri t^v dnb twv ^F, FJS FVb, in V del. 
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AFy ^B eaedem non sint, sed AF maior supponatur 
(manifestum est igitur, esse etiam AA^-^- AB^<iAr^ 
+ FB^j ut supra demonstrauimus [prop. XLI lemma]), 
et ut A^y /IB mediae sint potentia tantum commen- 
surabiles spatium medium comprehendentes. et pona- 



A j r B 



E. M—^ N 



H 



- K 



tur rationaiis EZ, et quadrato AB^ aequale rectae 
EZ parallelogrammum rectangulum EK adplicetur [I^ 
44], quadratis autem Aiy -{- FB^ aequale auferatur 
EH. itaque quod relinquitur, &K =: 2 AF X FB 
[11, 4]. rursus quadratis AJ^-^- ^B^ (quae minora 
esse quam AF^ •}- FB^, demonstrauimus) aequale aufe- 
ratur EA. itaque MK = 2 AjdxAB. et quoniam 
AI^-^-rB^ media sunt, ^if medium est. et rectae 
rationali EZ adplicatum est. ergo E0 rationalis est 
et rectae EZ longitudine incommensurabilis [prop. 
XXn]. eadem de causa etiam ®N rationalis est et 
rectae EZ longitudine incommensurabilis. et quoniam 
AFf FB mediae sunt potentia tantum commensurabiles, 
AF et FB longitudine incommensurabiles sunt. sed 
AF: FB = Ar^ : ATx FB [prop. XXI lemma]. itaque 
etiam AF^ et AFx FB incommensurabilia sunt [prop. 

iatl tm P. 13. iaxi'] in ras. m. 1 b, iatCv B. 14. xai xo\ 
x6 BF Vb. 16. ©iV] EH b, EN in ras. m. 1 F. 17. lativ P. 

IS. slaiv B. 19. FB] BF B. 20. FB] in ras. V. ^ 21. 
avfifisxQov V, corr. m. 1. AF] A e corr. V. 22. dXXdi] 
supra scr. m. 1 V. tc5] corr. ex x6 m. 1 F. xa iiev] e 
corr. V. 23. FB] B eras. B. 
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cvfi^stQOv al AF^ FB. rp 8h vno tc5i/ AF^ FB <JtJfi- 
fisTQov i6tv ro Slg vno %&v AF, FB. xal ra cwro 
rAv AF^ FB &Qa acv(i(i€rQa i6rv rp dlg V7t6 rmv 
AF^ FB, aXka rotg ^ihv ano rmv AF, FB l6ov i^rl 
6 ro EH, r^ 81 dlg vno r&v AF, FB toov to @K' 
acfv^^etQOv aga iarl ro EH ra ®K' &6rB Ttal fj E9 
rfj SN a6vii[i6rQ6g i6ri [n^xev, xai ai6i ^r^raC' al 
E0^ SN aQa ^rjrai 6i6v dwdiisv i^ovov 6vfi(istQ0v. iav 
dh dvo ^rital SvvayiBv fiovov 6v^iiBtQ0v ^wtBd^ci^vv^ 

10 ij oXt^ aXoyog i6rvv fi KaXov^ivri ix Svo ovo^drcDV 
il EN aQa ix dvo 6von>arGiv i6rl Sv]]Qri[iivi] xata ro 
®. xara rd avrd Sri SBvxd^^^ovrav xal aC EMj MN 
^riral Svvd^Bv ii6vov ^vfi^BrQov' xal i6rav 17 EN ix 
Svo ovofidrcov xar aXko xal aXXo SvyQrjfiivri ro ts & 

15 xal ro M, xal ovx i6rvv rj EQ ty MN ^ avri}, or^ 
ra aTCo tciv AF^ FB fiBi^ovd i6rv r£v dno r&v AA^ 
AB, dXXd rd aTto rciv AA^ AB yLBi%ovd i6rv roi) 
SXg imo AA^ ^dB' TtoXkS aQa xal rd dTCo rciv AF^ 
FBj \omi6rv ro EH^ (iBt^^v i6rv rov Slg vtco rmv 

20 A^j ABy tovri6rv rov MK' &6tB xal ^ E® trjg MN 
^Bi^cov i6riv. rj aQa E® tfj MN ovx i6tvv 17 avtij' 
07CBQ iSBv SBt^av. 



1. Supra avfifisxQOi add. a Fb. t^ 9i — FB] mg. 
m. 1 P. 2. To] corr. ex tco Vb. Tal supra scr. m. 2 F. 
3. avftiistQa b, et B, corr. m. 2; a- del. F. 4. FB 



ft^xei V. rB 
iath P. EH 



(alt.) r e corr. V. 6. forov iati P. 6. 
H in ras. V. 8. E01 "0'E F. slaiv P. 



H.' 



9. ivtsd-maiv B, corr. m. 2. 10. i%] 1% tmv F. 11. aptfl 
om. P. iatCv P. 12. GK b. 15. iativ'] iatat V. ijj 
supra scr. m. 1 F. 17] postea ins. F. oTt] insidi^nsQ Theon 
(BFVb). 17. Mg. m. 1: yp. Ta 8h dno {tav A, J F) Fb. 

18. tmv AJ FV. 19. TovT^aT? P. 20. tovtiaziv P. tov] 
e corr. V. MK"] M seq. ras. 1 litt. B. ri] supra scr. m. 
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XI]. uerum ^F^ et ^T^ + FB^ commensurabilia sunt; 
nam AFy FB potentia commensurabiles sunt. et 
ArxFB, 2 AFxFB commensurabilia simt [prop. 
VI]. quare etiam AF^ + FB^ et ^AFxFB incommen- 
surabilia sunt [prop. XIII]. uerum EH— AF^ + FB^y 
&K=2Arx FB. itaque EH, ®K incommensurabilia 
sunt. quare etiam E0, &N longitudine incommensu- 
rabiles sunt [VI, 1; prop. XI]. et simt rationales. 
itaque E&, &N rationales sunt potentia tantum com- 
mensurabiles. sin duae rectae rationales potentia tantum 
commensurabiles componuntur^ tota irrationalis est ex 
duobus nominibus, quae uocatur [prop. XXXVI]. itaque 
EN ex duobus nominibus est in & diuisa. eodem igitur 
modo demonstrabimuS; etiam EM^ MN rationales esse 
potentia tantum commensurabiles. et EN, quae ex 
duobus nominibus est, in punctis diuersis & et M 
diuisa erit [quod absurdum est; prop.XLII], etE&,MN 
eaedem non sunt, quod AF^ + rB^> AA^ + AB^\ 
uerum A /fi -{- A B^>2 A A X A B.^) quare multo magis 
Ar^ + rB^^^AAxAB.hof^e^tEH^MK quare 
etiam E& > MN [VI, 1]. itaque E&^ MN eaedem 
non simt; quod erat demonstrandum. 



1) U. prop. LIX lemma. 



1 b. 21. (isiiov V. sed corr. rj] tijs h, Post avri} add. 
fj EN &QCC i% Svo ovoiAoctcav 'naXovpLsvri nat* aXXo %al aXXo ari- 
(isiov diatQSirai' onsQ aronov. ovx aoa ^x 6vo (isaoav dsvtSQa 
^ax* aXXo xttl aXXo arjfisCov dtaiQsttai rj xa'9'' ^v pLOvov F. 22. 
onsQ ^dsi Ssi^ai] om. BVb. 



Euolides, edd. Heiberg et Menge. III. ^ 
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'H [iSL^cov xata t6 avto (lovov 6Yifietov Svav- 
QettaL. 

^E6t(o [iBi^ov ri AB dLfjQti^svri xata ro JT, £6t6 

6 tag AF^ FB dvvdiieL aCviiiiitQovg Blvat 7t0L0v6ag tb 

fihv ^vyxeLfievov ix tciv djto t£v AF, FB tetQaydvcDv 

QTjtoVy ro 6" vno t^v AF, FB iii6ov* Xiyco^ otv ri 

AB xat aXXo 6rjfietov ov diaiQettai, 

El yccQ dvvatov^ dLyQrj^d^cs xal xatd ro ^, S6te 

10 xal tdg A^^ ^B SvvdfLei d^v^iiiitQovg elvav jcovov- 
6ag ro ^lv ^vyxeifievov ix rc3i/ djto t&v A^^ dB ^ri- 
rdv, ro d* xm avrcoi/ [ii6ov. xal ineC^ ca SvatpiQev 
td dno tAv AF^ FB tc5v dico tcSv AA^ A B^ tovt<p 
dvatpiQev xal tb Slg vTcb tAv AA^ AB tov Slg vnb 

16 r(3i/ AF^ FB, dXXd td dxb tcdv AF^ FB tciv djtb 
tcov AA^ dB vneQi%ev ^rjtS' ^rjtd yuQ dii(p6teQa' 
xal ro Slg vnb ttov AA^ AB aQa tov Slg vnb rmv 
AF, FB vneQi%ev ^ijrp ini^a ovta' oneQ i6tlv dSv- 
vatov. ovx aQa fi [leiicjv xat aXko xal aXXo 6ri[ietov 

20 SvavQettaV xatd tb avtb ccQa [lovov SvavQettaV oneQ 
iSev Set^av.. 

^H ^rjtbv xal [li^ov^^Svvaiiivri xa^ ^v [lovov 
6ri\iietov SvavQettav. 
25 "E^tGi ^ritbv xal [ii6ovSwaiiivri rj AB SvyQij[iivri 
xatd tb r^ &6te tdg AF^ FB Svvd^uv d6vii[iitQ0vg 



1. (i?' F. 2. Snpra rd add. m. 2 hccI ^v P. dvaioBixcii 
slg xd Svofiatu Theon (BPVb). 6. FB] supra scr. B. Supra 
noiovaaq scr. %ai m. 1 V. 6. AV] FA Fb; mg. m. 1 AB^ 
BVh. rcr^ayflot^ooi/] aupra scr. o b, -mv in ras. V. 7. 
fijrdfi P. 9i BF. 9. nal'] om. Theon (BFVb). 10. Sv 
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XLV. 

Becta maior in uno tantum puncto diuiditur. 

Sit JlB maior in F ita diuisa, ut ^J", FB potentia 
incommensurabiles sint efficientes summam -^I^ + FB^ 
rationalem, AFxrB autem medium [prop. XXXIX]. 
dico, AB m nuUo alio puncto diuidi. 
-A nam, si fieri potest, etiam in jd diuidatur, 

ita ut A^^ ^B potentia incommensurabiles sint 
_^ efficientes summam A^^ + ^B^ rationalem, 

A^ X AB autem medium. et quoniam, quo 
^ Ar^ + FB^ ab A^^ + AB^ differt [prop. XLI 

lemma], eo etiam 2 AA X AB a ^AFxFB 
-B differt [cfr. p. 122, 10 sq.], et -^I^ + T^^ excedit 
^A^ + ^B^ spatio rationali (nam utrumque ratio- 
nale est), etiam 2AAxAB excedit ^ArxFB 
spatio rationali, quamquam media sunt; quod fieri non 
potest [prop. XXVI]. itaque maior non diuiditur in 
punctis diuersis. ergo in uno tantum diuiditur; quod 
erat demonstrandum. 

XLVI. 

Recta spatio rationali et medio aequalis quadrata 
in uno tantum puncto diuiditur. 

Sit AB recta spatio rationali et medio aequalis 
quadrata in F ita diuisa, ut AF^ FB potentia incom- 
mensurabiles sint efficientes AF^ -{- FB^ medium, 



vdfistg P, corr. m. 1. 11. tmv ccno] m. 2 V. (riroov F. 

12. di F. dtoov P, corr. m. 1. 14. ro] corr. ex tov V. 

17. To] ra V. 20. onsQ ^Sst dst^ai] comp. P, om. BFVb. 

24. Post SuLiqsttai add. slq ta ovoiiata Theon (BFVb), P 
m. 2. 
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elvuL xoiov6ag to [ilv Cvyxeifisvov ix x&v &no tciv 
AF^ FB n660Vy ro dh Slg imb tciv AF^ FB ^ijtov' 
XsycDy oti, fi AB xat cckXo Crjiietov ov diaiQaltat, 
Ei yccQ dwatov, diyQTJcd^co xal xata to z/, m6ts 

6 xal tag A^, AB dvvd[i8t dcviiiidtQOvs elvai noiov- 
0ag ro (ihv ovyxeiiiBvov ix tc5v dno t^v A/l^ AB 
IIB0OV, ro dh dlg vno tAv AA^ AB ^rjtov, ijtsl ovv, 
0} SiafpBQBi ro 8lg vno tc5v AF^ FB rotJ Slg vtco tmv 
AA^ AB^ tovtc) StacpBQBi xal td dno tc5v AA, jdB 

10 tmv dito tAv AF^ FB^ ro Se Slg vno tciv AF^ FB 
rov Slg vno tc5v AA^ AB vnBQB%Bi Qf\t&^ xai td 
dno tciv AA^ AB aQa tciv dnb tciv AF, FB vn- 
BQB%BL QfjtS fiB6a ovra' onBQ iotlv dSvvatov. ovx &Qa 
il ^rjtbv xal iid6ov SwafLBvrj xai aXXo xal akko ^rj- 

15 iiBLOv ScaiQBttaL, xatd ^v aQa Orjfistov SiaiQBttav* 
onBQ ^Sbl Sst^ai. 

^H Svo (isOa SvvaiiBvrj xa^ ?i/ ^iovov dj- 
^stov SiaLQBttaL, 

20 "EotGi [Svo inioa Swaiiivri] ri AB SLyQij^ivri xatd 
tb r, cS6t6 tdg AF^ FB SwdiiBL d6v[i[iitQovg alvaL 
noLOv6ag ro' ts 6vyxBL[i6vov ix tciv dnb tciv AF, FB 
fiieov xal ro vnb tciv AF^ FB fii^ov xal itL d^vfi- 
li6tQov rc5 6vyx6Liiiva) ix rcoi/ dn avt&v. Xiyca, otL 

26 ri AB xai akko 6riii6tov ov SLaLQ6ttaL noLOv6a td 

nQ0X6L[l6Va, 



2. r B] in ras. V. ds] S' B, cvYTisiiisvov iyi xmv V. Slq] 
om. Theon (BFVb). vno] corr. ex dno V. 3. Post Aiy© 
ras. 1 litt. F. AB ev&sta V. 4. xa^l om. Bb, postea add. 
FV. 5. xa^] Bupra scr. V. 6. dno xmv — 7. piyrov] in 
ras. m. 1 F. 6. JB] JB, KZ b. 7. 8s] 6' BFb, 9h avy 
ns^liBvov iyi tav V. S^g] om. Theon (BFVb). 10. Ss] om. 
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2 AFxrB autem rationale [prop. XL]. dico, AB in 
nuUo alio puncto diuidi. 

^. nam si fieri potest, etiam in ^ ita diuidatur, 
ut A^^ AB potentia incommensurabiles sint ef- 
-j ficientes AA^-^-AB^ medium, 2 AAxAB dLuiem 
'•r rationale. iam quoniam, quo di£Fert 2 ArxFB 
a 2AAXJB, eo eimmA/P + AB^?}^ AF^ +rB^ 
differt, ^AFxTB autem 2AAxAB excedit 
spatio rationali, etiam AA^ + ^-B^ excedit 
AF^ + FB^ spatio rationali, quamquam media 
sunt; quod fieri non potest [prop. XXVI]. itaque recta 
spatio rationali et medio aequalis quadrata non diuiditur 
in punctis diuersis. ergo in uno tantum puncto diui- 
ditur; quod erat demonstrandum. 

XLVn. 

Recta duobus spatiis mediis aequalis quadrata in 
uno tantum puncto diuiditur. 

Sit AB in F ita diuisa, ut AF^ FB potentia in. 
commensurabiles sint efficientes AF^ ••{' FB^ medium 
et AFxrB medium et simul quadratis AI^ + rB^ 
incommensurabile [prop. XLI]. dico, AB in nullo alio 
puncto diuidi, ita ut proposita efficiat. 

BV. Slg ccQa V. 11. tcc] %6 P. 12. tcov] (alt.) corr. 

ex xa m. 2 F. 14. arifista P, corr. m. 1. 15. ticc^' BFb. 
xara — 16. Ssi^oci] m. 2 V. 16. otcsq idsi dst^ai] comp. 
P, om. BF. 17. fit'] 6 corr. F. 18. 17 8vo asaa] in ras. 
m. 1 F. 19. diaiQsiTai slg xa ovofiata Theon (BFVb). 20. 
Svo (isaa Svvafiivri] om. P. 23. xal to — (isaov] mg. m. 
1 P. To] tb avyyis^iisvov in tmv V. 24. tm avyTisiiASvo)] 
ego; t6 avyHs£(isvov PBFVb. Post avtmv add. t6 (corr. ex 
t6 m. rec. P) avv^iisLfisvai (corr. ex -fisvov m. rec. P) ^x tav 
vn* (corr. ex dn m. 2 V, dn' b) avtmv {tstqayoivoav add. b, 
F m. 2) BFVb, P mg. m. 1. 
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Ei yccQ dvvaxov, dirjQi]6d^G) xata ro jd, S6ts ndXiv 
dfjXovozL rijv AF ri] ^B fLfj elvaL r^v avrifi/, akXa 
(iSL^ova xad^ V7t6%^s6iv rrjv AF^ xal ixxBi^d^io ^rizii 
71 EZ^ Kal TtaQafiBpX^^^d^cj naQo, rijv EZ rotg filv anb 
6 rc5i/ AF^ FB i'6ov ro EH, rc3 ds dlg vjto r(5v AF, 
FB i'6ov ro &K' okov aQa ro EK t6ov i6rl rc5 ajto 
rijg AB rstQayoivc), naXiv dij JtaQaPsfiXT^^d^io naga 
rijv EZ rotg dno rc3i/ A^, ^B i'6ov ro EA' Ao^^oi/ 
aQa rb dlg vnb rcov AA^ ^B loiTta r^ MK t6ov 

10 ioriv. xal iTtsl [ii6ov VTtoxscrac ro ^vyxsc^isvov ix 
rciv dnb rc5v AF^ FB^ iis6ov aQa i6rl xal ro EH, 
xal TtaQcc Qfjrijv rijv EZ TtaQaxsirat* Qfjrii aQa i6r\v 
71 ®E xal d6vn^srQog rfj EZ fii^xsc* dcd rd avrcc d^ 
xal ri ®N ^i^rif i6rL xal d^vii^srQog rij EZ (iijxsi. 

15 xal insl d^v^ifisrQov i6ri rb 6vyxsiyiSvov ix r&v dnb 
r&v AF, FB rc5 dlg vzb rc5v AF^ FB, xal rb EH 
ccQa ro3 HN d^vfi^srQov i^nv &6rs xal tj E® ry 
®N d^v^fisrQog i6riv. xaC si6i ^rjrai' at E®, ®N 
aQa Qfjrai si6i dvvdiisc fiovov ^vfiiisrQOL' ^ EN aQa 

20 ix dvo 6vo[idtci)v i6rl dLyQrjiiBVfj xard ro ®. 6(ioicDg 
dii dsi^o^sv^ ort xal xard ro M di^Qi^raL. xal ovx 
l6rLV ri E® rrj MN rj avrri* fj aQa ix dvo ovo^- 
rcjv xar dkko xal dXXo 6rjfistov SiyQrjraL' OTtsg i6riv 
droTtov. ovx aQa ri dvo iis6a Svvanivrj xar akXo xal 

25 aAAo 6rjfAstov SiaLQStrai' xad^ ^v aQa iiovov \6ri^stov] 
SLaLQstraL, 

1. xal xara V. 3. ^sia&ca P. 6. EK] corr. ex &K 
m. 2 P. 10. iatf BV, comp. Fb. IS, GE] E@ P. 14. 
iativ P. 15. to — 16. '^gl in ras. m. 1 F. 16. tcSI tw 
cvyHBtfiiva) in tmv (tov F) F v b. dig\ supra scr. F. ' vno] 
in ras. F. FB] BF' F. EN b. 17. aqa] om. V. t<3] 
mut. in x&v m. 2 V. HN] 0K BFb, @K &qa V. 18. 
iv] comp. Fb, iati pLi^%8i V. slaiv PB. 19. bIclv PB. 
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nam, si fieri potest; in jd ita diuidatur^ ut scilicet 
rursus jiF^ ^B eaedem non sint^ sed supponatur maior 
M ® jyr AF^ et ponatur rationalis EZ^ 
et rectae EZ quadratis AF^ + 
FB^ aequale adplicetur EH^ rect- 
angulo autem 2^rxrB.ae- 
quale ®K. itaque EK = AB^ 
[II, 4]. iam rursus rectae EZ 
quadratis A^^ -{' jdB^ aequale 
adplicetur EA, itaque quod re- 
linquitur, 2 A^d X ^dB = MK, et quoniam suppo- 
suimus, AF^ -|- FB^ medium esse, etiara EH me- 
dium est. et rectae rationali EZ adplicatum est; itaque 
&E rationalis est et rectae EZ longitudine incommen- 
surabilis [prop. XXII], eadem de causa etiam ©iVratio- 
ualis est et rectae EZ longitudine incommensurabilis. 
et quoniam AF^ + FB^ et 2 AFxrB incommensura- 
bilia sunt, etiam EH^ HN incommensurabilia sunt. 
quare etiam E®y ®N incommensurabiles sunt [VI, 1; 
prop. XI]. et sunt rationales. itaque E®^ ®N ratio- 
nales sunt potentia tantum commensurabiles. ergo EN 
ex duobus nominibus est in ® diuisa [prop. XXXVI]. 
similiter demonstrabimus, eandem in M diuisam esse. 
et E®y MN eaedem non sunt. itaque recta ex duobus 
nominibus in punctis diuersis diuisa est; quod fieri 
non potest [prop. XLII]. itaque recta duobus spatiis 
mediis aequalis quadrata non diuiditur in punctis diuersis. 
ergo in uno tantum diuiditur. 

^ 21. dtaiQSitoci V. ^ 22. MN &qoc b. Ih tcov P. 23. 

&zon6v iaxiv V. 24. rf\ corr. ex iti V. 25. ^va F. arifisiov] 
om. P. 



136 STOIXEISIN t'. 

^OqOL dBVXBQOV. 

a, ^TxoxBLiiivrjg ^iyr^g xal rijg ix dvo 6vo(iata}v 
dLTjQfjfievrig sCg xa oi/dfiarcr, r^g ro i^Bt^ov ovoiia zov 
iXa66ovog fiBt^ov Svvatat t^ ajto 0vii(iitQOV iavty 
5 inijxsLy iav fihv t6 iistiov oi/o^a ^v^fiBtQOV y (itjxbl 
tfj ixxBiiiivy ^ritijy xaXsicfd^o) [^ oAiy] ix dvo ovoiid- 
tCDV ^QcitT^. 

/}'. 'Eav Sh ro iXdcaov ovofia aviiiistQOv y ii^si 
tfj ixxBiiiivy ^^t^9 xakBiod^o) ix Svo ovofidtojv 
10 SsvtiQa. 

y\ ^Eav S% ^riSitBQOV tAv ovo^idtov 0v(i^tQov 
ri (irjxBi, tfj ixxBL[iivy ^r^tfj^ xaXsi6^(0 ix Svo ovoiid- 
tcav tQltri» 

S", ndXiv Sri iav tb (ist^ov ovo^ia [tqv BXd66ovog] 
16 ^Bl^ov Svvritai t^ dno d^vfiiiitQOV iavtfj fiipcBVj idv 
^hv ro iist^ov ovoi^a OvfiiistQOv rj hlyixbv tfj ixxBiiiivfj 
Qrjtfjj xaXsic^cD ix Svo ovoiidtcDV tstdQtri, 
B, ^Edv S% ro iXa60oVf niiintri. 
sr'. ^Edv S\ iiriSitSQOV, Bxtr}, 

20 ^n- 

EvQStv tr^v ix Svo ovo^idtcov nQcitriv, 

^Exxsicd^co^av Svo aQLd^fiol ol AF^ FB^ &6tB tbv 

6yyxBi(isvov i^ avtAv tbv AB n^bg iklv tbv BF koyov 

i%BiVy ov tBtQdycavog aQid^iibg n^bg tstQdycavov aQi' 

26 d^fiovy nQbg Sh tbv FA loyov [iri i%BiVy ov tBtQdyO' 

vog dQid^fibg TtQog tstQdycDvov dQid^nov, xal iHxsi^^cs 



1. OQOL 8svtBQ0i] mg. B, m. 2 V, om. F, fii^' h, numeros 
om. codd. 4. iXdttovog BFb. ccvtjj B, corr. m. rec; et 
supra Bcr. <p h; e- e corr. V. 6. ft))xft] (alt.) om. V, m. 2 F 
(eras.). 6.' (rjt^ fA?}x«i FV. rj oXri] supra scr. m. 2 P, oXrj B. 
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Definitiones alterae. 

1. Proposita recta rationali et recta ex duobus no- 
minibus in nomina diuisa, cuius nomen maius potentia 
minus excedit quadrato rectae sibi longitudine com- 
mensurabilis^ si maius nomen rationali propositae lon- 
gitudine commensurabile est, uocetur ex duobus no- 
minibus prima. 

2. Sin minus nomen rationali propositae longitudine 
commensurabile est, uocetur ex duobus nominibus se- 
cunda. 

3. Sin neutrum nomen rationali propositae longi- 
tudine commensurabile est, uocetur ex duobus nominibus 
tertia. 

4. Rursus si maius nomen potentia excedit quadrato 
rectae sibi longitudine incommensurabilis^ si maius 
nomen rationali propositae longitudine commensurabile 
est^ uocetur ex duobus nominibus quarta. 

5. Sin minus commensurabile est^ quinta. 

6. Sin neutrum, sexta. 

XLVin. 

Inuenire rectam ex duobus nominibus primam. 

Exponantur duo numeri AFj FB eius modi, ut 
AB i Br rationem habeat, quam numerus quadratus 
ad numerum quadratum^ AB autem ad FA rationem 
non habeat, quam numerus quadratus ad numerum 
quadratum [prop. XXVIII lemma], et exponatur ratio- 

8. ftijxet] bm. V. 9. ^^ fiTjxet V. ri oXri i% F. 14. 
tov iXaaaovog] m. 2 P, tqv iXdttovog V. 15. avfifiszQOv BFb, 
corr. m. 2. lavr^] supra scr. ca b. 16. ovofia] om. V. 19. 
Seq. Bchol., u. app. 20. fi^' F. 23. tov] (prius) corr. ex 
t&v V. 25. FA] ras. V. 
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ttg Qfirri ij ^, kuI rrj ^ cfvii^srQog i6r(o fii^xeL ij EZ» 
^ririj uQa i0rl xal rj EZ, xal yeyoviro) (og 6 BA 
aQcd^iiog TtQog rov AF^ ovrcag t6 djth rrjg EZ TCQog 
rb ano rrjg ZH. 6 dh AB TtQog rov AF koyov i%av^ 
6 ov aQL^iiog ^Qog aQi^d^iiov* xal ro ano rrjg EZ aQa 
TCQog ro «jro rfig ZH Xoyov ix^c, ov aQLd^iiog TtQog 
aQLd^lioV Sgrs ^vfiiisrQov iori ro «jto rrjg EZ rp 
ano rrjg ZH. xai i6ri ^rjrrj r; EZ' Qrjrri aQa xal fi 
ZH. xal insl o BA TtQog rov AF koyov ovx i%Bv^ 

10 ov rsrQayoivog aQid-iiog ^Qog rerQaytovov aQLd^fiov, 
ovdl rb ccTtb rrjg EZ aQa JtQbg rb anb rrig ZH koyov 
1%6L^ ov rsrQaytovog dQid^fibg TtQbg rsrQaycovov aQvd^iiov' 
d^viiiisrQog aQa i6rlv rj EZ rfj ZH in^xeL, aC EZ, 
ZH aQa QriraC Bi6i dvvdiisL [lovov 6viL^stQ0v* ix dvo 

15 aQa ovo^drcDV i6rlv 17 EH. 
AiycSy or^ xal JtQdrrj. 

^Ejtsl yaQ i6riv (og b BA dQid-iibg nQbg rbv AF, 
ovrcag ro dnb rrjg EZ TtQbg rb dnb rr^g ZH^ (isi^cov 
8h BA rov AF^ ^st^ov aQa xal ro d^tb rrjg EZ 

20 roiJ dnb rrjg ZH. i6rca ovv ro5 dnb rrjg EZ i6a rd 
dnb r&v ZH^ ®. xal insC i6riv mg b BA n^Qbg rbv 
AF, ovrojg rb dnb rfjg EZ TtQbg ro dnb rrjg ZH^ 
dva6rQE^avrL aQa i6rlv (og AB TtQbg rbv BF, ovr csg 
ro dito rrjg EZ n^bg ro dnb rrjg &. dl AB TCQbg 

26 rbv BF Xoyov i%si, ov rsrQaycDvog dQcd^^bg TtQbg rsrQa- 
ycovov dQLd^fiov* xal ro dnb rrjg EZ aQa n^bg rb 
ditb rrjg ® Xoyov i%SL^ ov rsrQaycovog dQid^fibg n^Qbg 
rsrQaycjvov dQLd^iiov, 6v^iisrQog aQa i6rlv ^ EZ ry 



1. Tig] supra scr. m. 1 V. 2. iarl %uQ iativ B. 3. 

AT] TA FVb. Dein add. aQi&iiov V. ^ 4. Z jf] fl eras. F. 

6 8i — 6. dqi^yLov] mg. m. 2 B. 5. oy 6 F. 8. iaziv B. 
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nalis aliqua A, et rectae ^ longitudine commensura- 

bilis sit EZ\ itaque EZ rationalis est [def. 3]. et fiat 

.. . ^ BA:Ar=EZ^:ZH^ 

A I 1 01 1 

[prop. VI coroll.]. uerum 

Z K AB:AT rationem ha- 

A r B ^®*; quam numerus 

' ' ' ad numerum. itaque 

etiam EZ^:ZH^ rationem habet, quam numerus ad 

numerum. quare EZ^, ZH^ commensurabilia. sunt 

£prop. VI]. et EZ rationalis est. itaque etiam ZH 

rationalis esi et quoniam BA:Ar rationem non 

habet; quam numerus quadratus ad numerum qua- 

dratum, ne EZ^ quidem ad ZH^ rationem habet, quam 

numerus quadratus ad numerum quadratum. itaque 

-EZ, Zif longitudine incommensurabiles sunt [prop.IX]. 

quare EZ^ ZH rationales sunt potentia tantum com- 

mensurabiles. ergo EH ex duobus nominibus est [prop. 

XXXVI]. dico, eandem primam esse. 

nam quoniam est BA:Ar= EZ^:ZH% et BA>Ar, 
erit etiam EZ^>ZH^ [V, 14]. sit igitur ZH^ + 0^ 
= EZl et quoniam est BA : ^r= EZ^ : ZH\ conuer- 
tendo [V, 19 coroll.] est AB:Br=EZ^:&. uerum 
AB:Br rationem habet, quam numerus quadratus ad 
numerum quadratum. itaque etiam EZ^:®^ rationem 
habet; quam numerus quadratus ad numerum quadratum. 
quare EZ^ ® longitudine commensurabiles sunt [prop. 

9. BA'] mut. in ^B V. ov%\ postea ins. F. 14. ZH — 
SvvdfiBL] m. 2 B. stGiv P. 15. Sqoj m. rec. b. 17. 6] 
in ras. m. 1 P. AB F. 18. toI (prius) supra scr. m. 1 P. 

fiBtiov F. 20. Tc5] corr. ex t6 V. 21. AB P. 26. tov] 
om. BFb. BF] r supra scr. V. 26. EZ] ZE corr. ex 
ZB F. 27. 0] seq. ras. 1 litt. F. 
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& ^i^xar ii EZ uQa r^g ZH [ist^ov Svvcctai rp dnb 
6vfifiirQ0v eavrfi, xaC eliSi ^rixal at EZ^ ZH^ xal 
ovfifisrQog ^ EZ rfj ^ (ii^xsl. 

^H EH aQa ix Svo ovo^rov iorl jtQcirri' oTtsQ 
5 sdsv Sst^at, 

EvQStv riiv ix Svo ovofidrov SsvriQav. 
^EKXsC6^(o6av Svo aQid^iiol oC AF^ F-B, &6rs rbv 
avyxsCfisvov i^ ainAv roi/ AB %Qog (ihv rov BF Ao- 

10 yov ixsiv^ 01/ rsrQaycjvog apt^/xo^ TtQog rsrQaycovov 
aQid^iioVj TtQog 8\ rov AF loyov [lii ixsiv^ ov rsrQa- 
yovog aQLd^fiog TtQog rsrQaycnvov aQid^iioVy xal ixxsC^- 
d^o ^rirri fj ^, xal ry jd 6v[iiisrQog l6ra) fj EZ yirpcsi* 
^ririi aQa i6rlv ri EZ. ysyoviro Srj xal cog 6 FA 

15 aQtd^fibg TtQbg rbv AB, ovrcog rb ditb rrjg EZ XQbg 
rb dno rrjg ZH' 6v^(isrQ0v aQa i6rl rb ditb rrjg EZ 
ro ditb rrlg ZH. ^rjf^ aQa s6rl xal ii ZH. xal iitsl 
6 FA aQLd^^bg TtQbg rbv AB loyov ovx ixsL, ov rsrQd" 
ycovog aQid^fibg nQbg rsrQdyovov dQLd^fiov^ ovSh rb 

20 djtb rrjg EZ n^bg rb dnb rrig ZH koyov ^x^t^ ^^ '^^' 
rQaycovog dQvd^fibg TtQog rsrQaycjvov dQvd^fiov, d^vfi- 
fisrQog aQa i6rlv ^ EZ rrj ZH fiTjxsv aC EZ^ ZH 
ccQa ^rjraC sC6i Svvdfisi (lovov 6v(i^srQ0L* ix Svo aQa 
ovofidrcov i6rlv ^ EH, 

25 Asixtiov Sri^ or^ xal SsvrsQa, 

2. bIoiv PB. 3. davjifiSTQog F, d- eras.; deinde add. 
a^xet, del. m. 1. Post firjTisi del. davfifistgot m. 1 F. 4. 
onsQ k'8sL dsi^at] comp. P, om. BFVb. 6. v' F, et sic dein- 
ceps. 8. Tov] corr. ex t6 m. 2 V. 11. FA BVb. 12. 
tstQdymvog F. 13. EZ] ZH BVb, in ras. F, m. rec. P. 14. 
(ritTi — EZ] %al 7j ZJf apa qritri iativ F. EZ] ZH BVb, 
m. rec. P. ysyovstoo Sri xa^] xal ^atoD V. 8s F, supra 
Bcr. S^. 15. EZ] HZ F, et corr. ex ZJf V, ZH Bb, P m. 
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IX]. itaque EZ^ excedit ZH^ quadrato rectae sibi 
commensurabilis. et EZ^ ZH rationales sunt, et EZ, ^ 
longitudine commensurabiles. 

Ergo EH ex duobus nominibus est prima [def. 
alt. 1]; quod erat demonstrandum. 

XLIX. 

Inuenire rectam ex duobus nominibus secundam. 

Exponantur duo numeri AF^ FB eius modi, ut 

^^ ad ^F rationem habeat^ quam numerus quadratus 

ad numerum quadratum, ad ^F autem rationem non 

habeat; quam numerus quadratus ad numerum qua- 

j _ F dratum [prop. XXVIII lemma]. et po- 

Jq natur rationalis ^, et rectae ^d longi- 

tudine commensurabilis sit EZ] itaque 

EZ rationalis est. iam fiat etiam 

rA:AB = EZ^ : ZH^ [prop. VI coroU.]. 

itaque EZ^, ZH^ commensurabilia sunt 

[prop. VI]. quare etiam ZH ratio- 

nalis est. et quoniam FAiAB rationem non habet; 

quam numerus quadratus ad numerum quadratum, ne 

EZ^ quidem ad ZH^ rationem habet, quam numerus 

quadratus ad numerum quadratum. itaque EZ^ ZH 

longitudine incommensurabiles sunt [prop. IX]. quare 

EZ, ZH rationales sunt potentia tantum commensu- 

rabiles. ergo EH ex duobus nominibus est [prop. 

XXXVI]. iam- demonstrandum, eandem secundam esse. 

rec. 16. ZH] ZE BFVb, m. rec. P; item lin. 17 bis, 20, 22. 

16. EZ] JfZ B b, et corr. ex ZH V, Z Jf F, P m. rec. 17. iat^v B. 

18. FA] in ras. V. 19. ovd ccQa Theon (BFVb). 20. 
JEZ] HZ BFV, et e corr. m. 1 b. 2^1 EZ] HZ Bb, P m. 
rec; ZH Y, ZH' F, t^g b. 23. stoLv B. 25. Si P. 
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'Eitel yccQ ava%aklv iativ cog 6 BA aQid^^og TtQog 
tov AF^ ovt(og to a%o tfjg HZ XQog to aTto f^g ZEy 
^el^cjv dh 6 BA tov AF^ (ist^ov aQa [xal] to ano 
tijg HZ tov dxo tijg ZE. iatca tp ajto t^g HZ taa 
6 ta ajto tcov EZy &' dva6tQBtl;avti aQa iatlv atg 6 AB 
TtQog tbv BF^ ovtcjg to dno tfjg ZH TtQog to dxo 
trjg &, dXX 6 AB TtQog tov BF Xoyov e%Bi^ ov tstQd' 
yovog dQi^fiog TtQog tBtQayovov dQcd^^iov xal to djto 
tijg Z H ccQa XQog to dxo trjg & Xoyov ixBc^ ov xetQd' 
10 ycjvog dQLd-fibg TtQog tBtQaycovov dQLd-fiov, 0v(i^stQog 
aQa iatlv r/ ZH tfj & ^t^xsl' Sats rj ZH tijg ZE 
list^ov Svvatai ta dn:6 6v[i[iitQov iavtij. xa£ si6v 
^fjtal aC ZH^ ZE SvvdfiSL (lovov 6vfifistQ0c, xal to 
EZ ika66ov oi/Ofia tij ixxsL(iivy ^rjtij 6v(i(iBtQ6v i6tL 

ih tfi jd ^'^xsi, 

^H EH aQa ix dvo ovofidtov i6tl dsvtiQa' OTtSQ 
iSsi dst^ac. 

V , 

EvQStv tiiv ix Svo ovofidtov tQitrjv. 

20 'Exxsi^d-co^av dvo dQid^^ol ol AF^ FB, &6ts tov 
6vyxBifiBvov i^ avt&v tov AB TtQog (ilv tov BF Ao- 
yov s%BLv^ ov tstQaycovog dQid^fiog TtQog tstQdycavov 
dQLd^^iov, TtQog dh tov AF loyov firj i%svv^ ov tstQd' 
ycovog dQtd^^bg TtQbg tstQdycjvov dQid^^ov, ixxs{6%^m 

25 Ss tig xal aXkog firj tstQaycovog dQtd-fibg 6 ^, xal 
XQbg sxdtsQOv t&v BA^ AF loyov fi^ i%itOj ov ts- 

1. ^B P. aptd-ftoff] om. b. 2. JfZ] EZ BPVb, m; 
rec. P, item lin. 4 bis. ZEl ZJf BPVb, m. rec. P, item 
lin. 4, 11. 3. fislStov — Ar] mg. m. 1 P {fisiSov, sed corr. 
m. 1). BA'] A e corr. V. Ha(] om. P. 5. EZ] HZ 
BPVb, m. rec. P. «6] 17 b 9 (non F). 6. ZH] EZ BFVb, V 
m. rec. P, item lin. 9, 11 bis. 8. "nai — 10. ccQtd^fiov] mg. m. 
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nam quoniam e contrario est [V, 7 coroU.] BAiAF 
= HZ^:ZE\ et BA>Ar, erit HZ^>ZE^ [V, 14]. 
sit HZ^ = EZ^ + ®\ conuertendo [V, 19 coroU.] igitur 
est AB : BT = ZH^ : @\ uerum AB : BT rationem 
habety quam numerus quadratus ad numerum qua- 
dratum. itaque etiara ZH^:®^ rationem habet, 
quam numerus quadratus ad numerum quadratum. 
itaque ZH, ® longitudine commensurabiles sunt [prop. 
IX]. quare ZH^ excedit ZE^ quadrato rectae sibi 
commensurabilis. et rationales sunt ZH^ZE potentia 
• tantum commensurabileS; et minus nomen EZ rationali 
propositae jd commensurabilis est longitudine. 

Ergo EH ex duobus nominibus secunda est [def. 
alt. 2]; quod erat demonstrandum. 

L. 

Inuenire rectam ex duobus nominibus tertiam. 

Exponantur duo numeri AF, FB eius modi, ut 
AB ad BF rationem habeat, quam numerus quadratus ad 
numerum quadratum^ ad ^Fautem rationem nonhabeat; 

A r B 

I 1 — I 

E I 1 K\ — I J I 1 

Z H @ ' 

I 1 1 

quam numerus quadratus ad numerum quadratum. ex- 
ponatur autem etiam alius aliquis numerus non qua- 
dratus A, et ad utrumque BA^ AF rationem ne habeat, 

1 F. 12. bIgiv B. 13. EZ, ZJf BFVb, m. rec. P. 14. 
EZ] ZH BFVb, m. rec. P. ^Xaxxoy BVb, comp. F. ffvft- 
fUXQOv iari r^ Theon (BFVb). avfifisTQOv Iffrt] om. Theon 
CBFVb). 16. OTtBQ ^Sst Sst^at] comp. P, om. BFVb. 20. 
TisMiDaav, supra scr. in, V. 8vo] corr. ex of m. rec. P. 
25. dift^fiog] om. V. 
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TQccycDvog uQid^iiog XQog taxQay(ovov aQcd^fiov xal iz- 
Tieied^G) rvg Qtitrj svd-ata ii E, xal yayovha) G>g 6 J 
TtQog rbv AB^ ovt(og to aito trjg E TtQog ro aTto tijg 
ZH' 0v(i^atQOv aQa i6tl to ccTtb tijg E t£ ajtb t^g 
5 ZH, xaC ieti Qrjtii ii E' Qrjtri aQa iatl xal rj ZH. 
xal iTtal jd %Qbg tbv AB Xoyov ovx i%avy ov tstQa- 
yc3Vog aQid^fibg TtQog tatQaycjvov aQv%ii,6v^ ov8\ tb 
a%6 trjg E TtQbg tb ajtb trjg ZH X6yov ixai^ ov tstQa- 
ycDvog aQi^iibg XQog tatQciycjvov aQtd^^^v a6v^fiatQ0g 

10 ccQa iatlv fi E tfj ZH [iiixaL. yayovitco Sr^ naliv mg 
fj BA aQLd^fibg TtQbg tbv AF^ ovtcog tb aTtb t^g ZH 
XQbg tb anb tf^g H0' 6v(i(iatQ0v aQa i6tl tb djtb 
trjg ZH t^ axb trjg H&. Qtitri Sh fi ZH' ^ijr^ aQa 
xal fj H®. xal ixal b BA TtQog tbv AF X6yov ovx 

15 ^XBL^ ov tatQaycavog aQid^^bg TtQbg tatQ&ycavov aQLd^fWVj 
ov8h tb dzb trjg ZH TtQbg tb aTtb trjg @H X6yov 
iX^Vj ov tatQayovog dQid^fibg TtQbg tatQayovov aQi- 
d^fi^v davfiiiatQog aQa iatlv fj ZH t^ H® iii^xai. 
al ZHj H@ aQa ^rjtai al6v 8vvd(iac fi6vov atfi^atQOi' 

20 «J Z© ccQa ix 8vo ovofidtcov iatCv, 
Aeyco 8ri, ott xal tQCtrj, 

^Ejtal ydQ iativ d)g 6 A JtQbg tbv AB^ ovtog tb 
djtb trjg E XQbg tb dnb trjg ZH, d)g 8h 6 BA TtQbg 
tbv AFj ovtcog tb d%b trig ZH ZQbg tb djtb t^g 

25 HGy dt' taov aQa iatlv d)g 6 A TtQbg tbv AT, ovtcog 
tb aTtb trjg E JtQbg tb ditb tr\g H0. 08%^ itQog 
tbv AF l6yov ovx Sxai^ ov tetQuycavog dQtd^fibg JtQbg 
tezQdyovov dQid^fi^v ov8h tb d%b trjg E aQa TtQbg 
tb dnb trjg H® k6yov ix^i^ ov tetQdycovog dQi^^ibg 

2. ^T^TjJ] m. 2 F. S. trj ZH b. 4. rd — 5. ZH] (prius) m. 
2 B. 5. nai iazi ^r^rij] Qritri ds B. iatCv B. 10. di V. 
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quam sumerus quadratus ad numerum quadratum; et 
ponatur aliqua recta rationalis E, et fiat /l:AB = 
E^iZlP [prop. VI coroU.]. itaque E^^ZIP commen- 
surabilia sunt [prop. VI]. et E rationalis est; quare 
etiam Zlf rationalis est. et quoniam A\AB rationem 
non habet; quam numerus quadratus ad numerum qua- 
dratum, ne E'^ quidem ad ZH'^ rationem habet, quam 
numerus quadratus ad numerum quadratum. itaque 
Ey Zif longitudine incommensurabiles sunt [prop. IX]. 
iam rursus fiat BA\Ar=ZH^\ H®^ [prop. VI coroU.]. 
itaque ZH^^ H0^ commensurabilia sunt [prop. VI]. 
uerum ZH rationalis est; itaque etiam H® rationalis 
est. et quoniam BA\Ar rationem non habet, quam 
numerus quadratus ad numerum quadratum, ne ZH^ 
quidem ad H®^ rationem habet, quam numerus qua- 
dratus ad numerum quadratum. itaque ZH^ H® lon- 
gitudine incommensurabiles sunt [prop. EK]. quare 
ZHy H@ rationales sunt potentia tantum commensu- 
rabiles. ergo Z@ ex duobus nominibus est [prop. 
XXXVI]. iam dico, eandem tertiara esse. nam quo- 
niam est J\AB = E^\ZH^ et BA\Ar=ZH^\H®^, 
ex aequo [V, 22] erit ^ : ^F = JS;^ : H®\ uerum J\Ar 
rationem non habet, quam numerus quadratus ad 

11. BA] AB' F. z6v] om. B. 14. FA F. 16. ®H] 
in ras. V, H& F. 18. kaziv] hxl nai F. ZH] e corr. m. 2 
(ex HZ?) V. T^] m. rec. P. 9H F. 19. H@] in ras. V. 

Bleiv B. 20. iari BV, comp. Fb. 22. mg] supra scr. 
m. 1 F. 23. Z Jf] HZ F. BA] AB P, AB' F. 24. tov] 
om. P. AF] corr. ex AB m. 1 F. 25. H@] Z® P, corr. 
m. rec. (euan.). 28. tstQoiyoivos F, corr. m. 1. 
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JtQog tsxQaytovov ctQtd^fiov a6vfiiistQog ccQa ictlv tj 
E tfj H® fii^xsL xal ijtsi iotiv (og 6 BA XQog xov 
AF^ ovtfog to uTCo t^g ZH TCQog to aitb trig H®^ 
(ist^ov ttQa to a%o tijg ZH rot) aycb tijg H@. iatcD 
5 ovv rc5 ajto tijg ZH l'6a ta aTto td5v H@, K* ava- 
6tQi^avti, aQa \i<Stlv^ d>g 6 AB TtQog tov 5F, ovtcog 
t6 axo tijg ZH TtQog to aito tijg K, 6 d^ AB TtQbg 
tov BF koyov ixsi^ ov tstQaycavog aQvd^fiog TtQog ts- 
tQaycavov aQi^fwv' ocal to ano ti^g ZH aQa TtQog to 

10 aTto tijg K Xoyov ixsi^ ov tstQciycovog aQcd^fiog TtQog 
tstQccyovov aQtd^^oV 6vfifxstQog aQa [i6tlv] fi ZHtij 
K [irjxsi. ii ZH aQa tijg H@ fist^ov Svvatat, rcSf ano 
6v^(iitQ0v iavf^, xai sl6cv aC ZH^ H@ QTjxal Swa- 
fist ^ovov 6v[iiistQ0t^ xal ovSstiQa avxciv 6v^^sxQ6g 

15 i6XL xij E (ii^xsc, 

^H Z® aQa ix Svo ovo^dxcav i6xl XQixrj' oxsq 
iSsL Sst^ai. 

va\ 

EvQstv XYiv ix Svo ovo^dxcDV xsxdQxriv, 
20 ^Exxsi^d^cD^av Svo uQid^^ol oC AFj FB^ &6xs xov 
AB TtQog xov BF Xoyov firi ixsiv fii^xs firiv TtQog xov 
AF^ ov tstQaycovog aQLd^fiog TtQog tstQdycovov aQi- 
d^iiov. xal ixxsi^d-cj ^ritrj ^ A^ xal tfi ^ 6vit,it,stQ0g 
s6to (iT^xsL rj EZ' ^ritri aQa i6tl xal ^ EZ, xal ys- 
25 yovito) (og 6 BA aQLd-^og TtQog tov AF^ ovtcog xo 
aTto trjg EZ TtQog tb djtb tijg ZH' 6vfifistQ0v aga 

1. sGTLv'] m. 2 F, om. B. 3. toj (alt.) om. b. 4. r^g] 
(alt.) om. b. 6. iativ] om. P. tov] om. Fb. 11. iativj 
om. BFVb. 12. apaj m. 2 V. Svvcctat] -va- in ras. P. 
13. davfifiitQov F, corr. m. rec; d- supra scr. P m. 2. H& 
dga Y. 15. iattv B. t^ E iativ P. 16. tqitrpi corr. ex 
^/jrrj m. rec. b; ^rifq P, mg, y^. tqitri m. rec. 0««^ ^dst 
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iianieruui quadratum. itaque ne jB* quidem ad Jf@* 
ratiouem habet, quam numerus quadratus ad numeruu 
quadratum. quare E, H® lougitudiue iucommensura* 
bilea sunt [prop. IX]. et quoniam est BJ-.AF — 
ZH':H®\ erit ZH^>H& [V, 14]. sit igitur 
ZW^Ue^-^-KK itaque conuertendo [V, 19 coroD.] 
ABiBr=ZH^iK^. uerum ^S:Br rationem habe^ 
qnai^ numerus quadratusadnumerumquadratum. quare 
etiam ZH^:K^ rationem habet, quam numerua qua- 
dratua ad numerum quadratam. itaque ZH, K longi- 
tudine commensurabiles suot. itaque ZH* excedit H®* 
quadrato rectae sibi commensurabilis. et ZH, H® 
rationales sunt potentia tantum commensurabiles, et 
neutra rectae E longitudine commensurabilis est. 

Ergo Z® ex duobus nominibus tertia est [def, alt. 3]; 
quod erat demonstrandum. 

LT. 
Inuenire rectam ex duobus nominibua quartam. 

Exponantnr duo numeri AF, FB eius 
modi, ut AB neque ad BjTneque ad ^tfrratio- 
nem habeat, quam uumerus quadratua ad nu- 
merum quadratum [prop. SXVIII lemma]. et 
, „ ponatur rationalis A, et rectae A longitu- 
diae commensurabilia sit EZ. itaque EZ 
rationalia eat. et flat BA:Ar= EZ^iZH' 
'-^ [prop. VI coroll.]. itaque fiZ», Zif* eom- 
menaurabilia sunt [prop. VI]. itaque etiam ZH ra- 

8ei|ai.] comp. P, om. BF¥b. 21. lof Brj HaigQov avzav 

Theon (BFVb). sr] cort. es AV m. 1 P. fiijie — 22. 

jir] om. Theon (BFVb). 24. lexiv B, 25. BA] A"B' F. 

ai/i9nis] om. V, FA F. 26. dtiftfitieos P, corr. m, 1. 
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£0x1 ro axo rijg EZ r^ ano r^g ZH* QTfirri &Qa icrl 
xal ^ ZH, xal inel o BA TtQog rbv AF koyov ov% 
^XBL^ ov rerQccycDvog aQid^fiog JtQog rerQaycDvov aQtd'- 
fiov, ovds t6 dxb rrjg EZ TCQog rb anb rijg ZH 
5 koyov i%ev^ ov rerQaycjvog aQid^fibg XQbg rerQaycovov 
aQLd^fiov' a6v(i(ierQog aQa idrXv fj EZ ry ZH fti/xft. 
a[ EZ^ ZH ccQa QYiraC el6v dvvdfieL fiovov OviLiLStQOL' 
&6rB fj EH ix Svo ovoiidrcov iorcv, 
Aiya Siq^ ori xal rerdQrrj, 

10 'EtcsI ydQ iarLV Sg b BA TtQbg rbv AFy ovr csg rb 
ditb rfjg EZ TtQbg rb dnb ri]g ZH {jLei^civ 8e b BA 
rov ^r], fiet^ov aQa rb dnb rijg EZ rov aTtb rijg 
ZH, i'arc9 ovv rp d^tb r^g EZ toa ra dxb rciv ZH^ 
©• dva^rQiipavrL ccQa d>g b AB dQLd^fibg TtQbg rbv 

15 BF, ovrcag rb djtb rijg EZ XQbg rb aTtb rijg &, 6 Sh 
AB TtQbg rbv BF Xoyov ovx ixsL^ ov rer Qaymvog aQLd'- 
fibg ^Qbg rerQdycnvov dQLd^iiov' ovd' UQa rb dnb 
rijg EZ TtQbg rb dxb rijg ® Xoyov ^xeL^ ov rergdyo- 
vog dQLd^^bg TtQbg rerQdycavov dQLd^^ov, davfiiLerQog 

20 aQa iiSrlv ^ EZ rfj ® ^rjxeL' rj EZ aQa rijg HZ 
[let^ov SvvaraL rdl dnb davfifiirQov eavrfj. xal eldLV 
al EZj ZH ^T^ral dvvd^eL (lovov 6vfifierQ0Ly xal fj 
EZ rfj A aviifierQog iarL (ii^xeL, 

^H EH aQa ix 8vo ovo^drcov iarl retdQrri' oTteQ 

25 edeL 8et^aL, 



k 



1. Post ZH add. ^ritTj Sh (seq. ras. 1 litt. F) ^ EZ b, m. 
2 F. (ritii apa] 17 EZ ^jjti) ccga V m. 2, ^tjti} iariv &Qa b. 

iatl] om. b, iativ PB. 2. naQ (prius) om. BFb. BA] 
AB F, ov%] postea add. m. 1 F. 6. t^] trjs b. 7. slaiv B. 

8. iatl BV, comp. Fb. 9. dij] supra scr. m. 1 P. xat'] 
m. 2 P. 10. B^] corr. ex AB V. tov] orxK Bb, corr. ex 
«o m. rec. P, 11. (isi^mv — 12. AF] mg. m. 1 in ras. P. 
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tionalis est. et quoniam BAiAF rationem non 
habet; quam numerus quadratus ad numerum quadra- 
tum, ne EZ^ quidem ad ZH^ rationem habet, quam 
numerus quadratus ad numerum quadratum. itaque 
-EZ5 ZJEflongitudine incommensurabiles sunt [prop.IX]. 
itaque EZ^ ZH rationales sunt potentia tantum com- 
mensurabiles. quare EH ex duobus nominibus est 
[prop. XXXVI]. 

lam dico, eandem quartam esse. nam quoniam est 
BA:Ar^EZ^:ZH\ erit EZ^>ZH^ [V, 14]. sit 
igitur EZ^ = ZW + ®\ itaque conuertendo [V, 19 
coroll.] AB : Br= EZ^ : 01 uerum AB : BT rationem 
non habet, quam numerus quadratus ad numerum qua- 
dratum. itaque ne EZ^ quidem ad ©^ rationem habet; 
quam numerus quadratus ad numerum quadratum. 
quare EZ, ® longitudine incommensurabiles sunt [prop. 
IX]. EZ^ igitur excedit ZH^ quadrato rectae sibi in- 
commensurabilis. et EZ, ZH rationales sunt potentia 
tantum commensurabiles, et jEZ, ^ longitudine com- 
mensurabiles sunt. 

Ergo EH ex duobus nominibus est quarta [def. 
alt. 4]; quod erat demonstrandum. 



11. BA] A e corr. V. 12. xr\q\ (prius) om. P. 13. rw] 
z6 F. ^16. ToV] om. BFb. 18. 0] ©A b. 20. lfixiv\ oin. 
Fb. a^a] om. F. xr[q\ corr. ex xr\ V. HZ] corr. ex 
ZH V, EH F. 21. avfinsxQov b, corr. m. rec, et F, corr. 
m. 2. iavxij ftTjxft F. 24. onsQ iSsL ^ftjai] comp. P, 

om. BFVb. 
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EvQstv rriv ix dvo ovo^cctcov xifiTCrriv. 
'Exxeted^oaav 8vo aQtd^fiol of -^F, FBj mfSta tbv 
AB TCQog BxatBQov avrtDV koyov firi i%Biv^ ov tetga- 
6 ycjvog aQtd^fiog TtQog tetQaycovov aQid^yiov^ xal ixxsC- 
Cd^G) pi^rij tcg 6v%Bla ij ^, xal tfj /1 avfifiszQog ictca 
[yiYixsC] 71 EZ' QTitii ccQa fi EZ. xal ysyovitcn mg o 
FA TCQog tov A -B, ovtcng to aTto xi]g EZ TtQog zo UTto 
trjg ZH. 6 Ss FA Ttgog tb.v AB loyov ovx sxstj Sv 

10 tstQaycavog aQid^fibg JtQog tstQccycjvov aQiS^fiov' ovdh 
tb a%b trjg EZ aQa JtQog ro ccTtb tfjg ZH koyov ix^h 
ov tstQciycovog ccQtd^fibg ngbg tstQccycovov aQLd^fiov. aC 
EZj ZH ccQa Qrjtat sl(Si dvvdfisi, [lovov 0v(i(istgoL' 
ix dvo ccQa ovoiidtGiv i6tlv rj EH, 

15 Aiyo) Sri^ oti xal TtiiiTttri. 

^ETtsl yccQ l(ftiv cSg 6 FA TtQog tbv AB^ ovt&g 
to ccTtb tijg EZ xgbg ro dxb tfjg ZH^ dvdjtakcv dig 6 
BA Ttgbg tbv AF^ ovtcjg tb d%b trjg ZH Ttgbg ro 
dTtb trjg ZE' fist^ov aga tb ditb trjg HZ tov dnb 

20 trjg ZE. i(StcD ovv rc5 d^tb tr^g HZ t(fa td dnb tciv 
EZ^ ®' dvaatQiipavtL ccQa iatlv (hg 6 AB dQcd^iibg 
Ttgbg tbv BF, ovtcjg tb ditb r% HZ Ttgbg tb dnb 
trjg @. 6 Sh AB TtQog tbv BF Xoyov ovx ixsi^ ov 



3. tov] corr. ex to V. 7. fivnsi] om. P. EZl ZH 
Theon (BFVb), HZ m. rec. P. Qtitri ccqcc rj EZ] ^ijri} of^a 
7} ZH V, mg. QTitTi trj &qcc HZ m. 2. EZ] ZH Theon (BFb), 
HZ P m. rec. 8. EZ] Z post ras. 1 litt. V, ZHF, HZ Bb, 
P m. rec. 9. ZJf] ZE Theon (BFVb), m. rec. P. Deinde 
add. av(iffiBtQov aQoc iatl to dno tf\q HZ tca dno tr^q ZE* QTitii 
aQot iatl xal ^ ZE. xai inti Theon (BPVb), P m. rec. (ZH 
pro HZ). 88] om. Theon (BFVb). tov] om. BFb. 11. 
T^fiJ (prius) m. 2 B. EZ] HZ FVb, m. 2 B, m. rec. P. 
^ ^a] om. B. TtQog tb dno] m. 2 B. ZH] P, ZE BFVb, 



-B 
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LII. 

Inuenire rectam ex duobus nominibus quintam. 
Exponantur duo numeri AF^ FB eius modi, ut AB 
ad neutrum rationem habeat; quam numerus quadratus 
ad numerum quadratum [prop. XXVIII lemma], et 

ponatur recta aliqua rationalis ^, et 
rectae ^ commensurabilis sit EZ, itaque 
EZ rationalis est. et fiat 
-^ rA:AB = EZ^:ZW 

[prop. VI coroll.]. FA autem ad ^5 ra- 
tionem non habet, quam numerus qua- 
j_j, dratus ad numerum quadratum. itaque 
ne EZ^ quidem ad ZJFZ^ rationem habet, 
quam numerus quadratus ad numerum quadratum. 
quare EZ, ZH rationales sunt potentia tantum com- 
mensurabiles [prop. IX]. ergo EH ex duobus no- 
minibus est [prop. XXXVI]. 

iam dico, eandem quintam esse. nam quoniam est 
rA:AB=EZ^:ZH^, e contrario [V, 7 coroU.] est 
BA:Ar=ZH^:ZE\ itaque HZ^>ZE^ [V, 14]. 
sit igitur HZ^ = EZ^ -j- ©^ itaque conuertendo [V, 

m. rec. P. 12. tBzqfxytovoq F, corr. m. 1. uqi%'il6v'] m. 
2 V. Deinde add. daviiiLBxqog a^a iaxlv ri HZ rfj ZE (r^ ZE 
om. V) (iT^nst b, mg. m. 1 F, m. 2 V. 13. statv PB. 14. 
a^a] om. P. EJfl^Jf e corr. m. 1 b. 16. xa^] m. 2 F. 
17. EZ] P; JfZ B Vb, P m. rec; ZH F. ZK] P, ZE 
BFVb, P m. rec. Ante atg add. &Qa m. rec. P. 18. ovxmg] 
om. BVb. ZH] P, EZ BFVb, P m. rec. 19. ZE] P, 
ZH BFVb, P m. rec. Dein add. 6 8h BA xov Arjis^^mv 
(corr. ex fiBtiov) iaxiY; fistiov {fisitmv m. rec. b) 8s xo (6 m. 
rec. h) BA xov AF h, in ras. F. fistSdv &qcc] sustulit rep. 
in F. &QOC iaxi V. x6] m. 2 F. HZ]F, EZ BFVb, 
P m. rec; item lin. 20, 22. 20. x^g] om. P. ZE] P, ZH 
BFVb, P m. rec t&] supra scr. m. 1 b, postea add. m. 1 V, 
corr. ex x6 F m. 1. 21. EZ] P, HZ BFb, m. rec. P, in ras. V. 
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rstQccycovos ccQid^fibg TtQog rerQciycDvov aQid^iiov ovS* 
ccQu ro djto rrig ZH TCQog rb azb rrjg & loyov ix^i, 
ov rsrQciycjvog ccQid^fibg TCQbg rsrQciycovov aQcd^^ov. 
a6v^^srQog ccQa iatlv ^ ZH rfj @ (ii^xsr &6rs ^ 
5 ZH rrjg ZE (ist^ov Svvarai ra ajtb d^vfifidrQov iav- 
rfj. %al sleiv ai HZ, ZE ^rjral dvvd^si. (lovov 6v^' 
fisrQOiy xal rb EZ ikatrov ovo^a ^vfifistQov i6rv ry 
ixxsL^svt] Qrjrfj rfj jd ^7]xsi. 

7f EH ccQa ix Svo 6vo(idrGJv i(frl jts^Tcrri' oTtSQ 
10 iSst Sst^aL, 

vy\ 

EvQslv rrjv in Svo ovofidrcov sxrriv. 
^EKKsiiS%G}Cav Svo dQtd^^ol ot AF^ FBj &6rs rbv 
AB TtQbg STidrsQOv avrAv loyov [irj ixsiVj ov rsrQu- 

15 ycovog dQid^fibg nQbg rsrQaycovov dQLd^fiov i6rcD Sh 
xal srsQog dQcd^fiog b A ^ri rsrQaycovog cSv (irjSh TtQog 
sxdrsQOv rciv BA^ AF Xoyov ^;^©!/, ov rsrQdycovog 
dQid^fibg TtQbg rsrQdycovov dQLd^fiov ' xal ix/xsC6%^G} rig 
Qrjrrj svd^sta fj E^ xal ysyovsrca (X)g 6 A ZQbg tbv 

20 AB, ovtcag ro d^tb rrjg E TtQbg rb dnb rrjg ZH* 6v^ 
^srQOV aQO^rb aTtb rijg E rS djtb rrjg ZH. xal i6ri 
QT^rrj ri E' ^r^rri ccQa xal fj ZH. xal ijtsl ovx ix^v 



1. tstQdytovov] corr. ex TSZQdyaivog m. 1 b. 2. ZH] P^ 
EZ BPVb, P m. rec; item lin. 4, 6. 0] ras. 1 litt. V. 

4. iativ'} om. BVb. 5. tijg] corr. ex tfj vb. ZE] P, 
ZH BFVb, P m. rec. avfifiitQOv P, corr. m. 2. 6. siai V, 
comp. Fb. at] m. rec. P. cct HZ, ZE] om. FVb; at EZ, 
ZH supra scr. m. 2 B. 7. EZ] P, ZJf BFVb, HZ m.rec.P. 

9. onsQ idsi dst^ai] comp. P, om. BFVb. 13. AT] A, 
seq. ras. 1 litt., F. tov] corr. ex t6 m. 2 B. 16. fi^qts P. 

17. BA] Bupra scr. T m. 1 b, ^J^ F et V, sed corr. ix^iv 
V, sed corr. 18. Tta^] m. 2 F. 20. ovtoog Y.al V. «rvft- 
^fT^Off Theon (BFVb), P m. rec. 21. aga iatCv FV. ro — 
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19 coroU.] AB:Br=HZ^:@K uerum AB:Br ra- 
tionem non habet, quam numerus quadratus ad nu- 
merum quadratum. itaque ne ZH^ quidem ad @^ 
rationem habet; quam numerus quadratus ad numerum 
quadratum. itaque ZH, ® longitudine incommensura- 
biles sunt [prop. IX]. quare ZH^ excedit ZE^ quadrato 
rectae sibi incommensurabilis. et HZ^ ZE rationales 
sunt potentia tantum commensurabiles^ et minus nomen 
EZ rectae rationali propositae J longitudine commen- 
surabilis est. 

Ergo EH ex duobus nominibus est quinta [def. 
alt. 5]; quod erat demonstrandum. 

LIII. 

Inuenire rectam ex duobus nominibus sextam. 
Exponantur duo numeri AF^ FB eius modi, ut 
^^ ad neutrum rationem habeat, quam numerus qua- 
dratus ad numerum quadratum, sit autem etiam alius 
numerus ^ non quadratus neque ad alterutrum BAy 
AF rationem habens, quam numerus quadratus ad 
-A -r - numerum quadratum [prop. XXVIII lemma]; 
jE et ponatur recta rationalis E^ et fiat 

J:AB = E^:ZH^ 

"Z [prop. VI coroU.]. itaque jE^, ZH^ commen- 

surabilia sunt [prop. VI]. et E rationalis est; 

K itaque etiam Zif rationalis est. et quoniam 

jd:AB rationem non habet, quam numerus 

quadratus ad numerum quadratum, ne E^ 

"® quidem ad ZJFZ^ rationem habet, quam nu- 

ZH] ^ E T^ (rc5 dno t^g V) ZH 8vvci(iH Theon (BFVb), P 
m, rec. iariv B. 22. insQ m. 2 B, om. F. 



-r 
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6 ^ TtQog tbv AB koyovj ov .tetQccycDVOs ccQLd^^og 
jtQog t6tQccya)vov aQi^^iov, ov8% tb anb tr^g E aQa 
TtQbg t6 ccTcb f^g ZH Xoyov ix^i^ ^^ tetQccyGiVog ccqv- 
d^^bg TtQbg tstQaycsvov ccQi^iiov' d^vfiiistQog &Qa ^ 
b E tfj ZH ^ri%Bi. ysyovdto d^ JtdXvv ag b BA TCQog 
tbv Ar, ovtcag tb dnb tijg ZH TtQog tb dxb f^g H0. 
0v^[istQOv ccQa tb aTtb tijg ZH tp OTtb tijg ®H. ^rj' 
tbv ccQa to djtb trig &H' ^i^r^ aQa ri ®H. xal ijtsl 
6 BA TtQbg tbv AF loyov ovx Ixsi^ ov tstQdyavog 

10 aQid^^bg TtQbg tstQaycDvov dQid^iiov^ ovdh ro «jro rrjg 
ZH TtQbg ro d^tb tijg H0 Xoyov ix^i^ ov tstQdyavog 
dQid^iibg TtQbg tstQayaivov dQLd^^iov' d6vii[istQog &Qa 
iotlv ri ZH ty HS iirjxsi. at ZH^ HS aQa ^rjtai 
sl6v dvvdiisc iiovov OvfifistQOC ix 8vo aQa ovo^idtcov 

15 i6tlv rj Z®. 

^stxtiov dij, ort xal fxrij. 

'Ensl ydQ i6ttv dig b d TtQbg tbv AB^ ovtcog tb 
dnb trjg E JtQbg tb ditb tijg ZH^ iati dl xal (og 6 
BA TtQbg tbv AF^ ovtcag tb djtb t^g ZH ^Qog zb 

20 dytb tijg H@^ di toov &Qa ictlv (og b ^ JtQog tov AF^ 
ovta)g ro dnb tijg E TtQog ro ditb tijg H®. b d\ jd 
TtQbg tbv AF koyov ovx ix^i^ ^^ tstQaycDvog dQvd^^bg 
TtQbg tstQayovov aQtd^iiov' ovdh tb dnb tijg E &Qa 
TtQog tb ditb tfjg H® Xoyov Ix^c, ov tstQdycDvog ap^O*- 

25 fibg TtQbg tstQaycavov dQtd^fioV d6vii^stQog &Qa iotlv fi 
E tij H® ii^xsi. iSsix^rj dh xal tij ZH d6viiiistQog' 
sxatsQa aQa rcSv Zfl, H® davfiiistQdg iatv tij E iii^xsi. 
xal insC ictiv d>g 6 BA TtQbg tbv AF, ovtcog tb dnb 
tijg ZH TtQbg ro dTtb trjg H®j ^ist^ov aQa tb dnb f^g 

7. dovafistQov F, sed corr. 0H] in ras. V, HG ¥h. 
Deinde add. ^tjtov Sh to dno tijg ZH Theon (BFVb). 8. &Qa 
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merus quadratus ad numerum quadratum. itaque E^ZH 
longitudine ineommensurabiles sunt [prop. IX]. iam 
rursus fiat BAiAT = ZH^iH®^ [prop. VI coroU.]. 
itaque ZH^^ 0H^ commensurabilia sunt [prop. VI]. 
itaque @H^ rationale est; quare ®H est rationalis. et 
quoniam BAiAF rationem non habet, quam numerus 
quadratus ad numerum quadratum, ne ZH^ quidem 
ad H&^ rationem habet, quam numerus quadratus ad 
numerum quadratum. itaque ZHj HS longitudine in- 
commensurabiles sunt [prop. IX]. quare ZH, H0 ra- 
tionales sunt potentia tantum commensurabiles. itaque 
Z@ ex duobus nominibus est. 

iam demonstrandum, eandem sextam esse. nam 
q\xojimme8tJ:AB = E^:ZH%etBA:Ar=ZH^:He^, 
ex aequo erit [V, 22] A:Ar=E^: H@\ uerum A:Ar 
rationem non habet, quam numerus quadratus ad nu- 
merum quadratum. itaque ne E^ quidem ad H&^ 
rationem habet, quam numerus quadratus ad numerum 
quadraiium. itaque E^ HS longitudine incommensu- 
rabiles sunt [prop. IX]. demonstrauimus autem, etiam 
Ej ZH incommensurabiles esse. itaque utraque ZH^ 
H® rectae E longitudine incommensurabilis est. et 
quoniam est BA:Ar= ZH^:H®^, erit ZH^>H®^ 
[V, 14]. iam sit ZH^ = H®^ + K^. quare conuertendo 
[V, 19 coroU.] erit AB:Br= ZW : K^. uerum AB.BF 

%clC Theon (BFVb). ^nxri — @H] mg. V. H9 P. 9. 
BA] AB' F. 10. ovdi) ovd' aqa FVb, ov% aqa B. xo] 
xd F. 14. daiv B. 18. ^etiv B. 19. BA^AB P. 21. 
de] m. 2 F. 23. ovds] ovd' aga Theon (BFVb). uQa] 
om. Theon (BF Vb). 26. HZ F.^ ^ 27. syiaTSQa — Ej 17 E 
aga enatiQa tmv ZH, H@ iativ davfifistQos V. aQa] supra 
scr. F. 28. ovtmg] om. b, m. 2 B. 29. Post H€> add. 
(isC^aiv 8^ 6 AB tov AF Y. fiBtiov] bis F. 
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ZH tov a7c6 rijg H®. S0t(o ovv t^ aTCo [trjg] ZH 
tca tcc dTcb t(3v H@, K' ava^tQStj^avti aQa G)g o AB 
jtQog Br^ ovtcog tb a7tb ZH TCQbg tb aTtb tijg K. 6 
Sh AB itQbg tbv BF koyov ovx SxBtj ov tstQaycovog 
5 Q^QL&[ibg TtQbg tstQaymvov aQL&iiov &0t€ ovdl tb 
ccTtb ZH TtQog tb ajtb trjg K Xoyov ixai^ ov tstQdyoj' 
vog iQcd^^bg TtQbg tBtQayovov ccQtd^^ov. d0v(iiiBtQog 
aQa i0tlv 71 ZH tij K lii^xBL' ri ZH &Qa tijg H9 
^Bt^ov Svvatai rd dnb d6viiiistQ0V iavtij. xal b10vv 

10 aC ZH^ H® QTital dvvd^Bi fiovov 6viiiiBtQ0v^ xal ov- 
dBtBQa avtfSv ^viiiiBtQog i6tv ^iqxBv tij ixxBVfiBvij 
^titfj ty K ^- 

^H Z& aQa ix 8vo bvo^dtov iatlv BXtri' on:BQ 
SdBL dBt^at. 

15 A^iifia. 

"E6tcD Svo tBtQaycDva td ABj BF xal xBt^d^co^av 
SatB in Bvd^Btag Blvav triv AB tij BE' i^i Bvd-Biag 
aQa i6tl xal rl ZB ty BH. xal ^viiJtBJckr^Qci^d^ci) to 
AF TtaQakkr^XoyQa^^ov' Aeyo, ort tBtQdyc3v6v i6tt 

20 ro AF^ xal ort rcJi/ AB^ BF iib6ov dvdXoyov i6tt tb 

AH^ xal itv t&v AF^ FB [ib6ov dvdkoyov i6tv tb AT 

'E%bI yaQ t6ri i6tlv ^ ^ihv AB tfj BZ, rj Sh BE 

rij -BH, oAij aQa rj AE oXy tij ZH i6tiv t6ri. dkX 

rj [ilv AE BxatBQcc tSv A®^ KF ictvv t6ri^ ri Sh ZH 

25 BxatSQa t&v AKj ®r i6tvv t6ri' xal sxatiQa aQa 
tSv A&, KF BxatSQa t£v AK^ @r i6tvv t^rj, lao- 
TtXsvQOv aQa i6tl tb AF naQaXkri^oyQa^iiov' ictv S% 
xal oQd^oyciviov tstQdyovov aQa iatl tb AF. 

1. ZJZ] Z0 b. Ti}ff] om. P. TTJg] om. Pb. 3. tov 
BT V. tiig ZH FV.^ ^ 4. TtQOs tbv BT] mg. m. 1 P. 6. 
T^ff ZH FY, 7. davfiiistQa F^ corr. m. 1. 9. avf*- 
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rationem non habet^ quam numerus quadratus ad nu- 
merum quadratum. quare ne ZH^ quidem ad K^ 
rationem habet^ quam numerus quadratus ad numerum 
quadratum. itaque ZH^ K longitudine incommensura- 
biles sunt [prop. IXJ. itaque ZH^ excedit H&^ qua- 
drato rectae sibi incommensurabilis. et ZH, H® 
rationales sunt potentia tantum commensurabiles^ et 
neutra earum rationali propositae E longitudine com- 
mensurabilis est. 

Ergo Z0 recta ex duobus nominibus est sexta [def. 
alt. 6]; quod erat demonstrandum. 

Lemma. 

Sint duo quadrata jiB^ BF et ita ponantur, ut ^B, 

BE in eadem recta sint. itaque etiam ZB^ BH in 

y ^ r ®*^®^ ®^^* recta. et expleatur paral- 



J 



B 



E 




lelogrammum AF. dico, ^F quadratum 
esse, et ^H medium esse proportionale 
inter AB^BFj et praeterea -^ F medium 
-^ z ^ ggge proportionale inter AF^ FB, 

nam quoniam ^B = BZ, BE=BH, erit JE=HZ, 
uerum JE = A® = Kr, ZH=AK = ®r [I, 34]. 
quare etiam 

AS = Kr=AK=er. 



(litQOv F, corr. m. 2. iavtv ftijKfit F. 11. avtmv] tmv 
ZH, HB Theon (BFVb). iativ P. iYnsifisvri F. 12. 
E] EH b, fl add. m. 2 F. 13. 13] om. b. onsQ mi ^etgat] 
comp. P, om. BFVb. 18. iativ B. 19. Sti to AF Y, 

iativ P. 20. To AT] om. V. ott] hi BF, supra scr. 
oti m. 2. 21. iativ P. 22. ZB B. 24. Post i^ari del. 
«U* 7i iklv JE lxar% m. 1 P. KZ BFV. 25. r@ V. 

&Qa] om. b. 26. A@] A postea add. V. 27. iativ P. 

iativ PB. 28. iat^v P. 
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Kal inaC iatcv mg fj ZB jtQog r^v BH, ovrojg ^ 
^B TtQog xriv BE^ akX (og [ihv rj ZB TtQog r^v BH^ 
ovtcog to AB JtQog to ^if, (bg dh ri ^B JtQog t^v 
BE^ ovtog ro ^H JtQog ro 5F, xal (hg aQa ro AB 
5 ^Qog to ^H^ ovrog ro AH %Qog to BF. tmv AB^ 
BF aQa iisaov avaXoyov ieti ro AH. 

Aey(o dij, ott xal rcSv AF, FB fiB6ov avaXoyov 
[^<yrt] to Ar. 

'Eitel yccQ i6tcv a>g ^ AA TtQog r^v AKj ovrcDg 
10 fj KH TtQog tiiv HF' t6ri yccQ [iattv} ixatiQa ixcctd' 
Qcc' xal Cwd^ivtv (X)g fj AK TtQog KA^ ovt&g fi KF 
TtQog FH^ dk?! cog [liv fj AK nQog KA^ ovtiog 
tb AF JtQog ro FA^ (hg dl fj KF JtQog FHj ovtcsg 
tb AF TtQog FBj xal (hg aQa tb AF TtQbg JF^ ov- 
15 tcog tb ^r TtQbg tb BF. tciv AF^ FB aQa ^ii^ov 
dvcckoyov ictv tb AF' a nQoixsvto dst^al. 

vdT. 

^Eav xcoQvov 7tBQvi%7itav vjtb Qfltijg xal tijg 
ix dvo ovoyidtcDv TtQcotrig^ fj ro xcjqCov Svva- 
20 iiivri akoyog iotvv fj xaXov[iivri ix dvo ovo- 
^dtoiv, 

XchqCov yccQ tb AF TtSQvsxiad^a) V7tb ^rjtrjg trjg 
AB xal trjg ix Svo ovoiidtcDv ^Qcitrjg trjg AA' kiym^ 
ort fi tb AF xc^qCov Svvaiiivrj akoyog iatvv 17 xakov- 
26 fiivri ix Svo 6vo^dtG>v. 



3. T^v B E — 6. B r] postea ins. m. 1 F. 4. ovtto B. t '] 
m. 2 F. To Br] corr. ex tijv BT m.2 B. 6. ovtm B. 6. 
ccQa] om. b. 8. iatC] om. P. 10. tiJv] om. BFb. iativ] 
om. P. inatiQa] om. P. 11. r^v Kd V. 12. t^v FH V. 
trjv KA V. 13. triv FH V. 14. to FB V, seq. ras. 
1 litt. z/r] To TJ V. 15. z/r] Tz/ V. to BT] BT 
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itaque parallelogrammum ^F aequilaterum est; est 
autem idem rectangulum. ergo jiF quadratum est. 

etquoniamest ZJ5:Bif=^J5:J5E, etZB:BH= 
AB:JH, JB : BE = JHiSr [YI, 1], erit etiam 
AB : jdH= jdH: BF, ergo jdH medium est pro- 
portionale inter AB^ BR 

lam dico, ^dr etiam medium proportionale esse 
inter AT, FB, 

nam quoniam est AJ:JK=KH: HF (nam 
utraque utrique aequalis est), et componendo [V, 18] 
AK:KJ = KF: FH, est autem AK : KJ = Ar: F^, 
Kr:rH=^r:rB, erit etiam Ar:Jr=^r:Br. 
ergo ^r medium est proportionale inter AF^ FB^ 
quae propositum erat demonstrare. 



LIV. 

Si spatium recta rationali et recta ex duobus no- 

minibus prima comprehenditur, recta spatio aequalis 

A HE Z quadrata irrationalis est ex duo- 

I bus nominibus, quae uocatur. 

j3 ji Spatium enim AF recta ra- 

tionali AB et recta ex duobus 
nominibus prima A^ compre- 
hendatur. dico, rectam spatio 
AF aequalem quadratam ir- 
rationalem esse ex duobus no- 
minibus, quae uocatur. 



M 



@K A 
P 



1 




N 





n 



s 



o 



B, FB Fb. 16. &] onsQ Theon (BFVb). Post Sec^at 
add. o>:>— P. 18. tijs] m. 2 B. 22. ^^ooq/ov — 26. ovo- 
lidT(ov] mg. m. 1 P. 22. AT] ABTJ Theon (BFVb). 23. 
AB] AJ F. 
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^Ejtsl yccQ ix dvo ovo ficircav i6tl nQmxri ri A^j dtg- 
Q^^Od^co slg rcc ovofiata Tcata ro Ef tucI iotm to (Jtst^ov 
ovo^a ro AE, {pavsQov Sr^^ oti aC AE^ E^ ^fjt ai 
slci dtn/diisv ^cvov 6v[iiistQ0t^ xal ri AE trjg EA 
6 iist%ov dvvatac ta djtb 6viiiistQov savtfjy ocal r^ AE 
avii^stQog iOtL tfi ixxsiiisvTj ^ijri} tjj AB iirjxsi. ts- 
tiiriad^cD dri f^ EA dixa xatd tb Z 6ri[istov. ocal iml 
ri AE tijg E^ [ist^ov dvvatai rc3 dno 0v^iustQOV 
savtfj^ idv aQa tS tstdQtcD [isqsl tov dstb f^g iXde- 

10 0ovog^ tovtsctv rc3 d%b tfjg EZ^ t6ov naQa trj^f [isi^ova 
triv AE TiaQa^kri^fi ikkstnov stdsv tstQaydvp, slg 
6v[ilistQa avtriv dtaiQst. 7taQaPspkiJ6&a} ovv naQa 
triv AE ta djtb trjg EZ t6oy ro intb AH^ HE' 6viir- 
[istQog aQa i6tlv 17 AH tfj EH iit^zsv. xal ijxd^ca^av 

15 d^tb t£v Hj Ey Z oTtotsQa tciv AB, F^d TtaQaXXrjkoi 
aC H&y EKj ZA' xal rcSf ^lv A® 7taQakkriloyQd(A(m 
t0ov tstQdycovov 0vvs6tdtcD to UNj tp dh HK t0ov 
ro NHj xal xsi^d^cD Sats i% sv^sCag slvav trjv MN 
tfi NtS' in sv^sCag aQa ictl xal rj PN tfj NO. xai 

20 av(i7tS3tXriQci6&a) tb IJH 7taQal^,rjX6yQaii(iov' tstQa- 
ycDvov aQa i6tl ro UH, xal ijtsl tb vnb t(ov ^Hj 
HE t6ov i6tl tp djtb trjg EZ^ i6tiv aQa ag 17 AH 
jtQbg EZj ovtcDg rj ZE TtQbg EH' xal cog aQa tb A9 
TtQbg EAj tb EA jtQbg KH' tav A®^ HK aQa iis6ov 

26 dvdXoyov i0tt tb EA. dXkd tb (ihv AS t6ov i6tl 



2. E] e corr. m. rec. P. 3. diq] corr. ex Si B. 4. 
etoLv P. davfjifistQot F, sed corr. 5. dav(i,fi,itQov b, sed 
corr.; in F supra add. a- m. 2. xa/] om. P. EA ¥. 7. 
dij] Si V. 8. davfifiitQOv b, sed corr. 9. tstaQtqi] J" b. 
tov] tm B. trjs] e corr. V. 12. avfifistQov P.' dUlti 
Vb, dLiXrji corr. in disXstF, iisXst B. Dein add. firiHSi Y. 18. 
vno tmv FV. HE] H9 P. 14. AH] H e corr. m. 1 V. 
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nam quoniam ^jd ex duobus nominibus prima est, 
in £7 in nomina diuidatur^ et maius nomen sit AE. 
manifestum igitur^ AE^ EJ rationales esse potentia 
tantum commensurabileS; et AE^ excedere E/J^ qua- 
drato rectae sibi commensurabilis, ei AE rationali 
propositae AB longitudine commensurabilem esse [def. 
alt. 1]. iam J^^ in Z puncto in duas partes aequales 
secetur. et quoniam AE^ excedit Ed^ quadrato rectae 
sibi commensurabilis^ si quartae parti quadrati minoris, 
hoc est quadrato EZ^, aequale maiori AE adplicatur 
parallelogrammum figura quadrata deficiens^ eam in 
partes commensurabiles diuidit [prop. XVII]. adplicetur 
igitur rectae AE quadrato EZ^ aequale AHx HE. 
itaque AH, EH longitudine commensurabiles sunt. et 
ab H, E, Z alterutri AB^ FA parallelae ducantur 
H®y EKj ZA. et parallelogrammo A0 aequale qua- 
dratum 2JN construatur, et NU = HK [II, 14], et 
ita ponantur, ut MN, NS in eadem recta sint; quare 
etiam PN^ NO in eadem sunt recta. et parallelo- 
grammum UH expleatur; itaque UU quadratum est 
[u. lemma]. et quoniam est AH X HE = EZ^, erit 
AH: EZ = ZE: EH [VI, 17]. quare etiam 
A@ :EA = EA: KH [VI, 1]. 



EH] HE in ras. V. 15. H] m. 2 F. AB] A eras. F. 

Td] in ras. V, Bz/ F, z/r B. 16. EK] E postea ins. m. 
1 F. ZA\ mut. in ^Z V, ^Z BFb. «apaUijXoypa/^/^ov P, 
corr. m. 1. 17. HN] 2 corr. ex E BFb. 18. nBlad^maav V. 

MN] corr. ex iNT" m. 1 F. 19. iativ B. NP P. 20. 
Zn] corr. ex EH B, item lin. 21. 21. to] tm V. AHE b, 
et corr. in AH, EH m. 2 V, AH F, et B, corr. m. 2. 22. 
t^] to V. 23. TtQog Ti}v V. Z£] £Z P. EHJ tijv H, 
ante H ras. 1 litt. V. 24. ngog to, seq. ras. 1 litt., V. EA] 
E eras. V. to KH V. afpa] postea add. m. 1 P. 

£aolide8, edd. Heiberg et Menge. m. W 
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r^ 2JNj ro Sh HK t6ov rc5 NU' x6v 2JN, NH aQa 
lieaov avdkoyov ion, ro EA, iozL dh tav avxAv xmv 
UNj NII IIS60V avaXoyov xal ro MP' l6ov aga i6xl 
ro EA rc5 MP' &6xs xal xp OS t6ov i6xCv. i6XL ds 
5 xal xa A®^ HK xotg IJN, NH t6a' okov aga xb AT 
t6ov i6xlv okp rc5 UH^ xovxi6xi xp dnd xijg MS xs- 
XQaydvcD' xo AF aga Svvaxac ^ MS. 

AiyOj oxL 71 MS i^ Svo oi/ofwjfroi/ i6xtv. 

^EtcsX yccQ 6v^iisxQ6g i6xiv ii AH xfj HE^ 6v^^' 

10 xQog i6xL xal 7] AE sxaxiQa x&v AH^ HE, vjtoocsi" 
xac Sh xal fi AE xfj AB 6v^^sxQ0g' xal at AH, HE 
aQa xfi AB 6viiyLSXQoC sl6iv, xaC i6xL Qtixri fj AB' 
QTixri aQa i6xl xal sxaxiga xav AH^ HE' ^rixov aga 
i6xlv sxdxsQOV xciv A®j HK^ xaC i6xL 6viiiisxQOV xb 

\h A& rw HK, dkld xo [ilv A® x& 2JN t6ov i6xCv, 
xb Ss HK rc5 NH' xal xd 27 JV, NH aQa, xovxi6XL 
xd dnb x&v MN^ NS^ ^rjxd i6xL xal ^v^i^sxQa. xal 
insl d^vii^sxQog i6XLV fj AE xfj E^ iii^xslj dkX ^ 
l^lv AE xfj AH i6xL 6v^^sxQogj ^ Sl ^E xfj EZ 

20 6v^^sxQogj d6v[iiisxQog aQa xal fi AH xfj EZ' &6xs 
xal xb AS x& EA d^v^iiisxQov i6xLV, dkkd xb (liv 
A® rc5 2JN i6XLv t60Vj xb S\ EA rc5 MP' xal xb 
2JN aQa rc5 MP d^v^^sxQov i6XLv. dXX (hg xb UN 

1. 2N] (bis) corr. ex EN B, item lin. 3, 5. 2. EA] 
corr. ez ^ m. 1 F. ^6U9 PB. 3. iatCv P. 4. vo] corr. 
ex To5 m. 1 P. MP x& EA Theon (BPVb). max^ %al %£] 
ctXXa xo [kkv MP xm OS (corr. ex SO V) taov iatl {iatCv B) 
to dl EA [(EJ F)\ip Zr, oXov aga x6 EV xotg MP Theon 
(BFVb). T(5] corr. ex to' m. 1 P. iatCv] postea ins. m. 
1 F. 5. EN, nN F. 6. tovtiativ P. 9. AN F, corr. 
m. 1. HE] corr. ex EH m. 2 V, E" H' F. 10. EA fxorf'- 
gmv F. 11. avfifjLstQos — 12. ^B] (prius) mg. m. 1 F. 11. %aC] 
fiiQ%Bi' %ai V, B m. 2. al] ^ E F, in ras. B. E if P. 12. hUi 
V, comp. Fb. iativ B. 13. iativ PB. 14. iativ] iarl^aC V. 
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itaque EA mediam est proportionale inter UN^ NIT. 
uerum etiam MP inter eadem UN^ NIl medium est 
proportionale[u.lemma]. quare EA=MP, itaqueetiam 
EA^OSilj 43]. uerum etiam A@+HK=2:N+ NH. 
quare totum^) Ar=2Jn = MS^. ergo MS quadrata 
spatio AF aequalis est. 

dicO; MS ex duobus nominibus esse. nam quoniam 
AH rectae HE commensurabilis est, AE utrique rectae 
AHj HE commensurabilis est [prop. XV]. supposui- 
mus autem^ etiam AE, AB commensurabiles esse. 
quare etiam AH^ HE rectae AB commensurabiles 
sunt [prop. XII]. et AB rationalis est. itaque etiam 
utraque AH^ HE rationalis est. quare etiam A0, 
HK rationalia sunt [prop. XIX], et A0j HK commen- 
surabilia. nerum A@ = IJN, HK = NH. itaque etiam 
UN, NH, hoc est MN^^ NS^, rationalia sunt et 
commensurabilia. et quoniam AE^ EA longitudine in- 
eommensurabiles sunt, et AE, AH commensurabiles, 
et AEj EZ commensurabiles, AH et EZ incom- 
mensurabiles sunt [prop. XIII]. quare etiam -^® et 
EA incommensurabilia sunt [VI, 1; prop. XI]. uerum 
A@ = I]Nj EA = MP quare etiam UN^ MP in- 
eommensurabilia sunt. est autem UN: MP= ON: NP 
[VI, 1]. itaque ON^ NP incommensurabiles sunt 



1) Nam EA^Zr. 



15. 2N] corr. ex EiV B, item lin. 16. 15. iariv taov V. 

iari PBb, comp. F. 16. td] x6 F. NTl a^a\ tm NH F. 

17. €iav(i(i,STQa B. 18. ccXid Bb. 19. AH] corr. ex 

ABY. EZ] EZ iatt V. 20. kccQ iativ V. Post EZ 
add. fi^xat Vb, m. 2 B. 21. iativ] om. BFb. 22. 2N] 
NS' F. 
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XQog MP^ 17 ON jCQog t^v NP* aavfA^Qog &Qa i6tlv 
71 ON rfj NR t6ri Sl ij ii.lv ON r^ M2V, ^ Sl NP 
rfj NS' ciavii^srQog &Qa i6rlv ^ MN rfj NS- xa^ 
iari ro aTtb rfig MN 6viiiisrQov rp ano rijg NIS^ xal 
5 Qfirbv ixdrsQOV' at MN^ NS &QCC ^tjrai si0v dwafuv 

liovov OV^i^SrQOL, 

^H MS aQa ix dvo ovoiidrcDV iorl xal Svvarai 
ro AF' OTtsQ iSsL Sst^ac, 

vs. 

10 'Edv xoiQCov itSQiixrirat vitb ^ririjg xal rijg 
ix Svo ovoiidrcjv SsvriQag^ ^ ro xcdqCov Sv- 
va^ivYi akoyog iartv fj xakov^ivrj ix Svo iii- 
Ccav TtQcirrj. 

nsQtsxia^G) yaQ %o(>^i/ ro ABF^ imb ^rijg 

15 rrjg AB xal rrig ix Svo ovofidraiv SsvriQag rrjg AA' 
Xiyc3j ort fj rb AF %0()tov Swa(Aivrj ix Svo iiitfov 
itQcirri iorCv. 

^Ensl yaQ ix Svo ovoiidrc^v SsvriQa i6rlv ti AA^ 
StrjQfjad-G) sig rd ovo^ara xard ro E, S6rs rb iist^ov 

20 ovo^ia slvai ro AE' at AE^ EA aQa ^rjraC si6L Sv- 
vd^sc ^ovov 6v^[isrQ0tj xal r^ AE rrjg EA nst^ov Sv- 
varai rc3 dnb 6vii[iirQov savrrj^ xal rb ikarrov ovofia 
fj EA 6v(k(A6rQ6v i6rv rfj AB (kT^xsv. rsr(i,rfl^(o ri EA 
SCxa xard ro Z, xal ra d^jtb rfig EZ t6ov TtaQa rijf» 

26 AE 7taQafisfikri6%fo ikkslnov stSsi rsrQaydvp ro vnb 
r&v AHE' 6v(i(isrQog aQa fi AH ry HE (kijxsv. Tcal 



i 



1. to MP V. ovtm 71 V. Tijv] om. BFb. MP F. 

i6Tiv uQa F. 2. PN P. NM P. 4. trjg] (priufl) om. Fb, 

m. 2 B. NlSl] MlSl P. 6. eiaiv B. 6. uovovov P. 7. i%] 

17 Ix Pb. 12. in] 7} ix b. 14. Poat yaq del. to B. 18. 

yuQ] om. Fb, m. 2 B. 20. AE] (alt.) EA P, corr. in A 
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[prop. XI]. uerum ON = MN, NP = NS- quare 
MNj NS incommensurabileg sunt. et MN^, NS* 
commensurabilia sunt^ et utrumque rationale. MN^ 
NS igitur rationales sunt potentia tantum commen- 
surabiles. 

Ergo MS ex duobus nominibus est [prop. XXXVI], 
et MIS^ — j^F; quod erat demonstrandum. 

LV. 

Si spatium recta rationali et recta ex duobus no- 
minibus secunda comprehenditur, recta spatio aequalis 
quadrata irrationalis est ex duobus mediis prima^ quae 
uocatur. 

Spatium enim ABFjd rationali AB ei recta ex 
duobus nominibus secunda AJ comprehendatur. dico, 
rectam spatio AF aequalem quadratam ex duobus 
mediis primam esse. 

nam quoniam A^ ex duobus nominibus secunda 
est, in E in nomina diuidatur ita, nt AE maius nomen 
sit. itaque AE^ E^ rationales sunt potentia tantum 
commensurabiles, et A E^ excedit E^d^ quadrato rectae 
sibi commensurabilis; et minus nomen EA rectae AB 
longitudine commensurabile est [def. alt. 2]. iam EA 
in Z in duas partes aequales secetur, et quadrato EZ^ 
aequale rectae AE adplicetur AHxHE figura qua- 
drata deficiens. itaque AH, HE longitudine commen- 
surabiles sunt [prop. XVII]. et per H, E^ Z rectis 
AB, FA parallelae ducantur if©, EK^ ZA^ et paral- 

m. rec. bIoiv PB. 21. xriQ EA\ mg. m. 1 P. 22. iXaceov 
P. comp. P. 23. ABI A ins. m. 1 F. 24. tc3] corr. ex 
To m. 1 F. 25. To] tm V. 26. AH, HE Y e corr. 



166 23TOIXEUIN i\ 

dia t&v Hj E, Z jtaQdk^,7ikoL f^%%(o6av tatg AB, FJ 
at H&^ EKj ZAj xal tp iiiv A& ^aQaXlfikoygdfiiip 
t6ov tBtQaycovov 0ws6tato to SN^ rp 8\ HK t0ov 
t€tQdy(ovov To NHj xal xb16%(o &6ts hC evd^aias elvaL 
6 triv MN t^ NS' in sv&eiag aQa [i6tl] xal ^ PN 
t^ NO. xal ^v^TtenkfjQcicd^G) tb UH tstQdyoivov' 
q>avBQOv dij ix tov nQoSBdBvy^ivov^ otv tb MP (lioov 
dvdkoyov icti tAv UN, Nn^ xal t6ov t& EAj xal 
otL tb AF %(OQvov dvvatau ri MS. Sstxtiov tfi}, oti 

10 ^ MS ix 8vo iii6ov i6tl nQciti]. ijCBl d6v(i(ABtQ6g 
i6tcv fi AE tij EA /ii)x£^, 6v(i^BtQog dh 17 E^ tij 
ABy d6v^li^Qog aQa ^ AE tij AB. xal ittBl 6viAfLB' 
tQog i6tvv ij AH ty EH^ ^v^fiBtQog i6ti xal r} AE 
BxatiQcc tAv AH^ HE. dXXd ri AE d6v^(iBtQog ty 

16 AB ^TjXBV xal aC AHj HE aQa d6v^(iBtQoi b16v ty 
AB. at BAj AH, HE aQa Qtjtai b16i SvvdfkBv (lovov 

6VllllBtQ0r &6tB lli60V i6tlv BxdtBQOV tAv A&j HK. 

&6tB xal BxdtBQOv tciv 2JN^ NU ^i6ov i6tCv. xal 

at MN^ NS aQa [ii6av b16Cv. xal ixsl 6v^iiBtQog ^ 

20 AH tfj HE ^rjxBL^ ^vii^BtQOv i6tv xal tb A& t& HK^ 

tovti6ti tb 2JN t^ NU^ tovti6tv tb dicb tf^g MN 

1. rj] Br, rj P, corr. m. 1; JF Bb. 2. ZA] mut. in 
AZ Y , AZ ¥h. 3. Post tBTQciyaivov del. to NU m. 1 P. 

EiV B, sed corr. 5. NS] mut. in NZ V. iatC] om. P, 
iatCv B. 8. Nn] nN F et in ras. V. 9. MS] MN, NS 
corr. ex MNS V; mg. m. 1 yQ. MN, N!s! b.^ Si^Y. 10. 
fiiaov F, corr. m. 1. insl ydg F. 12. a^a] aqa %aC Y, 
aqa iatCv F. Post AB add. fiTjxct V. m. 2 B. iitBC] om. P. 

13. E H\ HE^ F. iativ B. 14. aXXd — 15. Ka^] %aC iati 
(iativ B) (Tjtij 7i AE' (rjtri apa xal inatiQa tmv AH {AE F), 
HE. xal ETesl davfifkstQog iativ ri AE tjn AB, av(i(i>stQog dl 
V AE s^atiQtf tmv AH, HE, %aC (om. B) Theon (BFVb). 16. 
aQo] m. 2 F. avgkfistQOi BF, sed corr. siatv PB. 16. 
Post AB add. (ii^nst m. 2 B. BA] om. P. slaiv B. 18. 
iat£ PV, comp. Fb. 19. sCaC V, comp. Fb. Ante fj add. 
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lelogrammo ji& aequale con- 
struatur quadratum UN^ par- 
allelogrammo HK autem 
JVJ7, et ponantur ita, ut MN, 
NS in eadem recta sint; 
itaque etiam PN, NO in 
eadem sunt recta. expleatur 
quadratum UII, tum ex iis, 
quae antea demonstrata sunt 
[prop. LIII lemma], adparet, 
MP medium esse proportionale inter UN^ NII et 
= EA [p. 162, 1], et esse MS^ = AF [p. 162, 5]. 
iam demonstrandum est, MS ex duabus mediis primam 
68se. quoniam AE^ EA longitudine incommensura- 
biles sunt, et EJj AB commensurabiles , AE, AB 
incommensurabiles erunt [prop. XIII]. et quoniam 
AHj EH commensurabiles sunt, etiam AE utrique 
j4Hj HE commensurabilis est [prop. XV]. uerum 
AE, AB longitudine incommensurabiles sunt. quare 
etiam AH^ HE rectae AB incommensurabiles sunt 
[prop. XIII]. itaque BA et AH^ if JS? rationales sunt 
potentia tantum commensurabiles. quare utrumque^®, 
HK medium est [prop. XXI]. quare etiam utrumque 
SNj NU medium est. itaque etiam MN^ NS mediae 
sunt. et quoniam AH^ HE longitudine commensura- 
biles sunt, etiam A&^ HK^ hoc est ZN^ NU siue 
MN^j NS^ commensurabilia sunt [VI, I5 prop. XI]. 
et quoniam AE^ E^d longitudine incommensurabiles 
sunt, et AEj AH commensurabiles, et EA^ EZ com- 

icTiv BVb, m. 2 F. 20. jtal ro A0] eras. V. xm] xij P. 
MK F, corr. m. 2. 
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r» ano r^g NS [&^'vb Swdiiec el6l 6v(iiietQ0L ccC MN, 
NS]. xal iTtel dcviifLStQog i6tcv ri jiE rfj Ed fiipcBi, 
aXTi 71 fihv AE ^vii^BtQOs i6tv tfj AH^ rj dh E^ ty 
EZ 6viiiiBtQog j dav^^BtQog &Qa fj AH tij EZ' Sots 
6 xal to A& tS EA dav^^tQOv i^tvv, tovti^ti t6 ZN 
rp MP^ tovtiattv fj ON tij NP, tovti6tiv ^ MN 
tfi NtS d^v^^BtQog i6ti iii^xBc, idBcxd7i6av dh at MN^ 
NS xal iii^ac ov6ai xal dvvd^Bc 6v^^^qoi' at MN 
NS ccQa fci6ai b161 dvvd^Bc fidi/oi/ 6v^fLBtQ0c. kiym 

10 tfij, oti xal Qtjtov nBQiixov6iv. i%Bl yccQ fj ^E vno- 
KBit ai BxatiQa tiSv AB^ EZ 6v^iiBtQogj 6vii(A6tQog 
aQa xal fi EZ tij EK, xal ^i^r^ ixatiQa avtmv ^ij- 
tov ccQa ro EAj tovti6tv tb MP* ro dl MP i6xi to 
V7C0 tav MNS. idv di dvo ^i6ac Svvd^st [lovov 

15 6viiiiBtQ0i 6vvtB^m6i ^Titov 7tBQiixov6aij f^ oAi^ aXoyog 
i6tiVj xalBttac dh ix Svo ^i6a)v TCQcitri, 

^H ccQa MS ix Svo ^i6a}V i6tl7tQciti]' oxbq iSBt 
SBt^ac. 

vs\ 

20 'Edv ;u0^fcov XBQiix^^tac vno ^ritijg xal t^g 
ix Svo ovoiidtcDv tQctrig^ fj ro %o(>^ov Svva- 
liivri dloyog i6tcv fj xakoviiivrj ix Sijo [ii6a)v 
SBVtiQa, 

XcoQiov yaQ ro ABF^ TCBQCBxi^^a v%o ^f^t^g t^g 

25 AB xal tijg ix Svo ovoiidtov tQltrig rjjg AA ScriQri- 
^ivrig Blg td ovo fiata xatd ro E^ ovJjiBt^ov i6tc to 

1. maxB — 2. NlSl'} om. P. aats Y.aC F, sed corr. 3. 
dXXd. Y, 4. avfi(i£tQog^ om. FVb. ciavfifi£tQog'\ corr. ex 
avfifistgog m. 2 F. 6. aavfifjistQog F, corr. m. 2. iatc BV, 
comp. Fb. 2N] corr. ex EN B. 6. NP] in ras. V. 7. 
iativ P. 8. dvvdfisi fiovov V. at — 9. avfifistQoi] mg, 
m. 2 V. 9. slaiv B. 10. JE] in ras. V. 11. AB] corr. 
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mensuvabileS; AH eiEZ incommensurabiles sunt [prop. 
XIII], quare A@, EA^ hoc est ZN, MP^ incommen- 
surabilia sunt, siue ON, NP^ hoc est MJV, NS^ lon- 
gitudine incommensurabiles [VI, 1; prop. XI]. demon- 
strauimns autem, MN^ NS et medias esse et potentia 
commensurabiles. itaque MN^ NS mediae sunt po- 
tentia tantum commensurabiles. iam dico, easdem 
spatium rationale comprehendere. nam quoniam sup- 
posuimus, /i-Eutrique AB^ EZ commensurabilem esse, 
etiam £Z, EK commensurabiles sunt. et utraque 
rationalis est. quare EA^ hoc est MP^ rationale est 
[prop. XIX]. uerum MP = MN X NS, sin duae 
mediae potentia tantum commensurabiles componuntur 
spatium rationale comprehendentes, tota irrationalis est, 
uocatur autem ex duabus mediis prima [prop. XXXVII]. 
Ergo MS ex duabus mediis prima est; quod erat 
demonstrandum. 

LVI. 

Si spatium recta rationali et recta ex duobus no- 
minibus tertia comprehenditur, recta spatio aequalis 
quadrata irrationalis est ex duabus mediis secunda, 
quae uocatur. 

Spatium enim ABFA comprehendatur rationali AB 
et recta ex duobus nominibus tertia ^^ in nomina 
in E diuisa, quorum maius est AE, dico, rectam 



ex EB m. rec. F. EZj in ras. V. avfifistQog] om. F. 12. 
agoc iazC P. fiZ] mut. in ZE V, ZE P. 13. rovxBaziv P. 
14. MNf NlSl V. fiovov] om. BFV. 15. avvzsd^waiv 
P B. 17] m. 2 F. 16. iazt, V, comp. Fb. 17. M^ MHZ, 
del. Z, F. iazQ m. 2 F. 24. ^tjt^?] Bupra scr. F. 26. 
TQkrig] Bupra Bcr. F. 26. cov] tov z6 P. iazm BFb. 
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j^E' liym^ oti ii to AF %mQlov dwafidvti akoyiq 
i6tiv ri Kakoviiivri ix dvo (li^av devtiga. 

KatB67iBva6^m yag ta avta tolg XQOtegov. xal 
iitel ix dvo 6vo(AatG}v i6t\ tQitri ri Ad^ at AE^ EA 
5 aqa ^r\tai el6i 6wa\khi fiovov (fi5fifi£rpo^, xal ri AE 
t^g EA iiet^ov dwaxai tm aicb 6v(i(iitQ0V iavtfj^ xal 
ovSetiQa tmv AEy EA 6vii(i£tQ6g [i6ti] ty AB [i^^xbl 
bfioifog 8ri totg nQoSedstyiiivotg dei^ofievj oti rj MS 
i6ziv fi tb AF x(oqCov dwafiivri^ xal at MN^ NS 

10 (ii6a^ el6l dwdiiei fibvov 6v(ifietQor S6te rj MtS ix 
dvo iii6(ov i6tCv. 

Aeixtiov d?J, otv xal devtiQa, 
[Kal] inel acfviiiietQ6g i6tiv fj AE trj AB [n^xei^ 
tovti6ti tij EK^ 6viiiietQog Si fj AE tri EZj d^ufi- 

15 fietQog ccQa i6tlv fj EZ f^ EK in^xec, xaC el6i ^r^taC' 
at ZE^ EK cLQa ^rjtaC el6L Swdfiei, (a6vov ^viifistQOL. 
(ii6ov aQa [i6tl] tb EA^ tovti6ti tb MP' xal xeQti- 
Xetai V7tb tmv MNS' (Ai6ov aQa i6tl tb v%o tmv 
MNS^ 

20 ^H MS aQa ix Svo iii^cov i6tl SevtiQa' oxeQ iSei, 
Set^ai. 



1. if] snpra scr. m. 1 b. 3. yiwcuayievdad-m Yb. ydff] 
di y. 5. slaiv P. Post AE del. EJ &qu fritai siaiv m. 
1 P. 7. iatt] om. P. 8. tots nQotsQov dBdeiyfievois Theon 
(BFVb). ijj °^- ^^^- P« ^' v] postea ms. P. wd on 
af BFV. 10. slaiv B. M^] MZ FV. 11. iatC BV, 
comp. Fb. 18. yiai] m. 2 BF, om. Vb. insl ovv V. 16. 
EZ] ZE P. EK] EH P. 16. slaiv PB. 17. iatf\ om. 
BF Vb. tovtiativ P. 18. MN, NlS} b. (liaov — 19. 
MNS] mff. m. 2 F. 20. MlSl] MN, add. ,3? m. 2 B; MNIS 
FVb. a^a] supra scr. m; 1 F. iatf] om. P. onsQ idst 
dsi^at,] om. BFVb. 
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spatio jir aequalem quadratam irrationalem esse ex 
duabus mediis secundam, quae uocatur. 

Comparentur enim eadem^ quae antea. et quo- 
niam ji^d ex duobus nominibus tertia est^ jiEj E^ 
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rationales sunt potentia tan- 
tum commensurabiles , et 
AE^ excedit Ezf^ quadrato 
rectae sibi commensurabilis, 
et neutra rectarum AE^ E^ 
rectae AB longitudine com- 
mensurabilis est [def. alt. 3]. 
iam eodem modo quo antea 
demonstrabimus, esse 
MS^ = AF 

[cfr. p. 162, 5], et MN^ NtS medias esse potentia 
tantum commensurabiles [cfr. p. 166, 10 sq.]. quare 
MS ex duabus mediis est. 

iam demonstrandum est, eandem secundam esse. 
quoniam ^E^ AB, hoc est ^E^ EKj dongitudine in- 
commensurabiles sunt, et /iE, EZ commensurabiles, 
EZ et EK longitudine incommensurabiles sunt [prop. 
Xni]. et rationales sunt; itaque ZEj EK rationales 
sont potentia tantum commensurabiles. quare EA^ 
hoc est MP^ medium est [prop. XXI]. et rectis MN^ 
NS comprehenditur. itaque MN X NS medium est. 
Ergo MS ex duabus mediis secunda est [prop. 
XXXVIII]; quod erat demonstrandum. 
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^Eccv xoQLOv nBQii%rixat vitb ^ritijg xal tijg 
ix 8vo ovofidtajv tstdQtrig^ f^ to %(qqCov dvva- 
lievri aXoyog i6tLv fj ocaXovfiivri li^si^mv. 
6 XwqCov yccQ to AF TteQvsxi^d^o) vno ^ritrjg tijg 
AB xal trjg i% 8vo ovo^atov tetaQti^g tijg A^ Siji' 
Qriykivrig sig td ovdfiata xatd tb Ej (Sv iiet^ov l6t(o 
to AE' Xiyo^ oti fj tb AF xcdqCov 8waiiivri aXoyog 
ictiv fj xaXovfiivri iieC^av. 

10 'Ejtel ydQ fi A^ ix 8vo ovofidtcjv i6tl tetaQti^j 
aC AE^ Ed aQa ^rjtaC sC6l 8wd^SL fiovov 6vfifistQ0i^ 
xal fj AE tijg EA (ist^ov 8vvatat tA dno d^vfiiiitQov 
iavtfj^ xal ^ AE tfj AB ^vfiiistQog \i6ti\ fii^xsL. ts- 
tfn^^d^ca fi AE 8C%a xatd to Z, xal tp dno tijg EZ 

15 Ccov TCaQd tfiv AE naQa^s^Xri^d^Gi naQaXXriX6yQafkfkov 
to vno AH^ HE' davfiiistQog aQa i6tlv fj AH rj 
HE iii^xsi, fi%^ci6av naQdXXi^Xoi tij AB aC H®, EK, 
ZAj xal td Xomd td avtd totg nQo tovtov ysyovitm' 
q)avsQOV 8ri^ oti fj to AF %cdqCov Swafiivri i6tlv ^ 

20 MS. 8sixtiov 87]^ otL fj MS aXoyog i6tvv f^ xaXov- 
(livrj fisC^cov. insl d^vfiiistQog i6tvv fj AH tfj EH 
lii^xsLj d^viiiistQov i6ti xal tb A® tp HK^ tovti6tc 
tb UN tS NII' al MNj NS aQa Swdfksv el6lv 



2. nBqUx^tai P. 4. fic/£a) V, sed corr. 8. TJ] om. Fb. 

AE P. xmqlov ^ Fb. 10. ^axlv P. 11. slciv P. 12. 
r^ff] T^ b. TcS] corr. ex to V. avfifiszQov, d- add. xn. 2, 
BFb. 13. iffTiJ om. P. 16. AE] supra A scr. ^ b, £ in 
ras. V. 16. vno tcov V. AH] corr. ex AE m. 1 F. 17. 
EJf V. 18. ZA] in ras., eeq. ras. 3 litt. V, Z in rae. m. 1 B. 

Xomd'} supra scr. V. tcc] om. FV. avtd'] om. F. 21. 
avfifiBTQog F, corr. m. 2. ioTiv] om. B. 22. TovtiaTixeatt P, 
corr. m. 1. 23. tw] corr. ex to FV. a^a] om. b. BCal 
avfifiSTQOi V, corr. m. 2. 
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LVII. 
Si spatium recta rationali et recta ex duobus no- 
minibus quarta comprehenditur, recta spatio aequalis 
quadrata irrationalis est maior^ quae uocatur. 

Spatium enim AF rationali j^B comprehendatur 
et j4^ recta ex duobus nominibus quarta in E in 
nomina diuisa^ quorum maius sit AE. dico^ rectam 
spatio AF aequalem quadratam irrationalem esse 
maiorem, quae uocatur. 

nam quoniam A^ ex duobus nominibus quarta est, 

AEy EJ rationales sunt potentia tantum commensu- 

A H E Z rabiles, et AE^ excedit E^^ 

quadrato rectae sibi incom- 
mensurabilis , et AE, AB 
longitudine commensurabiles 
sunt [deflf. alt. 4]. secetur 
^ E in Z in duas partes 
aequales, et quadrato EZ^ 
aequale rectae AE adpli- 
cetur parallelogrammum 
AHxHE. 

itaque AH, HE longitudine iucommensurabiles sunt 
[prop. XVIII]. rectae AB parallelae ducantur H®, EK^ 
ZAj et reliqua eodem modo, quo antea [p. 166, 1 sq.], 
fiant. manifestum igitur est, esse MtS^^AF. iam demon- 
strandum, MS irrationalem esse maiorem, quae uocatur. 
quoniam AH^ EH longitudine incommensurabiles sunt, 
etiam A0j HK, hoc est UNy NU^ incommensurabilia 
sunt [VI, 1; prop. XI]. itaque MN, NS potentia 
incommensurabiles sunt. et quoniam AE^ AB lougi- 
tudine commensurabiles sunt, AK rationale est [prop. 
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d6viiii€tQ0t. ocal iTCsl CvfifietQog ictvv fi AE vq AB 
lifjxBtj ^fjtov i6ti tb AK' KaC i6tiv t6ov totg axb 
tmv MN^ NS' ^riftbv &Qa [i6tl] xal tb 6vyxEifiBvov 
ix tav ttTtb tav MN^ NS. xal ijtsl a^vfiiietQog 

6 [i^ttv] fi ^E ty AB in^xst^ tovti6tv ty EK^ akXa 
ri /iE ^vfiiietQog i6tt tfj EZ, a6viiiietQog aQa ^ EZ 
trj EK (irJTcsi. aC EK^ EZ aQa Qtitai £l6v dwa^i 
(lovov 6vii(i8tQ0c' fii6ov aQa tb AE^ tovti6ti, to MP. 
xal nBQiixBtai imb tciv MN^ NS' fii^ov aQa i6tl 

10 tb vxb tAv MN, NS' ^ccl ^i^rov tb [6r}yx££fi£V0v'] 
ix t(3v dicb tmv MNy NS^ xaC b16iv d6viiii£tQov at 
MNj NS Swd(i£v. idv Sh Svo £v^£tav Swdii£i d6viir 
(i£tQOL 6vvt£^m6i 7tOLOv6aL tb fi£v 6vyx£Cfi£vov ix tAv 
dii axyt&v t£tQaymva)v ^iyrov, tb S* vii avtmv [ii60Vy 

15 ^ okri akoyog i6ttVj xak£ttav S% (i^C^mv, 

^H MS dQcc dXoyog i6tvv ^ xaXov^ivrj (lEC^mVy 
xal Svvatav tb AF xcdqCov ojtBQ iS£v S^t^av. 

vri. 

^Eav x^Q^^'^ 7t£Qvixritav v%b ^rjf^g xal trjg 
20 ix Svo ovofidtmv JtifiJttrjgj ^ tb x^Q^^'^ Svva- 
(livri aXoyog i6tvv ^ xaXovfiivrj ^rjtbv xal fki- 
6ov Svvafiivrj. 

XoqCov yaQ tb AF 7t£QV£xi6%^(o vitb ^i^f^g tijg 

AB xal f^g ix Svo ovofidtcjv nifintr^g tijg A/i Svy- 

25 Qrjfiivr^g £ig ta ovofiata xatd tb E, &6t£ tb [iBt^ov 

ovofia bIvkv tb AE' kiym \Sri\, otv fj tb AF x^Q^ov 



1.EAV. 2. iati] laxiv P, dein del. rjAET^ABm,!, toJ 

e corr. m. 1 V. 8. MN] NMF. iarC] om! BFVb. xa/J 

om. b. 6. iativ] om. P. zovtiativ P. dlX' F, 6. 

iaviv P. TJ] xijs P. 7. elaiv P. 8. zovtiativ b. z6] 

corr. ex Tc5 m. 1 F. 9. fiiaov — 10. NS] mg. m. 1 P. 10. 
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XIX]. et AK=MN^+NS\ quare etiam MN^+NS^ 
rationale est. et quoniam ^E, AB^ hoc est /JE^ EK^ 
longitadine incommensurabiles sunt [prop. XIII] ^ et 
^E^ EZ commensurabiles; EZ, EK longitudine in- 
commensurabiles sunt [prop. XIII]. itaque EK^ EZ 
rationales sunt potentia tantum commensurabiles. quare 
AEy hoc est MP, medium est [prop. XXI]. et rectis 
MNj NS comprehenditur. itaque MNx NS medium 
est. et MN^ + NS^ rationale est, et MN^ NS po- 
tentia incommensurabiles sunt. sin duae rectae potentia 
incommensurabiles componuntur efficientes summam 
quadratorum suorum rationalem, rectangulum autem 
medium^ tota irrationalis est^ uocatur autem maior 
[prop. XXXIX]. 

Ergo MS irrationalis est maior^ quae uocatur, et 
MS^ = AF; quod erat demonstrandum. 

LVIII. 

Si spatium recta rationali et recta ex duobus no- 
minibus quinta comprehenditur^ recta spatio aequalis 
quadrata irrationalis est spatio rationali et medio 
aequalis quadrata, quae uocatur. 

Spatium enim AF comprehendatur rationali AB 
ei AA recta ex duobus nominibus quinta in jB in no- 
mina diuisa, ita xxt AE maius nomen sit. dico, rectam 
spatio AF aequalem quadratam irrationalem esse 



vnol avynB^fisvov in V. cvyiis^fisvov'^ om. P. 11. in rcSv] 
snpra scr. F. %cc£ iauv dcv[t,fisTQog rj MN tfj NSJ Theon 
(BPVb). 13. avvTsd^maiv PB. 14. 9i comp.'F. 15. icTt 
BV, comp. Fb. 19. xal TTJg'] bis b. 26. d?}] om. P. rj] 
supra scr. m. 1 P. 



176 STOIXEmN {, 

Svvayiivri aXoy6(^ i6ttv rj xakoviiivrj Qtitov xal fiitfov 
dvvaiiivrj, 

KatBaxevd^d^to yccQ ra avta totg jtgoteQOV SeSstyfii- 
voig' q)av6Q0v Sri, otv rj tb AF x(OQtov Swaykivri iatlv 
5 ^ MS. SeiTcxiov Si^, ori fj MS i6tiv ^ ^rjtov xal 
lii6ov SvvaiiivT^. iitel yccQ d^vfifierQog idtiv ij AH 
tij HE^ deviiiietQov aQa idtl xal ro A@ tp @E, tovt- 
iati to dno t^g MN rp dito t^g NS' al MN^ NS 
aQa Swdfiet elclv dov^fietQOt, xal iitel rj A ^ ix 

10 Svo ovo^dtcov i6tl Ttifizti^j xai [iativ] SXa60ov avt^g 
t(i^^a to Ejd^ eviifietQog aQa rj E^ ty AB [nptet. 
dkkd fj AE tfj EA ictiv dovfiiietQog' xal rj AB 
aQa tfj AE i6tiv dcviiiietQog (n]xet [aC BA^ AE 
QritaC eicv Swdfiei ^iovov 6viiiietQ0ty iii6ov aQa i6tl 

15 to AK^ tovticti to ^vyxeifievov ix tav dno tSv MN, 
NS. xal inel CvfiiietQog iottv fj AE t^ AB in^xet, 
tovti6ti tfj EK^ dlkd 7] AE trj EZ ^vfi^etQog i6ttv, 
xal ^ EZ aQa tfj EK 6vii(ietQ6g e6ttv. xal ^rjtij fj 
EK' ^rjtbv aQa xal rb EA, tovti6tt tb MP^ rovt- 

20 i6tL tb vTtb MNS' ccC MN^ NS ccQcc Swdiiet d6vii- 
fietQoi eict %otov6ai tb fiev ^vyxeifievov ix tmv dii 
avtfDV tetQaydvcjv fii^ov^ tb d' vjt avtSv ^rjt^v. 



3. v.atoiatiBvda^(a Y, sed corr. ya^] ovv Y. toig sr^o- 
8s9siyiiivot9 Theon (BFVb). 5. 9s F. 7. HE] corr. ex 
EH V. iazh PB. 8. tfjg NS] xwv NS P. 9. avft- 
listQOi V, corr. m. 2. AJ]Je corr. V. 10. iattv] om. P. 

12. aU' F. 13. BA] mut. in ^B m. 2 V, AB F. U. 
siaiv B. 16. daviAfistQog B, corr. m. 2. 17. dll* F. JE] 
corr. ex BF, ut uidetur, V. iati PBV, comp. Fb. 18. 
Ante avfifjistQog ras. 1 litt. V. xal (rjtri] ^rit^ 9i BFVb. 

19. Post EK add. $ritri &Qa yt,al rj EZ V. EA] supra add. 
zi m. 1 b. xovtiativ JP. tovtiativ P. 20. vno xmv PV. 

MiNT, Nl^ B. 21. slaiv PB. 22. ii F. 
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spatio raiionali et medio aequalem quadratam, ^uae 

uocatur. 

comparentur enim eadem, quae in superioribus de- 

monstrationibus. manifestum igitur est, esse M^^^AF 

[p. 162, 1 sq.]. iain de- 
monstrandum est, MS esse 
rectam spatio rationali et 
medio aequalem quadratam. 
nam quoniam AH^ HE inr 
commensurabiles sunt [prop. 
XVIII], A®, ®E, hoc est 
MN^^ NS^, incommensura- 
bilia sunt [VI, 1; prop. XI]. 
itaque MN^ NlS potentia 
et quoniam A A ex duo- 
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incommensurabiles sunt. 
bus nominibus est quinta, et minor pars eius est 
Ezfy E^ et AB longitudine commensurabiles sunt 
[deff. alt. 5]. uerum AE^ EJ incommensurabiles sunt* 
quare etiam AB^ AE longitudine incommensurabiles 
sunt [prop. XIII]. ^) itaque AK, hoc est MN^ + NS\ 
medium est [prop. XXI]. et quoniam ^E, AB^ hoc 
est ^E^ EKy longitudine commensurabiles sunt, et 
j^E^ EZ commensurabiles, etiam EZ^ EK commensu- 
rabiles sunt [prop. XII]. ct EK rationalis est. itaque 
etiam EA^ hoc est MP siue MNxNSi rationale est 
[prop. XIX]. itaque MN^ NS potentia i^commen- 
surabiles sunt summam quadratorum suorum mediam 
efificientes, rectangulum autem rationale. 



1) Cum lin. 13 a^of, quod edd. poat AE habenfc, in codd. 
omittatur, malui delere ai BA — lin. 14 avfifiBtgoi. 



Euolideg, edd. Heiberg et Menge. m. 
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^H MS aQtt ^rixov xal (Adaov Swa(Aivij iotl tulI 
Svvtttai th AF %g)qiov ' onsQ eSsL Set^aL, 

Vd'\ 

^Ettv %GiQCov Jt€QL6%i]tttL vito ^tltijs xul f^g 

5 iy Svo ovoiidtmv sxtrigj fj to %cdqCov Svva^iivfi 

ttXoyog i6tLV fi XttXovfiivri Svo nidtt Svva[iivri. 

XchqCov yccQ ro ABF^ TteQte^iad^ca v%o ^rif^g trjg 

AB xttl t^g ix Svo ovofidtav extrjg t^g AA SiY^Qr\- 

fiivrig elg ta ovofittttt xata ro E^ &6te to [let^ov 

10 ovo fia elvttL to AE' Xiyca^ otL fi to AF Svvttfiivri ^ 
Svo (ii6a Svvtt(iivri ictCv, 

Kttte^xevdad^ci) [yccQ'] ta aitd totg TtQoSeSeLyiiivoLg. 
ffttveQov dij, ort [fj] to AF Svvtt^iivri i6tlv fi MIS^ 
xttl oti dcviinetQog i6tLV fi MN ty NS Swd(iBL. xal 

16 iitel tt0vii(ietQ6g iatLv fi EA tfj AB (h^xbLj at EA^ 
AB ttQtt ^ritttC el6L SvvdiieL fiovov 6v(ifietQ0L' fiiaov 
ttQtt iotl to AK, tovtictL ro cvyxeCiievov ix tciv dscb 
tfSv MN, NtS, Ttdhvy iitel davfiiietQog iattv ^ EA 
tjj AB iirixeL^ davfiiietQog ccQtt iotl xttl fi ZE ty EK' 

20 ttC ZE, EK ttQtt QritttC ei6L SvvdiieL fiovov 6viiiietQ0L' 
(ii6ov ttQtt i6tl tb EA^ tovti6ti tb MPy tovti^ti tb 
vnb tc5v MNS. xttX iitel d6viiiietQog ij AE tfj EZ^ 
xttl ro AK tS EA d^vii^ietQov i6tLV. dkXd ro (ihv 

1. hzCv PB. 6. ii\ postea ine. P. [kBcag P, corr. m. 1. 

7. 9jt%] om. F. 10. 17 — 6vvotiLBV7i\ mg. m. 1 P. r{\ 
(alt.) aloyoq iauv 17 %aXovfi.iv7} Vb, e corr. P. 11. iarCv'] deL 
F, om. V b. 12. tiaraayisvdad-ai V. yag] om. P. 13. 17] 
om. PF. 16. EA] AE PVb. EA] AE' F, in rae. V. 16. 
daiv B. 17. iaxlv P. "dno rav 'i% rmv F. 18. NS] 
mut. in I^N V. 19. Post AB add. zovtBazi z^ EKY. iaxCv B. 

ZE] EZ P. 20. ai] %al af BFb. Blaiv P. 21. MP] 
corr. ex ME m. rec. b. zovziaziv P. 22. 17 J iazw 17 FV. 

23. dav^fiezQog F. 
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Ergo MS recia spatio rationali et medio aequalis 

quadrata est [prop. XL], et MS^ = ^F; quod erat 

demonstrandum. 

LIX. 

Si spatium recta rationali et recta ex duobus no- 
minibus sexta comprehenditur^ recta spatio quadrata 
aequalis irrationalis est duobus spatiis mediis aequalis 
quadrata; quae uocatur. 

Spatium enim ABF^ comprehendatur recta ra- 
tionali ^^ et recta ex duobus nominibus sexta A^ 
\n E m nomina diuisa, ita ut maius nomen sit AE. 
dico^ rectam spatio AF aequalem quadratam rectam 
esse duobus spatiis mediis aequalem quadratam. 

comparentur eadem, quae in superioribus demon- 
strationibus. manifestum est igitur, esse MS^ = AF, 

et MN, NS potentia in- 
commensurabiles esse [p. 176, 
6 sq.]. et quoniam EA^ 
A B longitudine incommen- 
surabiles sunt [defif. alt. 6], 
EA et AB rationales sunt 
potentia tantum commensu- 
rabiles. itaque AK, hoc 
est MN^ + ^S^ 9 medium 
est [prop. XXI]. rursus quo- 
niam EA, AB longitudine incommensurabiles sunt 
[defif. alt. 6], ZE et EK incommensurabiles sunt [prop. 
XIII]. quare ZE^ EK rationales sunt potentia tan- 
tum commensurabiles. itaque EAy hoc est MP siue 
'MN >< NSf medium est [prop. XXI]. et quoniam 
'AE^ EZ incommensurabiles sunt, etiam AK^ EA 
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jdK iaxL ro dvyxeinevov ix vmv aico tmv MN^ NS, 
t6 Sh EA i6ti to vno tav MNS* d6v(i(i6tQov aga 
iotl t6 6vyx£iiisvov ix tAv ano tmv MNS irc5 vnb 
tAv MNtS. xai i6ti ^ni^ov ixateQOv avtciv, xal al 
6 MN^ NS dwdiiSL slclv dov(iiietQOi. 

^H MS aga dvo fiica Swaiiivri iotl xal Svvatai 
to AF* oTceg iSei Setiai, 

[Arjfiiia. 

^Eav evd^eta yQa^iiiri tiii^dij eig avi6aj ta djco tmv 
10 dvi0ov tetQayava (lei^ovd i6ti tov Slg vito tmv dvi- 
6a)v TteQLexofiivov OQ^oycoviov, 

"E6tm ev^eta ri AB xal rfrfiifcr^G} elg avi6a 
xata to F, xal i6tm (leiimv ij AF' Xiym^ otv td 
dito tmv AF, FB (lei^ovd i6tL tov Slg vicb tmv 
15 AF, FB. 

TetiiT^^d^m yaQ r^ AB Si%a xatd to /4. ijteX ovv 
ev^eta yQaiiiiij tit^titat eig fihv t6a xatd to /l^ elg 
S\ dvi6a xatd to F, ro aQa vno tmv AT^ TB (letd 
tov dnb Tjd t6ov i6tl tm dnb A^' m6te to vnb 
20 tmv ATj TB ikattov i6ti rov dnb A^' tb aQa Slg 
vnb tmv AT, TB iXattov ^ Sinkd^vov i6ti tov dnb 
A/4. dkXd td dnb tmv AT^ TB Sinkd6i,d \i6ti\ tmv 
dnb tmv A^, AT td aQa dnb tmv AT, TB (lei^ovd 
i6ti tov Slg vnb tmv AT^ TB' oneQ iSei Set^ai^ 

26 ^- 

t6 dnb ti]g ix Svo ovofidtmv naQa ^i^r^v 



2. iati] m. 2 F. t6v] om. BFb. 3. MN, NlS! V. tm} 

x6 FV. 4. MN, NISI m. 2 V. iau P. f*«W] (lip V. 

6. dvvufisi y. 8. Xrjfifia] m. 2 P. 10. taatv V, sed oorr. 
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incommensurabilia simt [VI, 1; prop. XI]. uerum 

AK^MN^ + NS^, EA = MNxN!S. itaque MN^ 

-f- N^^ et MN X NS incommensurabilia sunt. et 

utrumque medium est, et MN^ NS potentia incom- 

mensurabiles' sunt. 

Ergo MS recta est duobus spatiis mediis aequalis 

quadrata [prop. XLI], et MS^ = AF] quod erat demon- 

strandum. 

[Lemma. 

Si recta linea in partes inaequales secatur, qua- 

drata partium inaequalium maiora sunt duplo rectan- 

■^^ gulo partibus irfaequalibus comprehenso. 

Sit recta AB et in r* in partes inaequales 
..j secetur, et maior sit AF. dico, esse 
.,p AF^ +rB^ > 2Arx FB. 

nam AB in jd in duas partes aequales secetur. 
B iam quoniam recta linea in/d in partes aequales secta 
est, in r autem in inaequales, erit AFx FB + F^ = A^^ 
lJI,5].qsLaxeArxrB<AJ^Ata.que2ArxrB<2AJ\ 
est autem AF^ + FB^ = 2(A^^ + JT^) [H, 9]. ergo 
Ar^ + rB^>2ArxrB] quod erat demonstrandum].^) 

LX. 

Quadratum rectae ex duobus nominibus rectae ra- 



1) Gum Euclides iam pi^op. XLIV p. 128, 17 hoc lemmate 
tacite usus sit, parnm creaibile est, id ab eo ipso bic demum 
additum esse. quare puto, lemma ab interpol&tore adiectum 
esse, quem fugerit^ id iam antea usurpatum esse. facile ad- 
paret res ipsa ex II, 7. 

Elat V. avCoaov Trjg 8Zi?ff Tfirj^dtmv V. 12. ^aTO) ydg F. 13. 
fieiSov t6 AF P. 16. J] corr. ex B F. 17. YQCCfiiATj rj ABY, 

19. uno TTig Vb. FJ] in ras. V, JT P. xlje Ad V. 

20. iXaccov P, comp. Fb. Trig Ad Y. ^ 22. f^g Ad Y. 
luTi] om. P. 24. Tcov] om. P. 26. v^\ corr. m. 2, F. 
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xaQafiaXk6(i6vov xldtog noLit tiiv ix 8vo ovo^ 
fidtcDV aQcitfiv. 

"Eatm ix dvo ovofidtGiv fj AB di^jQijfiivq eig ta 
ovofiata xata tb F, £6t6 tb ^t^ov ovoiia slvat tb 
6 jdr, xal ixxeiad^o) ^i^r^ fi dE^ xal rcol anb r^g AB 
t6ov TtaQa triv AE naQafiefiXiiad-ci tb ^EZH TcXdtog 
xoLOvv ttj^v AH' Xiyaj or^ fi zfH ix 8vo ovofAdtav 
i6tl TtQciti^. 

IlaQaPepki]6d^G) yaQ TtaQa trjv AE t& (ilv dicb 

10 trig AF t6ov tb ^Sj rc3 8i dxb f^g BF t6ov tb 
KA' kombv uQa tb 8lg vnb tmv AFj FB C6ov i6tl 
tp MZ, tetfiiq^d^cii fi MH 8ix^ xaxd tb N^ xal naQ- 
dkkrjkog ijx^(o f^ NS [ixatiQcc tmv MAj HZ], ixd- 
teQOv aQa tmv MSy NZ t6ov i6tl tm ajca^ vtco tmv 

15 AFB. xal ixel ix Svo 6vo(idtciyv i6tlv fj AB ScijQfi" 
liivri eig td 6v6(iata xatd tb JT, at AF^ FB ccQa ^r^- 
tai ei6L 8wd(i6t (lovov 6vii(i6tQ0i,' td aQa dxb tmv 
AFj FB ^rj^zd i6tt> xal 6v(i(i6tQa dXki^Xotg' 36ta xal 
ro 6vyx6i(isvov ix tav dnb tmv AFy FB [6vn(i6tQ6v 

20 i6tL totg aTtb tmv AF^ FB' ^rjtbv aQa i6tl tb 6vy- 
X6i(i6VOV ix tmv dnb tmv AF, FB], xai i6tiv t6ov 
tm AA' ^rjtbv aQa i6tl tb AA, xal naQa Qritr^v tr^v 
A E 7taQdx6LtaL' ^i}r^ aQa i6xlv fijdMxal 6v(i(i6tQog 
tfi AE (n]X6L Ttdhv^ iml al AF, FB ^r^tai 6i6i 

25 dvvd(i6L (i6vov 6v(i(i6tQ0tj (ii6ov ccQa i6tl tb Slg vnb 
tmv AFj FB, tovti6tv ro MZ, xal naQa ^trp/ tifv 
MA 7taQdx6Ltav' ^rjtfi aQa xal fj MH i6tL xal d6v(i' 

5. tA] corr. ex to m. 1 F. AB] A e corr. B. 9. t^] 
corr. ex Vo m. 1 F. 10. ro] mut. in r^ m. 1 F. dB] S 
e corr. V. reS] corr. ex to m. 1 F. 11. hri] m, 2 F. 12. 
d£xa]m, 2 V.' 13. NS] N eras. F, S b. fxar% — HZ] 
om. "P. 14. Post &Qa del. rmv AH Y, NZ] corr. ex NS 
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tionali adplicatum latitudinem efficit rectam ex duobus 
nominibus primam. 

Sit AB recta ex duobus nominibus in F in nomina 
diuisa^ ita ut maius nomen sit A F, et ponatur ratio- 
d KM N H nalis zfE, et quadrato A B* 

aequale rectae ^E adplicetur 
-^jBZUlatitudinem efficiens/ilZ'. 
dico, jdH rectam esse ex duobus 
A r B nommibus primam. 

nam rectae ^E adplicetur J®=\Ar^ et KA=Br\ 
itaque reliquum [11, 4] 2ArxrB = MZ, iam MH 
in N in duas partes aequales secetur, et NS parallela 
ducatur. itaque MS ^NZ^AFx FB. et quoniam 
AB ex duobus nominibus est in F in nomina diuisa, 
AFj FB rationales sunt potentia tantum commensu- 
rabiles [prop. XXXVI]. itaque Aiy^ FB^ rationalia 
sunt et commensurabilia. quare etiam AF^ -{- FB^ 
[prop. XV]. et ^r^ + FB^ = AA. itaque etiam ^A 
rationale est. et rectae rationali ^E adplicatum est; 
quare ^M rationalis est et rectae ^E longitudine 
commensurabilis [prop. XX]. rursus quoniam AFj 
FB rationales sunt potentia tantum commensurabiles, 
2ArxrB, hoc est MZ, medium est [prop. XXI]. 
et rectae rationali MA adplicatum est. itaque MH 
rationalis est et rectae MA, hoc est ^dE^ longitudine 

m. 1 F. 15. AT, FB in ras. V. 16. aS} xal at V. 18. 
i<rrt] e^Gft B F b. Hat'] (alt) om. V. 19. Post FB del. ytat iaziv 
tcov P. avfifiSTQOv — 20. FB] mg. m. 1 P. 20. grjtov — 
21. FB] om. P. 22. JA] A e corr. FV, JJ P. zo] rc5 F. 

JA] corr. ex dJ m. rec. P. 23. JM] coir. ex J H m. 
2 F. 27. aga laxl BFVb. %aC] om. V. hzi] om. BFVb. 

avfinezQos F, corr. m. 2. 
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HstQog tfj MA^ TovtitSxL tij ^E, fiipcei. i6xL S\ xal 
ri Mjd Qtitii Kol tfj jiJE fti}x£i 6v(i(i€tQog' d6vfifistQog 
aga i6tlv fi /tM tfj MH iifjxBc.] xai s16l ^ritac' al 
^M, MH aga ^titaC bi6l dwdfisc fiovov 6v(ifiBtQoc' 
5 ix Svo aQa ovofidtav i6tlv ^ jdH. 
/tsvxtiov dif, ott xal TtQcitfi. 

'EtcsI t&v dno t(5v AF^ FB (ii6ov dvdXoyov i6ti 
to vno t&v AFBj xal tmv jd0, KAfcQa fii6ov dvd- 
Xoyov i6ti To MIS* i6tiv aga cog ro A@ TCQog tb 

10 MS^ ovtog ro MS nQog ro KAj tovti6tiv Ag 17 ^K 
TtQog triv MNj 17 MN TtQog trjv MK' r6 aQa vxo 
t&v AK^ KM t6ov i6tl ta dnb tijg MN. xal insl 
^viifisTQov i6ti to dnb t^g AF tA dnb r^g FB^ 6vfi' 
fistQOv i6tL xal tb AS tA KA' &6ts xal fi jJK t^ 

15 KM 6v(i(istQ6g i6ttv. xal insl nsi^ovd i6tt ta dnb 
tmv AFj FB tov dlg vnb rcov AF, FB^ (ist^ov aga 
xal tb AA toij MZ' &6ts xal ii AM tijg MH fisi^ov 
i6tiv, xai i6tiv l'6ov ro vnb rcov AK, KM t& dnb 
tijg MN^ tovti6tt t& tstdQta} rotJ dnb tijg MH^ xal 

20 6vfi(istQog 17 AK tij KM. idv Sh (06 1 Svo svd^stat avt" 
6ot, t& Si tstaQtfp fiiQst tov dnb t^g iXd660vog l!6ov 
naQa t^v fisi^ova naQapkri^ ikkstnov stSst tstQay&vp 
xal slg 6viiiistQa avtiiv StatQfj, ri fisiifov tijg ikd66ovog 
(ist^ov Svvatat t& dnb 6vfifiitQ0v savtri' ri AM&Qa 

26 tr^g MH iist^ov Svvatat t& dnb 6viifiitQov iavtij. 
xai sl6t Qrital al AM^ MH^ xal fj A M [istiov ovoiuc 
ov6a ^vfifistQog i6tt ty ixxst(iivji ^rjf^ ty AE (ii^xst, 

^^\ 1. MA] AM in ras. V. ^ativ PB. 8. JM] Md P. 

%olC bIci'] e corr. V. tlaiv B. 4. JM^ MH apa] e 

corr. V. 6. aqu'] supra scr. F, om. P. 7. Post l«e/ add. 

ydq BVb, F m. 2. 8. AF, FB m. 2 V. 10. ^Jf] K 

in ras. V. 13. TB] BT in ras. V. 16. KM ftijxft crtJ/»- 
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incommensnrabilis [prop. XXII]. nernm Mzl rationalis 
est et rectae jdE longitudine commensurabilis. itaque 
^M, MH longitudine incommensurabiles sunt [prop, 
XIII]. et sunt rationales. itaque z/Af, MH rationales 
sunt potentia tantum commensurabiles. ergo jdHex duo- 
bus nominibus est [prop. XXXVI]. iam demonstrandum, 
eandem primam esse. quoniam AFX FB medium est pro- 
portionale inter AI^, FB^ [cfr. prop. XXI lemma], etiam 
MS medium est proportionale inter jd0, KA. itaque 
^&:M;S-=^MSiKA,\iO(iQ%i]yi,\]AK:MN=MNiMK. 
itaque AKxKM= MN^ [VI, 17]. et quoniam 
AI^, FB^ commensurabilia sunt, etiam A&y KA com- 
mensurabilia sunt. quare etiam AK, KM commen- 
surabiles sunt [VI, 1 ; prop. XI]. et quoniam est 
AI^ + FB^ > 2Arx rB [u. ad lemma], erit AA>MZ. 
quare etiam AM>MH [VI, 1; V, 14]. et 

AKxKM= MN^ = \MH^, 
et AK, KM commensurabiles sunt. sin datae sunt 
duae rectae inaequales, et quartae parti quadrati mi- 
noris aequale spatium maiori adplicatur figura qua- 
drata deficiens et eam in partes commensurabiles 
diuidit, maior quadrata minorem excedit quadrato rectae 
sibi cbmmensurabilis [prop. XVII]. itaque AM^ ex- 
cedit MH^ quadrato rectae sibi commensurabilis. et 
^ Mf MH rationales sunt, et maius nomen AM 
rectae rationali propositae AE longitudine commensu- 
rabilis est. 

fiBtQog icTi y. Post iariv add. (i^Tjttst m. 2 B. 16. tov 
— rB] supra scr. P. 18. iat£ PVb, comp. P. 20. Post 
KM add. fiijxei V, m. 2 B. oaaiv FB. 23. Siccigst b. 
24. Ante (isitov ras. 1 litt. P. 25. tco] to Y. 26. xal ^ — 
27. iati] in ras. P. 26. JM] MH t, HM Fb. 
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^H ^H ccQa ix Svo 6vo(iatmv iiJtl TCQoitTi' otuq 
idet Sstl^at, 

1«'. 

T6 dnb tijg ix Svo fid^cDv nQcitrig naga qti- 
5 tYiv TtaQafiukXo^Bvov nkdtog Ttoiet r^i/ ix dvo 
ovoindtfov SsvtiQav, 

^Eatci} ix Svo fiieov jtQcitrj ii AB ScyQrnidvTi slg 
tccg ^ifSag xata tb Fj mv ilsI^ov fl AF^ %al iKxsio^a 
Qtltii 71 AEj xal TtaQaPspXrj^d^ci) TtaQcc trjv ^E t^ dnb 

10 trjg AB t6ov 7taQaXlril6yQa(ifiov tb ^Z nkdtog notoijv 

t^v jdH' kiycD^ oti ij jd H ix Svo ovoybdtcov i6tl SsvtiQa. 

Katsexsvded^cD yccQ td avtd totg nQb tovtov. xal 

insl 7] AB ix Svo niecov i6tl^nQcitrj SirjQrjfiivri xatcc 

tb F, aC AF^ FB ccQa ^icai slel Svvd^st ^6vov 

15 ovfifistQoi QT^tbv nsQvi%ov6av' &6ts xal td dnb tciv 
AFy FB ^iea ietiv. fiiaov aQa i6tl tb^A. xal naQa 
Qrjtfjv trjv AE naQa^ipXrjtai' ^rjtri ccQa i6tiv ij MA 
xal d6v^iistQog tfj ^E fii^xsi. ndXiv^ insl ^tov i6tt 
t6 Slg vnb tcdv AF, FB, ^rjtov i6tL ocal tb MZ. xal 

20 naQa Qrjtijv tijv MA naQdxsitav Qrjtij aQa [i6tl] xal 
ri MH xal ^rjxst ^vfi^stQog tij MA, tovti6tt ty ^E' 
davfifistQog ccQa i6tlv rj AM ty MH (ii^xsi. xai sUst 
^rjtai' al AM, MH aQa ^rjtai si6t Swdfist ftovov 
6viiiistQ0t' ix Svo ccQa 6vo(idtc(iv i6tlv ij ^H. 



1. ovonccto) b. onsQ iSei dsi^cci] om. BF Vb,*comp. P. 8. 
1(5' F. 4. (rjTTJg B, sed corr. 7. iazco] e corr. m. 2 P. 9. 
naga xriv JE naQaPspi^qa&a} P. 10. AB] corr. ez Ad m. 
1 b. laov zo P. 12. v,ataa%svaa^ai V. 14. at] in ras. 
m. 2 B. slaCv B. 16. htCv] iatC PB, comp. Fb, siai V. 

17. naQayLSitai Tbeon (BFVb). 19. iati] om. B. 20. &j, 
Biipra scr. rijv P. iatC] om. BPVb. 21. avykasxQoq [ni%si\. 

MA] M e con% V. 22. iatCv] om. V. (i^%st xg MH V. 

slatv B. 
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Ergo ^H ex duobus nominibus prima est [deff. 
alt. 1]; quod erat demonstrandum. 

LXI. 

Quadratum rectae ex duabus mediis primae rectae 
rationali adplicatum latitudinem efficit rectam ex 
duobus nominibus secundam. 

Sit AB recta ex duabus mediis prima in T in 
medias diuisa, quarum maior sit AF, et ponatur ra- 
^ K M N H tionalis AE^ et rectae jdE adpli- 

cetur quadrato AB^ aequale par- 
allelogrammum AZ latitudinem 
E eASZ efficieilfe AH. dico, AH ex duo- 

A r B bus nominibus secundam esse. 

nam comparentur eadem, quae in priore propositione. 
et quoniam AB ex duabus mediis prima est in F 
diuisa, AF, FB mediae sunt potentia tantum com- 
mensurabiles spatium rationale comprehendentes [prop. 
XXXVII]. quare etiam AF^, FB^ media sunt [prop. 
XXI]. itaque jdA medium est. et rectae rationali AE 
adplicatum est. itaque MA rationalis est et rectae 
-^^ longitudine incommensurabilis [prop.XXII]. rursus 
quoniam 2 AFxrB rationale est, etiam MZ rationale 
esi et rectae rationali MA adplicatum est. itaque 
etiam MH rationalis est et rectae MA longitudine 
commensurabilis [prop. XX], boc est rectae AE, itaque 
^M^ MH longitudine incommensurabiles sunt [prop. 
XIII]. et sunt rationales. itaque AMy MH rationales 
sunt potentia tantum commensurabiles. ergo z/if ex 
duobus nominibus est [prop. XXXVI]. 
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jdsixzaov dif, otL xal dsvtdQa. 

'Enel yccQ va aTCo rcSv AF^ FB (isi^ovd i6Tt rov 
Slg vno xAv AF^ FB^ (ist^ov aga xal xo ^A zov 
MZ' S6XS xal 1] ^ M xijg MH. xal insl ffviifistQOV 
5 i6xi, xo anb trjg AF t£ asro trjg FB, ^vfiiutQov i<ni 
xal ro A@ tw KA' S6ts xal ^ ^K tfj KM aviifU' 
tQog iativ, xal i6tt ro vtco t£v AKM t6ov v^ axo 
trjg MN' fj AM aQa tijg MH (ist^ov ivvaxai tS dno 
6v^^atQov iavtfj. xal i6ttv ^ MH 6vfifistQog tfi AE 
10 yivixsi. 

^H AH aQa ix Svo 6vo(idtc3V i6tl SsvtiQa. 

To dno t^g ix Svo iia6cov SsvtiQag naQcc 
^ritiiv naQaPakkofisvov nXdtog notst trjv ix 
15 Svo ovoiidtov tQ(t1]V. 

^E6tc9 ix Svo iii6cDv SsvtiQa fi AB StTjQri^ivfj slg 
tcfg iii6ag xatd to F, S6ts to [ist^ov tiifjiia slvat to 
AF, QTitri Si ttg e6tm fj A E^ xal naQa tiiv ^E rp 
dno tfjg AB t6ov naQakkrjXoyQaiifiov naQaPsfiX^q^^a 
20 ro AZ nkdtog notovv trjv AH' Xiyca, ott ^ ^H ix 
Svo ovofidtcDV i6tl tQitrj, 

Kats^xsvdad^ci) td avtd totg nQoSsSstyiiivotg, xal 

insl ix Svo ^iacov SsvtiQa i6tlv 17 AB StrjQriiiivri 

xatd ro F, at AFj FB aQa ^i6at slel Swdfist (lovov 

25 6v(i^stQ0t fii6ov nsQtixov6at' Sats xal ro 6vyxsiiuvov 

3. Ar] r in ras. m. 1 P, 7. ictiv'] icxt BV, comp. Pb. 
iatt] iativ P. JKM] K corr. exAf m. 1 P; JK, KM corr. 
ex JK, NM V. 8. MH] corr. ex MN m. 1 b. &vvuTut 
listiov V. 12. ip'] corr. ex |y' P. 16. ovofidtmv] corr. ex 
fisaoiv m. 2 B. tQitriv] in ras. m. 1 B. 16. iata] in ras. 
m. 1 B. 18. iatat] ysyovsto) V. JE] in rae. m. 1 B. niv] 
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iam demonstrandum est^ eandem secundam esse. 

nam quoniam ^r* + FB^ >2jrxrB [prop. 
LIX lemma], erit etiam jdA> MZ, quare etiam 
^M> MH. et quoniam AI^^ FB^ commensurabilia 
sunt, etiam ^@, KA commensurabilia sunt. quare 
etiam ^JK^ KM commensurabiles sunt [VI, 1; prop. 
XI]. et JKxKM=MN^ [cfr. p. 184, 7 sq.]. itaque 
^M^ excedit MH^ quadrato rectae sibi commensu- 
rabilis [prop. XVII]; et MH, jJE longitudine com- 
mensurabiles sunt. 

Ergo jdH ex duobus nominibus secunda est [deff. 
alt. 2]. 

LXII. 

Quadratum rectae ex duabus mediis secundae rectae 
rationali adplicatum latitudinem efficit rectam ex duo- 
bus nominibus tertiam. 

Sit AB ex duabus mediis secunda in F in medias 
diuisa, ita ut maior pars sit AFj rationalis autem sit 
^ KM N H AE^ et rectae AE quadrato AB^ 

aequale parallelogrammum z^Z 

adplicetur latitudinem efficiens 

^:fH. dico, ^H ex duobus nomi- 

A r B nibus tertiam esse. 

comparentur eadem, quae in superioribus demon- 

strationibus. et quoniam ^^ ex duabus mediis se- 

cunda est in F diuisa^ AFy FB mediae sunt potentia 

tantum commensurabiles spatium medium comprehen- 

(^xi\v xriv F. To3] corr. ex to m. 1 F. 20. ti}v] corr. ex 
%o m. 1 B, x6 F. 22. xal xaTCiTxsvaa^o), del. xa/, F; %axoL- 
cnBvae^to y(XQ V. xa^] postea ins. F. 23. iaxl dsvxsga F. 
24. rB] r in ras. V. iksaoii ccga V. slalv PB. 
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ix t(5v ano tciv AF^ FB ^Ueov i6tiv, xaC i6ttv 
1(5 ov tw jdA' fiicov cLQtt xal tb ^A, Tcal naQoixsttai 
naQa QTjtfiv triv ^E' ^ritri aQa i6tl xal 17 M^ xal 
dcvii^EtQog tfj ^E ^i^xsL. Sta ta avta 8ri xal ^ 
6 MH piyri} itJtc xal aiJv(ifi6tQog tij MA^ tovti^tt rg 
^Ey (ii^xeL' Qtitri aQa itJtlv ixatiQa tmv ^M^ MH 
xal aevfifietQog tfj ^E fii^xet, xal ijtsl d^vfiiistQog 
i6tLv fi AF tfi FB (ii^xsL, (og di ri AF TtQog triv FB, 
ovta}g to dnb tr^g AF TtQog tb vnb tSv AFBy d6v(i- 

10 iistQov aQa xal tb dnb tijg AF tw vnb tcSv AVB. 
S6ts xal tb 6vyxsLHSvov ix t(ov dnb tciv AF^ FB 
rc5 dlg inb tAv AFB d^vfi^stQov i6tLV, tovti6tL ro 
AAt& MZ' &6ts xal fi jdM t^ MH d^vmistQog 
i6tLV, xaC sl6L ^rjtaC' ix 8vo aQa ovoiidtcDV i6tlv 

15 ^ AH, 

AsLXtiov [^iflj ^^^ ^^^ tQLtrj. 
'OfioCc9g 8ri totg nQotiQOLg inLkoyLOVfisd^aj ort iisC- 
t/cnv i6tlv fi AM trjg MH, xal 6v(ifistQog ri jdK r^ 
KM. xaC i6tL ro vnb tAv AKM C6ov t& dnb xi^g 

20 MN' fj AM aQa tijg MH fist^ov 8vvataL t^ dnb 
6v^fiitQ0v savtfj. xal ovSstiQa tAv AM^ MH ^vfi- 
fistQog i6tL tfj AE iii^xsL. 

^H AH ccQa ix Svo 6vo(idtCi}v i6tl tQCtrj' ons^ 
iSsL Sstl^ai. 



1. ix tmv] om. Fb, m. 2 B. iaztv] Iffr/PBVb, comp. P. 

2. 9ra^ax£tTat] om. y. 3. ri)» z/ E p?yri}v P. ictlvB. naC] 
om. B. JM r. 4. 9ia] nal 8id F. 6. ^iyrij — 7. ftijicstj 
mg. m. 2 V. 6. MN V. 8. x^ VB •— fi AT] aupra scr. 
m. 2 F. 9. T^ff] xmv B. AF, BA B. avfifiszQOv B, corr. 
m. 2. 10. To] corr. ex tm V. tc5] corr. ex z6 m. 2 P. 

AT, TB V. 11. FB] om. P. 12. ^ABT P. kaxi PBPV, 
comp. b. To] To5 F. 13. JA] JA P et, eras. A, b. xa/] 
om. B. 14. hxi PBV, comp. Fb. 16. 8r]] om. P. 17. 
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dentes [prop. XXXVIII]. quare etiam ^T^ + TB^ 
medium est. est autem AF^ -^- FB^ = ^dA. itaque 
etiam AA medium est. et rectae rationali AE ad- 
plicatum est. itaque MA rationalis est et rectae ^E 
longitudine incommensurabilis [prop. XXII]. eadem 
de causa etiam' MH rationalis est et rectae MA^ hoc 
est AE^ longitudine incommensurabilis. itaque utraque 
^M, MH rationalis est et rectae AE longitudine in- 
commensurabilis. et quoniam AF^ FB longitudine in- 
commensurabiles sunt, et Ar:rB = Ar^:ArxrB 
[prop. XXI lemma], etiam AF^ et ArxFB incom- 
mensurabilia sunt [prop. XI]. quare etiam AI^ -{■' ^^^ 
et 2ArxrB, boc est AA et MZ, incommensura- 
bilia sunt. quare etiam AMj MH incommensurabiles 
sunt [VI, 1; prop. XI]. et sunt rationales. ergo AH 
ex duobus nominibus est [prop. XXXVI]. 

demonstrandum, eandem tertiam esse. 

eodem igitur modo, quo antea [p. 188, 2 seq.], con- 
cludemus, esse AM> MH, et AK^ KM commensu- 
rabiles esse. et AKxKM = MN^. itaque AM^ 
excedit MH^ quadrato rectae sibi commensurabilis 
[prop. XVII]. et neutra rectarum ^M^ MH rectae 
^E longitudine commensurabilis est. 

Ergo AH ex duobus nominibus tertia est [deff. 
alt. 3]; quod erat demonstrandum. 



^j}] di V. TCQotSQOv BFb. ort] corr. ex ti m. rec. P. 19. 
JKM] z/ e corr. V, corr. ex A m. rec. P. 21. av^iiiiExqov] 
a in ras. V. 22. iativ PV. 23. onsQ ^dsi. dsL^ai] comp. P, 
om. BFVb. 



192 STOIXEIilN t'. 

Tb ano tijg nsi^ovog itaQa Qtitiiv MaQafiaX- 
kofisvov nXditog Jtoist triv ix dvo dvofidtcnv 
tstccQtriv, 

6 "Ectfo yLsl%(Siv ii AE SiTjQti^ivtl xata ro F, Sats 
fiSL^ova slvai triv AF t^g FB, ^i^r^ 8h fj ^E^ xal 
t& ccTto tijg AB taov naQa tijv jdE naQafiBfikri6^(o 
to dZ naQaXXriXoyQaiinov nXatog noiovv trjv ^H' 
kiyG)^ oti ij ^H ix dvo ovo^dtfov i6tl tstaQtri. 

10 KatsCxsvded^G} td avtd totg nQodsdsiy(iivocg. xal 
insl iisL^cov ietlv rj AB diyQrj^sirrj xatd ro P, at AF^ 
FB dxrvd^SL slclv d6vii(istQ0t notov6at ro fihv 6vy- 
xsi^svov ix tAv dn avtciv tstQaydvov ^rjtov^ tb Sl 
vn avtmv fiicov, insl ovv ^rjtov i0ti tb Cvyxsifisvov 

15 ix t(Sv dno rc5i/ AF, FB^ ^rjtbv aQa i6tl to ^A' 
Qrjtij ccQa xal rj AM xal 6viiiistQog tij AE iiijxsi. 
ndXiVy insl iiieov ictl to Slg vnb rc5i/ AF, FBj 
tovts6ti ro MZ^ xal naQa ^rjtijv i6tt tijv MA^ ^Vi^^ 
aQa i6tl xal rj MH xal d^vfiiistQog tfj AE iLrjxst' 

20 d6v^^stQog ccQa i6tl xal rj A M tfj MH fi^qxst. at 
AM, MH aQa ^rjtai sl6i Svvdfist ^ovov 6v^iistQ0t' 
ix Svo aQa ovofidtov i6tlv rj AH. 
Asixtiov [tfij], ort xal tstdQtrj. 
^O^oioig Srj Ssi%ofisv totg nQOtSQOv^ ott iisiicnv i6tlv 



1. |d' F, et sic deinceps. 6. (ri supra scr. rif V. ds 
Tig V. 7. TcaQoi — 8. JZ] mg. m. 1 F. 8. J H] corr. ex 
JE m. 1 F. 9. ri JH] corr. ex AH F. 10. naxccayisvtta^m 
V. Dein add. ydg FV. nQodsSsifievoig F, corr. m. 2; arpo- 
dedLSayfiivotg r, mg. m. 1 yQ. nQodeSsiynivoig. 12. FB 

UQOL V. elal avfmeTQoi B, corr. m. 2. [liv] supra scr. m. 
1 F. 13. d' BF V. 16. JA] corr. ex J^A m. rec. P. 16. 
JM] MJ BVb, "J'M F. 17. AFB P. 18. iati] om. 
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Lxm. 

Quadratum maioris rectae rationali adplicatum la- 
titudinem efficit rectam ex duobus nominibus quartam. 

Sit maior ^B in F diuisa, ita ut sit Ar> FB^ 
et rationalis sit ^E, et quadrato AB^ aequale rectae 
^ KM N H ^ E adplicetur parallelogrammum 

jdZ latitudinem efficiens ^H. 
dico, jdH ex duobus nominibus 
quartam esse. 

A r B comparentur eadem, quae in 

8uperioribus demonstrationibus. et quoniam AB maior 
est in r diuisa, AF, FB potentia suut incommensu- 
rabiles efficientes summam quadrafbrum rationalem, 
rectangulum autem medium [prop. XXXIX]. iam quon- 
iam -^F^ -|- FB^ rationale est, jdA rationale est. 
quare ^M rationalis est et rectae ^E longitudine 
commensurabilis [prop. XX]. rursus quoniam 2^FxF5 
medium est, hoc est MZ, et rectae rationali MjI ad- 
plicatum est, etiam MH rationalis est et rectae ^E 
longitudine incommensurabilis [prop. XXII]. itaque 
^My MH longitudine incommensurabiles sunt [prop. 
Xni]. quare ^M, Mif rationales sunt potentia tantum 
commensurabiles. ergo ^H ex duobus nominibus est 
£prop. XXXVI]. 

demonstrandum, eandem quartam esse. 

iam eodem modo, quo antea, demonstrabimus, esse 

Theon (BFVb). MA] corr. ex MJ m. rec. b, MJ BF. 

Deinde add. nagdHS^tat Theon (BFVb). 19. iatlv V. 20. 

iaxiv P. JM] M e corr. m. 1 F. Ante af del. nai F. 21. 

^9«] om. P. 23. ^j}] om. P. 24. 6ri totg TtQotSQOv ini-- 
loyiovfisd^cc, oti Theon (BFVb). 

EuclideB, edd. Heiberg et Menge. ni. \.^ 
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ri ^M T^g MH^ xal ort ro imo ^KM toov iexl tf 
ano tijs MN, ijtsl ovv a^viifietQov i^tc tb anb r^g 
AF t^ ano r^g FB^ a6v(i(istQov aQa i6tl xal tl 
J® t6 KA' Sats d6vfiii6tQog xal ri AK ty KM 

5 i6tLv. iav S% m6t Svo ev^etat avt6oiy tS dh tsrdQtf 
fiiQSL tov aTtb t^g iXd66ovog t6ov JtaQaXXriXoyQaiiiiov 
naQa triv fisi^ova TtaQapXrjd^ iXXslnov stSsi tsTQa- 
yoivfp xal sig d6vfifistQa avtrjv SiatQy, ^ (isi^av tijg 
iXd66ovog fist^ov Swiq6stai t^ djtb d6vfifidtQov iavt^ 

10 fii]xsL' rj AM aQa tijg MH iist^ov Svvatai rp djtb 
d6vfi^itQ0v iairtfj, xaC sl6iv aC AM^ MH ^r^tal Sv- 
vdfisi, (lovov 6vfiiistQ0i, xal ^ AM 6v^iistQ6g i6ti 
ty ixxsciiivy ^ijr^ trj AE. 

^H AH aQa ix Svo oi/o/LtarcDi; i6tl tstaQtri' oxsq 

15 iSsL Sst^aL, 

Tb dno tijg ^rjtbv xal ni6ov SvPafiivrig xa- 
Qa ^ritiiv TtaQafiaXXoiisvov JtXdtog JtOLSt fqv ix 
Svo ovofidtcjv nifiTttriv. 

20 ^E6t(D ^ritbv xal ^s6ov Svvafiivri ri AB SLriQrniivri 
slg tag svd^siag xatd ro P, &6ts iisi^ova slvat triv 
AFy xal ixxsi6^G) ^r^tri ri AE, xal rjS dnb tijg AB 
t6ov naQa tiiv AE naQafis^Xri^^-on tb ^Z nXdxog 
noLOvv triv ^H' Xiyco^ otL fi AH ix Svo ovofLat&v 

25 i6tl 7ti(i7ttri, 

1. tfjg] Tjf V?^ MN BV. ^ vno xmv^Y,^ JKM] sDpra 
add. K V. 3. ro] corr. ex ra? F. 4. davfifistQog] om. 
Theon (BFVb). KM dcvfifistQog iativ Theon (BFVb). 
5. maiv BF. 6. Fost taov del. naga triv fisiSova F. srap- 
aXXriXoygafifiov] om. V. 7. naga triv fte£iova] om. Fb, m. 
2 B. 8. dtaiQst F, ^tai^cr fiTjiiBt V. 10. JM] corr. ez 
JH F. 11. avfifiitQOv F. 13. JE] corr. ex JHF. 14. 
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JM>MH, et JKxKM^MN\ lam quomam 
AI^^ FB^ incommensurabilia sunt, etiam ^®, KA 
incommensnrabilia sunt. quare AK, KM incommen- 
surabiles sunt [YI; 1; prop. XI]. sin datae sunt duae 
rectae inaequales, et quartae parti quadrati minoris 
aequale parallelogrammum maiori adplicatur figura 
quadrata deficiens et eam in partes incommensurabiles 
diuidit^ maior quadrata minorem excedit quadrato 
rectae sibi incommensurabilis [prop. XVIII]. itaque 
AM^ excedit MH^ quadrato rectae sibi incommensu- 
rabilis. et AM, MH rationales sunt potentia tantum 
commensurabileS; et AM rationali propositae AE 
commensurabilis est. 

Ergo AH ex duobus nominibus quarta est [defiT. 
alt. 4]; quod erat demonstrandum. 

LXIV. 

Quadratum rectae spatio rationali et medio aequalis 
quadratae rectae rationali adpUcatum latitudinem efficit 
rectam ex duobus nominibus quintam. 

Sit AB recta spatio rationali et medio aequalis 

quadrata in T in rectas diuisa^ ita ut ^T maior sit, 

^ KM N H et ponatur AE rationalis, et qua- 

drato AB^ aequale rectae AE 

adplicetur AZ latitudinem effi- 
E & A !s; z ^j^gjjg ^jj ^jj^jQ^ ^jj Q^ duobus 

A r B nominibus quintam esse. 

onsQ ^Sei Sst^ai} comp. P, om. BFVb. 17. naH postea ins. 
m. 1 F. 20. (riti^ F, sed corr. fi AB] m. 2Y, 
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Kats^xsvded^G) %a avta tolq tcqo tovtov. inel 6w 
QTltov xal fiicov Svvafiivij i6tlv ^ AB dtjjQrjitivft 
xata TO F, at AF^ FB aga dwa(i6i Bl6lv a6vii(iBtQ0t 
jtotov6aL to ^hv ^vyxsiiisvov ix tav an avtmv tetQa- 
5 ydvcov fii6ov^ to d' vn avtciv Qtitov, iscal ovv lU- 
6ov i6tl ro 6vyxsi^svov ix t&v ano tciv AF^ FBj 
(ii6ov aQa i6tl to zlA' &6ts ^rjtii i6tiv ii AM xa\ 
^i^xsL a6vfipiStQog tfj A E, ndXtv^ insl Qtitov iftti ro 
dlg vTtb twv AFBj tovti6tL ro MZ, ^iyr^ aQu ij MH 

10 xal 6viifistQog tfj AE. a6v(i(istQog aQa ^ AM rg 
MH' at AMj MH ccQa ^ritai s16l dwdiiSL [lovov 
6vfifistQ0L' ix Svo aQa ovofidtcav i6tlv rj AH. 
Aiyci) tfij, ort xal ni(iJttrj. 
^OiioLcog yccQ SsLxd^rj^staL, ort ro V7tb tmv AKM 

15 H60V i6tl ta dnb tf^g MN, xal d6v(ifistQog ri AK ty 
KM fii^xsL' ri AM aQa trjg MH (ist^ov Svvatai t^ 
aTtb d6v^^itQ0v samfj. xaC s16lv aC AM, MH [^i^- 
tal] SvvdiisL (lovov 6vfiiistQ0Ly xal rj ikd66ov rj MB 
6v^fistQog ty jdE (it^xsl. 

20 ^H jdH aQa sx Svo ovofidtcov s6tl Ttifijttrj' onsQ 
iSsL Sst^aL. 

Tb dnb trjg Svo ^i6a Svva^svr^g naQcc ^iy- 
triv TtaQafiakXofisvov nldtog itoLst trjv hx 8vo 
25 ovoftarov sxtr^v. 

"E^tcD Svo (ii6a Svvafiivri fi AB SLriQrniivri xata 
tb r, ^ritri Sh i6tco fj AE^ xal TtaQa t^v ^E tS 

1. %tttacY.BvdaQ'ai Y. Deinde add. yaQ FY. ^r^o xovxov] 
nooTSQOVj corr. m. 2, F. 4. rsTQciyoavov F, corr. m. 2. 6. 
Se F. 7. xal to b. 8. rg] rj b. 9. AFy FB B et corr. 
in ABF V. 10. Post JE add. fii^%si m. 2 B. 11. JM] 
in ras. V. 17. avfifiiTQOVf sed corr., BFb. (ritcci] om. P, 
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comparentur eadem^ quae antea. iam quoniam 
^B recta est spatio rationali et medio aequalis qua- 
drata in F diuisa, ^F, FB potentia incommensurabiles 
sunt efficientes summam quadratorum mediam, rect- 
angulum autem rationale [prop. XL]. iam quoniam 
^r* + FB^ medium est, ^A medium est. itaque 
^M rationalis est et rectae ^E longitudine incommen- 
surabilis [prop. XXII]. rursus quoniam 2 -^r X FB, 
hoc est MZy rationale est, MH rationalis est et rectae 
^E commensurabilis [prop. XX]. itaque ^M, MH 
incommensurabiles sunt [prop. XIII]. quare ^M, MH 
rationales sunt potentia tantum commensurabiles. ergo 
^H ex duobus nominibus est [prop. XXXVI]. 

iam dico, eandem quintam esse. 

nam similiter demonstrabimus, esse JKxKM= 
MN^ et ^Ky KM longitudine incommensurabiles. itaque 
^M^ excedit MH^ quadrato rectae sibi commensura- 
bilis [prop. XVIII]. et JM, MH potentia tantum 
commensurabiles sunt, et minor MH rectae ^E lon- 
gitudine commensurabilis est. 

Ergo z/if ex duobus nominibus est quinta [defif. 
alt. 5]; quod erat demonstrandum. 

LXV. 

Quadratum rectae duobus spatiis mediis aequalis qua- 
dratae rectae rationali adplicatum latitudinem efficit 
rectam ex duobus nominibus sextam. 

Sit j4B recta duobus spatiis mediis aequalis qua- 

m. 2 P. 20. JH] JMFBh, JH in ras. V, mut. in JM 
m. 2 P. 07CBQ iSBi dei^cci] comp. P, om. BVb. 27. 6' b. 
Tijv] qrixrv xrv F. toS] corr. ex rd m. 1 F. 
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aTCo tfjg AB t6ov naQa^efikriC^m ro /IZ nkatog 
xocovv triv jdH' XdyGJ, oxi, ^ jdH ix dvo ovofMctmv 

i6tlv €Xt1], 

Kats^xsvd^d^ca yag ta avta totg TtQotSQOV, xal 
5 ijtsl ^ j4B Svo ^£6a dwafiivij i6tl dijjQtifiivri xata 
to r, at AF^ FB aQa di}vd(isi sl6lv d^vmistQOt 
7toLOv6aL ro ts 6vyxsifisvov ix tciv ajc avtciv tstQa- 
ydvcov fis6ov xal td vn avt0v fii6ov xal iti atfrfi- 
fistQOv ro sx t&v dn avtAv tstQaydvmv 6vyxsiiisvov 

10 tp V7t avt^v &6ts xata td TtQodsSstyiiiva iid6ov 
s6tlv sxdtsQov tciv AA, MZ, xal naQa ^r^triv trpf 
AE TtaQdxsLtar Qtitri aQa s6tlv sxatiQa tciv jdMj 
MH xal d6vfi^stQog ty ^E fii^sc, xal sxsl d^vfifis- 
tQov s6tt ro 6vyxsifisvov sx tciv aTtb tav AF^ FB 

15 r^ Slg VTCo tSv AF^ FBj d6vfifistQ0v aQa s6tl to 
AA tp MZ, d6v^^stQog aQu xal rj ^M tfj MH' 
at AMj MH aQa ^r^tai sl6t SvvdfLSC (lovov ^vfiiis- 
tQOC sx Svo aQa ovo^dtcov s6tlv ri AH, 
Aiyci} St^j oti xal sxtrj. 

20 ^O^oicog S^ Ttdkiv Ssi^ofisVj oti td vno rc5i/ A KM 
t6ov s6tl tp djtb trjg MN^ xal oti rj AK ty KM 
fiT^xsL s6tlv d6v(ifistQog' xal Sid td avtd Srj ri AM 
f^g MH (ist^ov Svvatac rc3 dTto d6v(i(iitQ0V iavt^ 
[i^xsu xal ovSstiQa rc3i/ AM^ MH 6vfi[istQ6g i6ti 

26 ty ixxsL(iivy ^ijr^ trj AE iirjxsL, 



1, taov] taov naQaXXriX6yQcc(tfiov Y, 4. itaTttCKSvcca&m Y, 
sed corr. 6. dvo] d corr. ex ^ F. Q, AF] VA F. 9. 
t6 avyKsifisvov ix roiv dn avxmv rszQaydvoiv 1116011 (BFVb). 

10. Too] Tof ix rav P. tix] om. b. TtQodsds^dayfiiva r, 
corr. m. 1. 12. TtagaHSLvrai P. iariv] iatl %ai BFVb. 

15. iartv P. 16. MZ] corr. ex iWF m. 1 F. 17. ^M] 
corr. ex AM m. rec. P. 19. dri] om. BV. 20. dij] ydg 
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^ ^ ^ ? drata in F diuisa, JE autem 

rationalis sit^ et rectae ^E qua- 
drato AB^ aequale adplicetur z/Z 
latitudinem e£Sciensz/£r. dico^ ^H 



E e A is: 



A r JS ex duobus nominibus sextam esse. 

comparentur enim eadem, quae antea. et quoniam 
AB recta est duobus spatiis mediis aequalis quadrata 
in r diuisa^ AF^ FB potentia incommensurabiles sunt 
efQcientes summam quadratorum mediam et rectangulum 
medium et praeterea summam quadratorum rectangulo 
incommensurabilem [prop. XLI]. quare ex iis^ quae 
antea demonstrata sunt^ dAei MZ media sunt. et 
rectae rationali dE adplicata sunt. quare utraque 
^M^ MH rationalis est et rectae ^E longitudine in- 
commensurabilis [prop. XXII]. et quoniam AI^ -{- FB^ 
et 2ArxrB incommensurabilia sunt, jJA et MZ 
incommensurabilia sunt. quare etiam z/M, MH m- 
commensurabiles sunt [VI, 1; prop. XI]. itaque jdM, 
MH rationales sunt potentia tantum commensurabiles. 
ergo ^H ex duobus nominibus est [prop. XXXVI]. 

iam dico, eandem sextam esse. 

iam rursus similiter demonstrabimus, esse dKxKM 
= MN^j et ^K^ ^M longitudine incommensurabiles 
esse. eadem igitur de causa jdM^ excedit MH^ qua- 
drato rectae sibi longitudine incommensurabilis [prop. 
XVni]. et neutra rectarum z/Af, MH rectae rationali 
propositae dE longitudine commensurabilis est. 



Theon (BFVb). ndXiv] om. V. Deinde add. toig kqo xovtov 

Theon (BFVb). ort] supra scr. F. 21. KM] MH F, corr. 

in KMH m. 2. 22. dia Tavta BV. 23. avfifihqov BF, 
sed corr. 
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^H dH aga ix dvo ovoyiatmv i6xlv ixtrj' OTtsg 

w. 

^H rfj ix dvo 6vo[idt(ov ^i^xsl 0v^^6tQog xal 
6 avv^ ix dvo ovo^dtcav i6tl xal tfj td^ei ^ 
avti^, 

"Ectao ix Svo ovo^dtiov ii AB^ xal tfj AB (iijxsi^ 
Ov^^stQog €0tG) fi r^' kayG)^ oti, ii Fd ix dvo ovo- 
^dtcDv ictl xal tfj tdl^ec ^ avf^ tfj AB, 

10 ^EtcbI yag ix dvo dvoiidtcov i6tlv fi AB^ dLyQija&a} 
elg ta ovoiiara xata ro E^ xal icto) iist^ov ovofia to 
AE' at AE^ EB aga ^ritaC el6L SvvdyieL [lovov 6v[i' 
yietQOi, yeyovetG) cog fi AB TCQog tfiv Fz/, ovt G)g fi 
AE TtQog tf]v rZ' xal kocTcfi aQa fj EB TtQog Aoltc^v 

15 tf^v Zz/ ictLv^ &g fi AB itQog tf^v FA. 6vfi(ietQog 
Sh fj AB tfj FA ^i^xeL' 6v[i^etQog aQa i6tl xal ^ ^hv 
AE tf} rZ^ fi Sh EB tfi ZA. xaC el6L ^rital aC AE, 
EB* ^rital aQa el6l xal aC FZ, ZA. xal [iTteC^ i6tLV 
G)g fi AE TtQog FZ, fj EB JtQog ZA. ivakka^ aQa 

20 i6tlv (og fi AE TtQbg EB^ fi FZ jtQog ZA. aC S\ 
AEj EB Svvd^eL iiovov [eC6l] ^vfi^etQOL' xal aC FZ, 
Z A aQa SvvdfieL fiovov eC6l 6v^^etQ0L. xaC eC6L ^rjtaC* 
ix Svo uQa ovo^dtcDv i6tlv fj FA. 

AeycD dij, otL tfj td^eL i6tlv f} avtfi tfj AB. 



1. onsQ idsi Sst^ai'] comp. P, om. BFVb. 6. iotCv P. 
Tj] m. 2 B. 7. 17 — 8. ovofidTmv'] mg. m. 2 B. 11. ovo/lux] 
om. V. 14. rZ] mut. in JBZ b. xa^] in ras. V. 16. 
ZJ] JZ ¥Y. rj'] corr. ex Ed ¥, avfifisxQog — 16. 
/Ltijxfi] m. 2 B. 16. sotC] om. b, m. 2 B. VJ.Zd] corr. 
%x dZY. at AE, EB] mg. m. 2 V. 18. slaCv B. insC] 
om. P. 19. TtQog FZ — 20. JE] mg. m. 2 B. 19. r^v TZ 
BV. rZ — TtQog] supra scr. F. r^v Z^ V. a^a] om. P. 
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Ergo jdH ex duobus nominibus sexta est [de£F. 
alt. 6]; quod erat demonstrandum. 

LXVI. 

Becta rectae ex duobus nominibus longitudine com- 
mensurabilis et ipsa ex duobus nominibus est et ordine 
eadem. 

Sit AB ex duobus nominibus, et JTz/ rectae jiB 
A 'E, B longitudine commensura- 

, , , bilis sit. dico, TA ex 

^ Z ^ duobus nominibus esse et 

ordine eandem ac AB. 

nam quoniam AB ex duobus nominibus est, in E 
in nomina diuidatur, et maius nomen sit AE, itaque 
AE^ EB rationales sunt potentia tantum commensu- 
rabiles [prop. XXXVI]. fiat [VI, 12] AB:rA = AE:rZ. 
itaque etiam EB:ZA = AB:rA [V, 16; V, 19 coroll.]. 
uerum AB^ FA longitudine commensurabiles sunt. 
itaque etiam AE^ FZ et EB, ZA longitudine com- 
mensurabiles sunt [prop. XI]. et AE^ EB rationales 
sunt. itaque etiam FZ, ZA rationales sunt. est 
autem AE:TZ = EB:ZA [V, 11]. itaque permu- 
tando [V, 16] AE:EB = TZ:ZA. uerum AE^ EB 
potentia tantum commensurabiles sunt. itaque etiam 
TZ^ ZA potentia tantum commensurabiles sunt [prop. 
XI]. et sunt rationales. ergo TA ex duobus nomi- 
nibus est [prop. XXXVI]. 

iam dico, eam ordine eandem esse ac AB. 



20. ovTooff n rZ V. 21. dcn om. P. 23. FJ] J in 
ras. V. 24. Srf] om. V. ort] ow Tiai BFV. 
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^H yuQ AE r^s EB fistiov Svvaxai fixov %A ano 
6v^^EtQ0v iavxij ^ xp ano d6v[i^ixQ0v. el ^h/ ovv 
fl AE xi]g EB ^st^ov Svvaxat xp aTcb Cv^^ixQOV 
iavxfj^ xal rj FZ xijg Zz/ fist^ov 8wi^6sxaL xp aTcb 
6 Ov^fiixQOv iamfj. xal sl filv 6viiiisxq6s i6xvv ri AE 
xfj ixxsi^ivy ^rjxfj^ xal rj FZ 6v^iisxQog avxji i6x(Uj 
xal Sia xovxo ixaxiQa xSv AB^ Fz/ ix, Svo ovofidrtov 
i6xl TCQcixri^ xovxi6xi xfj xd^si, f^ avxij. sl 81 ^ EB 
6v^lisxQ6g i6xL xy ixxsi^ivy ^ijr^, ocal fi Z^ 6v(i' 

10 fisxQog i6xiv avxfjj xal Sia roihro ndXiv xij xd^SL f^ 
avxfi i6xaL rij AB' ixaxiQa yccQ avtmv i6xav ix 8vo 
6voiidxG)v SsvxiQa, sl 81 ovSsxiQa x&v AE^ EB 6v^ 
fisxQ^g i6xi xij ixxsi^ivri ^rjxfj^ ovSsxsQa xav TZ, ZA 
6vfiiisxQog avxfj s6xai^ xaC i6xLv ixaxi^a XQLxri. at 8% 

15 17 AE xr^g EB [ist^ov SvvaxaL xp aTcb d6v(i(iitQ0V 
iavxfj^ xal fj FZ xijg Zz/ ^st^ov SvvaxaL rp djcb a^vfA- 
liixQov iavxy, xal sl ^ilv fi AE 6v^iistQ6g i6XL xy 
ixxsLiiivrj ^rjxfjy xal f^ FZ 6vfi^sxQ6g i6XLV avxy^ ocaL 
icxLv ixaxiQa xsxdQxrj. sl 8s fj EB^ xal ^ Z^, xal 

20 s6xaL ixaxiQa nifiTCxri, sl 81 ovSsxiQa xAv AEj EB, 
xal x£v rZj Z/1 ovSsxiQa 6v\iyLSXQ6g i6XL xy ixxsL' 
fiivrj ^rjxy^ xal i6xaL ixaxi^a sxxrj. 

"Sl6xs fi xij ix 8vo ovofidxcov ^nqxsL 6viifisxQog ix 



1. AE] corr. ex ^£ m. 2 F. TTjg] corr. ex t^ m. 2 F. 
2. davfifisxQOv^ corr. ex avfiiisTQov m. 2 B. si] corr. ex 
7j Y. 3. rrig] corr. ex r^ m. 2 F. davfifiSTQOv b, d- snpra 
add. m. 2 F. 4. x^ff] corr. ex rg m. 2 V. JZ V. dv' 
vrjaTjTai b. 6. davfifiSTQOv Fb. 7. FJ] postea add. F, dein 
del. Br, 8. sl] postea ins. F. 9. ^Z Fb. 10. Post 
iaTiv del. ^ m. 1 r. tovto] corr. ex tov m. 2 F. 11. ioTai] 
(alt.) iaTt b, om. V. 12. ioTi dsvTSQu V. S' F. 13. ovSi 
ovdsTSQa BF. 14. tq£t7i] Sv^V b. sl Sh rj] rj Si b. 16. 
TTJg] corr. ex xr/ m. 2 F. avfifisTQov BF, sed corr. 16. Z<J] 
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nam AE^ excedit EB^ aut quadrato rectae sibi 
commensurabilis aut incommensurabilis. iam si AE^ 
excedit EB^ quadrato rectae sibi commensurabilis, 
etiam FZ^ excedet ZJ^ quadrato rectae sibi commen- 
surabilis [prop. XIV]. et siue AE rationali propositae 
commensurabilis est, etiam JTZ ei commensurabilis 
erit [prop. XTT]; quare utraque jiB^ JTz/ ex duobus 
nominibus prima est [deflF. alt. 1], hoc est ordine 
eadem. siue EB rationali propositae commensura- 
bilis est; etiam Zz/ ei commensurabilis est [prop. XII]; 
quare rursus ordine eadem erit ac ^£; nam utraque 
earum ex duobus nominibus secunda erit [deff. alt. 2]. 
siue neutra rectarum jiE, EB rationali propositae 
commensurabilis est, neutra rectarum FZ, Zz/ ei com- 
mensurabilis est [prop. XIII], et utraque tertia est 
[deff. alt 3]. sin AE^ excedit EB^ quadrato rectae 
sibi incommensurabilis , etiam FZ^ excedit Z^ qua- 
drato rectae sibi incommensurabilis [prop. XIV]. et 
siue AE rationali propositae commensurabilis est^ 
etiam FZ ei commensurabilis est [prop. XII], et utraque 
quarta est [deff. alt. 4]. siue EB^ etiam Z ^ commen- 
surabilis est, et utraque quinta est [deff. alt. 5]. siue 
neutra rectarum AEj EB^ etiam neutra rectarum FZ, 
Zz/ rectae rationali propositae commensurabilis est, 
et utraque sexta est [deff. alt. 6]. 

Quare recta rectae ex duobus nominibus longitu- 



JZ F. dvvriCBtai. Theon (BFVb). avfifiitqov BF, sed 
corr. 17. IffTi — 18. ^ijt^] e corr. F. 19. iaTtv'^ supra 
6cr. m. 1 P, iatai FVb. 7^] (prius) m. 2 P. xal ^atav 

inatiqa nifintri] mg. m. 1 P. 
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dvo ovo^droiv i6xl xal rfj ta^av ri avtri' oxsq edei 
Sstl^ac. 

le'. 

^H rjj ix dvo [ideov iirjxsif 6v^(i6TQog xal 
5 avxii ix Svo [li^mv icxl xal xy xd^si ri avrr^. 
^Ecxm ix Svo iie6G)v fi AB^ xal xy AB 6v(iiierQog 
icXGi fii^xsL fj r^' XiytQ^ oxi ri F/l ix Svo (ii6a)v i6xl 
xal xy xd^sc f^ avxri xij AB. 

'ETtel yccQ ix Svo [ii6a)v i6xlv 17 AB, dirjQi^ad^fo 

10 sig xag iie6ag xaxd xb E* at AE^ EB aQa fii6aL elel 

Svvdiiec fiovov 6vii(iexQ0i. xal yeyovixG) mg fj AB 

jtQog FA^ fi AE JtQog FZ' xal Xotnri aQu ^ EB 

nQog Xovjcriv xriv ZA i6xiVj (hg f AB XQog FA. 

6vii(iexQog Sh fi AB xy FA (ii^xsr 6v(iiierQog &Qa 

15 xal exaxiQa xmv AE^ EB exaxiQa x&v TZ, ZA. 

lie6aL Sh at AE^ EB' [ii6aL aQa xal at FZ, Z^. xal 

iiteC i6xiv ag ^ AE TCQog EB^ fi FZ JtQbg Z^, at 

Sh AEy EB Swd^ieif [lovov 6v[i(iexQo£ el6Lv, xal at 

rZ^ Zjd [aQal Svvd^iei [idvov 6viiiietQo£ el6iv. idalx' 

20 ^rj6av Sl xal iii6ar fi FA aQa ix Svo [ii6a)v i6riv. 

AiycD S% oxL xal xy xdi,ei fi avxr^ i6xi, xfj AB. 

'Enel ydQ i6xiv cog f^ AE TtQog EB^ fi FZ XQbg 

ZAj Tcal d)g aQa xb dnb xf^g AE jtQbg xb vnb rmv 

AEB^ ovxog xb dnb xfig FZ JtQbg xb vnb XfSv FZA' 

25 ivakkd^ d>g xb aTtb xrjg AE nQog xb dnb rrjg rZj 

1. onsQ ^dsi 8st^ai\ om. BFVb. 3. inf in ras. F. 4. 
T§] m. 2 B. xal avtn] om. Theon (BFVb). 7. ^ FJ 
fji^HSi, V. 8. AB] BJ P. 9. SL^nQTHisvrj Theon (BFVb). 

10. slg] ig V. JE\ EA P. sCaiv P. 12. triv V/i V. 

triv rZ V. 13. ZJ] in ras. V, i:^Z B. trjv FJ V. 14. 
davLLfistQog 8s b, sed corr. 16. %al ri filv AE t^ TZ (ZF F), 
ri 8s EB tri ZJ (corr. ex JZ V) Theon (BFVb). 16. iiicai 
8i] %ai slai fisaai, Theon (BFVb). xal at] %a£\). 17. AE] 
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dine commensurabilis ex duobus nominibus est et 
ordine eadem; quod erat demonstrandum. 

LXVII. 

Becta rectae ex duabus mediis longitudine com- 
mensurabilis et ipsa ex duabus mediis est et ordine 
eadem. 

Sit AB ex duabus mediis, et rectae AB longitu- 
dine commensurabilis sit F^. dico, F^ ex duabus 
mediis esse et ordine eandem ac jiB. 
j £ £ ^^^ quoniam ^^8 ex duabus mediis est, 
' ' ' in E in medias diuidatur. AE. EB igitur 
r Z d mediae sunt potentia tantum commensura- 
biles. et fiat ABiF^^^^E: FZ [VI, 12]. itaque 
etiam [V, 19 coroll; V, 16] EBiZd^ABiFJ. 
uerum AB^ Fd longitudine commensurabiles sunt; 
itaque etiam utraque AE^EB utrique FZ, Zz/ com- 
mensurabilis est [prop. XI]. uerum AE^ EB mediae 
sunt. itaque etiam TZ, Zz/ mediae sunt [prop. XXIII]. 
et quoniam est AE:EB = rZ\ZJ, et AE, EB po- 
tentia tantum commensurabiles sunt, etiam JTZ, Z/l 
potentia tantum commensurabiles sunt [prop. XI]. 
demonstrauimus autem, easdem medias esse. ergo JTz/ 
ex duabus mediis est. 

iam dico, etiam ordine eam eandem esse ac AB. 

nam quoniam est AE:EB = rZ:Zdj erit etiam 
[prop. XXI lemma] AB?:AExEB = rZ^:rZxZJ. 



AB B. trjv EB V. riji; Zz^ V. 18. slal avfifisxQOi BFVb. 
19. aQo] om. P. stcl avfifistQoi BFVb. 20. JFF. iatc 
BVb, comp. F. 22. t^v EB BV. ovtcag ^ F. rZ] 
rj F. 23. t^v ZJYjZA F. 24. FZ] ZT F. rZJ] 
supra Bcr. Z m. 2 V. 26. «s] &Qa mg F. 
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ovtmg rb vito rmv AEB nghg rb vtco x&v jTZ^, 
av^^STQOv Sl ro aTtb t^g AE t^ anb t^g FZ* 6v^ 
fistQOv aga xal tb vitb t&v AEB t^ tmb t&v TTsA. 
sHte ovv ^ritov ictv tb vnb tmv AEB^ xal xb vxo 
6 t£v rZA ^ritov ictiv [Ttal Sta tovto ictiv ix Svo 
lii6ci)v 7CQ(6trji], ehe fii^ov, ^i6ov, Tcai i6tiv hcatiffa 
SevtiQa, 

Kal Sca tovto i6taL f^ F^ tfj AB ty td^ei ^ 
avti^' 07CSQ iSsc Set^at. 

10 |ij'. 

^H tfj ^SL^ovif 6vii^£tQog xal aitri ^si^mv 
i6tCv. 

"E^tm nieilmv ri AB^ xal ty AB 6v[ifL€tQog i6t(j9 
ri FA' Xiym^ otc ^ FA ^si^ov i6tiv. 

16 jdtyQi]6d^G) ri AB xata tb E' al AE^ EB aQa 
Swdiisc sl6lv d^vii^stQOL jtotov6ac tb ^ilv 6vyocsifL6vov 
ix t(5v dn* avt<3v tstQaydvav ^iyroi/, ro d' vn* avtmv 
^i6ov' xal ysyovitco td avtd totg TCQotSQOv. xal insC 
i6ttv <hg fi AB jCQbg trjv FA^ ovtcDg ^ ts AE XQcg 

20 T^W rz xal fj EB TCQog r^v Zz/, xal d}g uQa fj AE 
TCQbg trjv FZ^ ovtcog ij EB JCQbg r^i/ Z^, 6v^iiSTQog 
Sh fi AB tri FA' 6v^iistQog aQa xal sxatiQa tmv 
AEy EB sxatiQa tAv FZ, ZA. xal insi i6tcv Ag fi 
AE TCQbg tfjv rZj ovtcog f^ EB TCQbg tf^v ZA^ xal 

25 ivaXXd^ (og fi AE jCQbg EB^ ovtag ij FZ jCQbg ZAy 
xal ^vvd^ivtL aQa i6tlv (og fj AB jCQbg tf^v BEj ovtag 

1. rZJ] J in ras. m. 1 b; rdZ P, yg. TZd mg. m. 1. 

2. dfi'] corr. ex aqa m. 2 F. rd — 3. aQa] mg. m. 2 F. 4. 

kaxiv B. 6. ^atai BFb. %ai — 6. «poorij] om. P. 6. ^miv] 

comp. post ras. 1 litt. F, ^ctai Y. 6. EhB fiiaov xd vno zAv 

AEB^ fisaov xal rd vno tmv FZd Theon (BFVb). 8. iatai\ 
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permutando [V, 16] miAB?:rZ^=AExEB:rZxZJ. 
uerum AE^^ FZ^ commensurabilia sunt itaque etiam 
AEX EB^ rz X Zz/ commensurabilia sunt [prop. 
XI]. itaque siue AE X EB rationale est^ etiam 
rZxZ^ rationale est; siue medium, medium est 
[prop. XXTTT coroU.], et utraque secunda est [prop. 

xxxvn— xxxvm]. 

Ea de causa F^ ordine eadem erit ac AB] quod 
erat demonstrandum. 

Lxvni. 

Becta maiori commensurabilis et ipsa maior erit. 
Sit AB maior^ et rectae AB commensurabilis sit 
Pz/. dico, FA maiorem esse. 

diuidatur AB in E. itaque AE^ EB potentia in- 
commensurabiles sunt efficientes summam quadratorum 
rationalem; rectangulum autem medium [prop. XXXIX], 
et fiant eadem, quae antea. et quoniam est 
AB:rA = AE:rZ et AB:rA = EB:ZA 
. z [cfr. p. 204, 1 1 sq.], erit etiam AE: rZ=EB: ZA 
[V, 11]. uerum AB^ FA commensurabiles 
sunt. quare etiam utraque AE^ EB utrique 
rZ, ZA commensurabilis est [prop. XI]. et 

om. Vb. xal 17 BFVb. FJ] AJ b. 9. onsg ^Ssi dst^ai] 
comp. P, om. BFVb. 10. |?j'] | seq. ras. 1 litt. F. 11. 
fisitovi] eras. b. 14. oti %ai BFb. TJ] J post ras. 1 
litt. b. htC PV, comp. Fb; ^Gt\ %al B. 16. AE] corr. ex 
AB^ F. ^ EB] m. rec. P. ^ aqa] m. 2 F. 17. 8*] ds F. 

vn' avTcoi'] corr. ex vno t&v m. 1 P. 18. xal ysyovstoi] 
ysyovstto ydg P. 19. ts] om. F. 20. EB] BE' F. r^rj 
om. P. xal mg aqa] ^ctiv apa xal mg in ras. V. ri AE — 21. 
Zd] in ras. V. 21. TZ] EB V. EB] FZ V. triv] om. 
Bb. 22. AB] corr. ex EJB m. 2 F. 24. triv] (alt.) om. P. 

26. triv EB Y. tr^v ZJ V. 



A- -r 
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il V^ TtQog tr^v ^Z* xal mg aga xo ano T^g AB 
TCQog xb ajto xijg BE, ovxcag xo dno xrjg V^ xgdg xo 
oTcb xi]g z/Z. o^oiag 8ii Ssl^oiiev, oTt xal ag xb aab 
xijg AB TCQog xo aitb xrig AE^ ovxG^g xb anb xijg FJ 
5 ^Qbg xb anb x^g FZ. xal mg aga xb anb x^g AB 
TtQog xa aTtb xfSv AE^ EB, oika^g xb aitb xijg TA 
nQog xa anb xc5v FZ, ZA' xal ivaXXa^ aga i6xlv 
(og xb aTto xijg AB ngbg xb anb xiig TA^ ovxmg xa 
anb x&v AE^ EB ngbg xa aitb x&v FZj Z^. ^vyir- 

10 fistQOv Sh xb anb xijg AB x^ dnb xijg FA' 6v(ifiexQa 
aga Tcal xa ditb xmv AE^ EB xolg dnb xAv FZ^ ZA. 
Tcai i6xv xa djtb xciv AE^ EB afia ^rjxov^ xal xa dnb 
xAv rZj ZA a\ia ^y\x6v icxiv. bfioioog S} xal ro Sig 
vno xc5v AE^ EB 6vii^€Xq6v i6xi rc5 Slg vnb xmv 

16 rZ^ Zz/. xaC i6xt [ii6ov xb Slg vnb xmv AEy EB* 
^i6ov aQa xal xb Slg vnb xmv TZ, ZA. at TZ, ZA 
aQa SwdiisL d^v^fisxQoi el6L noiov6aL xb ^\v ^vyxet- 
(levov ix xmv dn^ avxmv xexQaydvayi/ aiuc ^rixov, xb 
Sh Slg vn avxmv iii6ov* oXi^ aga r] FA akoy6g i6xiv 

20 ^ xakovfiivrj [lei^cov. 

^H aQa xij fiei^ovt 6vfi^etQog [lei^mv i6xiv' onsQ 
iSeL Set^at. 

!tf xij Qrjxbv xal iii6ov Svva^ivy 6v(ifLexQog 
25 [xal avxrj] ^r^xbv xal (ii6ov Svva^iivrj i6xiv. 



1. xriv z/Z] dB mut. in /iZ m. rec. P; triv Z/i FV. 3. 
dT^Z/i "S, 4. t6 aiio Tf\q Td nqo^ m. rec. P. 6. toI (alt.) 
e corr. V. 6. xa\ t6 Fb, et B, corr. m. 2. 7. za\ xo PFb, 
et B, sed corr. TZ] Td F. 8. za\ x6 F, et B, sed corr. 
9. %a\ x6 F, et B, eed corr. TZ\ £Z b, et F, sed. corr.; 
r in ras. B. 11. AE] A e corr. b. TZ] EZ b, et F, sed 
corr. 12. td] xo F. xu\ x6 PF. 18. iaxai V. 16. xa^ 
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quoniam est AE: FZ = EB : Z ^ et permutando [V, 16] 
AEiEB — rZ\ZJy etiam componendo erit [V, 18] 
AB:BE=r^:^Z. quare etia,mAB^:BE^=r^:JZ^ 
[VI, 20]. iam similiter demonstrabimus, esse etiam 

AB^ : AE^ = r^2 . j-22. 
quare etiam AB^ : AE^ + EB^ = FJ^ : TZ^ + ZJ^. 
permutando igitur [V, 16] 

AB^ : r^ = AE^ + EB^ : TZ^ + ZA^. 
uerum AB^^ TA^ commensurabilia sunt. itaque etiam 
AE^ + EB^ et TZ^ + ZA^ commensurabilia sunt 
[prop. XI]. et AE^ + EB^ rationale est, et^) TZ^ 
+ Z^^ rationale. eodem modo etiam2^^XjK^ 
et 2 TZxZA commensurabilia sunt. et 2 AExEB 
medium est. itaque etiam 2 TZx ZA medium est 
[prop. XXIII coroU.]. itaque FZ, ZA potentia incom- 
mensurabiles sunt [prop.XIII; cfr. p. 206, 15 et 22] effi- 
cientes summam quadratorum rationalem, rectangulum 
autem medium. itaque tota TA irrationalis est maior, 
quae uocatur [prop. XXXIX]. 

Ergo recta maiori commensurabilis maior est; quod 
erat demonstrandum. 

LXIX. 

Becta rectae spatio rationali et medio aequali qua- 
dratae commensurabilis ipsa spatio rationali et medio 
quadrata aequalis est. 



1) Post ZJ lin. 13 Angustus non male addidit agu, 

ioti fisaov] fiicov di V. 16. FZ] supra add. E b. TZ] 

r in ras. m. 2 P, supra scr. E b. 17. slclv davfifisxQOi BFVb. 

slaiv P. 19. 7j oXt] Vb. 21. onsq ^Ssv dsi^cci] comp. P, 

om. BPVb. 24. ^ijrov] -ov in ras. B. 26. xal avtri] om. P. 

Eaclides, edd. Heiberg et Menge. m. W 
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"EiSXGi ^riTov xal ^s6ov SwaiidvTj ^ AB^ xal zfi 
AB 0viiiistQog s6tG) 71 r^' dsiTcxioVy oxi xal 17 FJ 
^ritbv Koi iLsCov Swaiisvri ictCv. 

^irjQtlod-G) ri AB slg tag sv^sCag xara ro E' al 
b AEj EB aQa SvvdiiSL slclv aCv^^sxQOi, 7Cot,ov6ac ro 
[ilv avyxsiiisvov ix tSv a% avt&v tstQay 'vonv [ie60Vj 
to d' V7t avt&v ^rov xal ta avxa 7tats6KSvd6%(o 
tolg TtQOtSQOV, byioCog Srj SsCl^ofisv^ or^ xal aC FZj 
Z^ SvvdfiSL sl6lv d6viiiistQ0L^ xal 6viiiistQov rd (ikv 

10 6vyKsCiisvov ix t£v ditb tAv AE^ EB tp 6vyx€L(iiv^ 
ix tAv dnb ttSv FZ^ Zz/, ro Sh imb AE, EB v^ imb 
rZj ZA' &6ts xal tb [^lv] 6vyxsCiisvov ix tmv dnb 
tAv rZ^ ZA tstQaydvmv i6tl iii60Vy ro d' vTcd tmv 
rZj ZA Qrjtov, 

16 ^Prjtbv aQa xal iii6ov Svvaiiivri i6tlv ij F^' ojcsq 

iSst Sst^ai, 

. 

^H tfj Svo ^i6a Svva^ivy 6viiiistQ0§ Svo 
^i6a Svva[iivri i6tCv. 
20 "E6tGi Svo (ii6a Svva^ivrj fi AB^ xal tjj AB 
6v(i[istQog fi FA' Ssixtiovj on xal ij FA Svo (ii6a 
Svva^ivri i6tlv. 

'EtvsI yaQ Svo (ii6a Svvafiivri i6tlv fi AB^ dcy- 

Qi^^d^o) sig tdg svd^sCag xatd ro E' al AE^ EB aQa 

25 SvvdfiSL si6lv d6viifistQoc noLOv6av to ts 6vyxsCiisvov 

1. xal T§ AB] supra scr. m. 1 F. 2. dsi%tiov] Xiym V. 
3. iatC B, comp. Fb. 7. di F. Hataa^nsvda&m b. 8. 
aC] 71 V. 11. 8' P. t&v AE V. 12. tmv FZ (corr. ex 
rH) V. iiiv] om. P. 13. tBtqdyoivov P. 8i F. 16. 
oTtBQ ^dsi Sst^ai] comp. P, om. BFVb. 17. o'] seq. raa. 1 
litt. F. 18. xal avTJ7 8vo V. ^ 21. 7}] htm rj V. SBinviov] 
Xiyai V. 8ri oti B. 24. Tiatd to E slg tdg sv&sCag V. sv' 
e'fiag] m. 2 B. 
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Sit AB spatio rationali et medio aequalis quadrata, 
et rectae jdB commeiisurabilis sit Fz/. demonstrandum, 
etiam Fz/ spatio rationali et medio aequalem esse 
quadratam. 

-A -r diuidatur j4B in rectas in E; itaque j4E, 

EB potentia incommensurabiles sunt effi- 

i^ cientes summam quadratorum mediam, rect- 
..jg angulum autem rationale [prop. XL]; et com- 

"^ parentur eadem, quae antea. iam similiter 
-5 demonstrabimus, FZ, Zz/ potentia incommen- 

surabiles esse et jiE^ -\- EB^, TZ^ -^- Z/fi commen- 
surabilia et AExEB^ TZxZJ commensurabilia. 
quare etiam TZ^ + Z^^ medium est, TZxZ^d autem 
rationale. 

Ergo T/t spatio rationali et medio aequalis est 
quadrata; quod erat demonstrandum. 

LXX. 

Recta rectae duobus spatiis mediis aequali quadratae 
commensurabilis ipsa duobus spatiis mediis quadrata 
est aequalis. 

Sit AB duobus spatiis mediis aequalis quadrata, 
et rectae AB commensurabilis JTz/. demonstrandum, 
etiam Fz/ duobus spatiis mediis aequalem esse qua- 
dratam. 

-A -r ^am quoniam AB duobus spatiis mediis 

aequalis est quadrata, in E in rectas diuidatur. 
„ itaque AE, EB potentia incommensurabiles 
-'£ sunt efQcientes summam quadratorum mediam 

^ et rectangulum medium et praeterea AE^ + EB^, 
'^ AExEB incommensurabilia [prop. XLI]^ 
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ix r£v £l% avtmv [tstQaydvtov'] [id0ov Tcal to im^ 
avtAv [IS60V xal ht a6v[i^stQ0v tb CvyTuifisvov &c 
t(ov ajco rc5v AE^ EB tstgaydviov rjS vTcb rav AE^ 
EB' Tcal Hats6Ksva0%(o ta avta totg TtQOtSQOv. biioiiog 

6 drj Ssil^o^sVy oti xal at FZ^ Zz/ SvvdfiSL sl6lv a^vyir- 
[istQOL xal 6vfifiSTQ0v To fisv ^vyxsifisvov ix zmv ani 
tmv AE^ EB rc3 6vyxsLiisvc) ix t(ov aTtb tmv TZ, 
Z^, ro S% vTcb t(ov AE^ EB rc5 vnb t(ov TZ, ZJ' 
&6ts xal tb 6vyxs(^svov ix tciv anb t&v PZy ZA 

10 tstQaydvmv \Li6ov i6t\ xal tb vnb tmv TZ, ZA fii^ov 

xal itL a6vfifistQ0v ro 6vyxsLfisvov ix tmv anb rmv 

rZ^ Z/l tstQaydvcjv tS vnb t&v FZ, Zz/. 

^H aQa JTz/ Svo [ii6a Svva^ivri i6tLV' onsQ iSsc 

Sst^aL. 
16 0«'. 

^Pritov xal iii6ov ^vvtLd^s^ivov ti66aQsq 
aXoyoL yCyvovtaL ftOL ix Svo ivo^dtcov ^ ix 
Svo ^i6cDv nQcitTi ^ [isi^cjv ^ ^i^tbv xal ^i6ov 
SvvayiivYi. 

20 "E6t(o QYitbv iihv tb AB^ ^i6ov S\ ro FA' kiyco^ 
otL fi tb AA %coQiov Svvafiivri f^tOL ix Svo ovoiidtcav 
i6tlv rj ix Svo iii6C3V TtQcitr} rj fisi^cov rj ^i^tbv xal 
lii6ov Swafiivri, 

Tb yccQ AB tov FA ijtoL ^st^ov i6tLV r] ika66ov, 

25 i6toii TtQotSQOv iist^ov xal ixxsi6^co Qrjtri fj EZ^ xal 
naQa^s^kiq6%^(o naQcc tr^v EZ tS AB t6ov rb EH 
nkdroQ noLovv rrjv E0' rc5 Sl AF t6ov naQcc r^v EZ 

1. tBTqaYoavfov'] om. P. vn'] mut. in an* m.2 F, dn b. 3. 
AE] (prius) corr. ex ABm.2F. 6. TZ] in ras. m. 1 P. 8. 
t6 d^^j c3<rr6 xal ro P. 9. PJ, JZF. 12. tw] to V. 13. Fd 
uQa B. rJl J postea ins. Y. Znsi^ l'^fit dst^aL] comp. P, om. 
BFVb. 15. op', p eras. F. 17. yiyvovTai] ylvovtai BFVb et, 
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et comparentur eadem, quae antea. iam similiter de- 
monstrabimuS; rz^ Zz/ potentia incommensurabiles 
esse, et ^E^ + EB^^ FZ^ + Z^^ commensurabilia, 
et AEX EB^ FZxZjd commensurabilia. quare 
etiam FZ^ + Z^^ medium est et FZ XZA medium 
et praeterea FT} + Z^^, TZ XZ^ incommensu- 
rabilia. 

Ergo r^ duobus spatiis mediis aequalis est qua- 
drata; quod erat demonstrandum. 

LXXI. 

Spatiis rationali et medio compositis quattuor ir- 
rationales oriuntur, aut recta ex duobus nominibus 
aut ex duabus mediis prima aut maior aut spatio ra- 
tionali et medio aequalis quadrata. 



E 



& K 













2 


l H I 


J 


B ^ 





Sit AB rationale, F^ 
autem medium. dico, rectam 
spatio A^ aequalem qua- 
dratam aut ex duobus nomi- 
nibus esse aut ex duabus 
mediis primam aut maiorem 
aut spatio rationali et medio 
aequalem quadratam. 

est enim aut AB > F^ aut AB < F^, sit prius 
AB > Fz/. et ponatur rationalis EZ^ et rectae EZ 
spatio AB aequale adplicetur EH latitudinem efficiens 
E&; spatio autem ^Faequale rectae EZ adplicetur ®I 
latitudinem efficiens @K. et quoniam AB rationale est 

snpra add. y m. 1, P. ^toi] corr. in rj xs m. rec. P, corr. ex 6 
T^ V, ex i5 F; § T6 B. 21. 7}] m. 2 F. AJ] A e corr. V. 
^Tot] y[ V. 27. Tc5] corr. ex to m. 1 F. Post EZ add. 
Theon: xovtiau xriv ©H (BFVb). 
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TCaQa^B^Xria^ci) ro SI TcXdtog jcoiovv xiiv &K. xal 
iTtel ^rixov ioxu xb AB xaC i6xiv t6ov xS EH, ^rixbv 
aga xal x6 EH. xal TcaQa [^i^r^v] xriv EZ JtaQafii- 
pXrjxai, Tckdxog tcovovv xrjv E®' rj E® aga Qr^x^q i6ti 
5 xal Cv^iisxQog xfj EZ iirixei, jcaXiv^ insl fi60ov i6tl 
x6 JTz/ xa£ iCxLv t0ov rc5 ® J, ^ioov apa i6tl xaX 
x6 ©L xal TCaQa Qrjxrjv tr^v EZ TcaQaxsitac TcXatog 
7C0L0VV tr^v @K' $rjtri aQa ictlv r^ &K xal aCv^fistQog 
trj EZ iLT^XBi, xal ijcsl ^icov idtl ro F^^ ^rjtov dl 

10 ro ABj aCvii^stQOv aQa ictl ro AB rc3 F^* &6ts 
xal to EH dcv^^stQOv icti rc5 &I. cog dh to EH 
TCQbg ro &1^ ovtcog ictlv ^ E& TCQog trjv &K* ci6vii- 
fistQog aQa ictl xal r] E& tjj &K itrixsi,. xaC si6i,v 
d^g)6tSQai QrjtaC' aC E&, &K aQa ^rjtai slcv Swdfisv 

15 iiovov Cv^^stQOi' ix 8vo aQa ovofidtcav ictlv ^ EK 
dvrjQri^svri xatd rc &. xal ijcsl ^st^ov icti tb AB 
rov rA^ lCov dh ro ^sv AB rc5 EH^ tb Sh F^ r«5 
&I^ ^sttov aQa xal tb EH rov &I' xal ^ E& aQU 
^si^cDV ictl trjg &K, ijtOL ovv rj E& trig &K fiet^ov 

20 Svvatai tp dic6 Cv^iistQov savty ^rjxsv rj t^ dno 

dCVIl^StQOV. dvvdcd^O) TCQOtSQOV rc5 djCO CVflfl^tQOV 

savtfj' xaC ictiv ri ^sC^aiv ^ &E Cvfi^stQog tfj ixxsi^' 
^svy ^fitfj tfj EZ' ri aQa EK ix Svo ovo^atmv ictX 

1. 01] mut. in Jf F, I eras. V. 3. xa^] {priua) m. 2 F. 

^rizriv] om. P. 4. E0] (prius) 0E F. grizri &Qa iatlv i} 
E0 Theon (BFVb). iariv F. 6. 01] I in ras. F. 7. 
01] I in ras. F. Post nuQdTisiTai add. Theon: tovriati 
{-tv V) T^v @H (BFVb). 8. a^a] corr. ex ^arou F. 9. 
EZ] Z postea ins. m. 1 V. FJ] eras. V. 11. EH] ZH 
e corr. V. 01] corr. ex 0r P, I in ras. F. 12. 91} I 
in ras. F. 13. iativ B. 15. EK] corr. ex £0 m. rec. b. 

16. Post ras. 1 litt. B. fisCSatv V, sed corr. 18. 91] 
I e corr. F. %aC] m. 2 F. 01] I in ras. F. 20. iavtn ftifice»] 
om. V. 21. davfifjLizQOv] avfifjLitQO) F, corr. m. 2; av(i(istQOv B^ 
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et AB = EHj etiam EH rationale est. et rectae EZ 
adplicatum est latitudinem efficiens E®. itaque E® 
rationalis est et rectae EZ longitudine commensurabilis 
[prop.XX]. rursus quoniamFz/ mediumestetFz/=®J, 
etiam &I medium est. et rectae rationali EZ adpli- 
catum est latitudinem efficiens ®K. itaque @K ra- 
tionalis est et rectae EZ longitudine incommensurabilis 
[prop. XXIi]. et quoniam F^ medium est; AB autem 
rationale, AB et F^ incommensurabilia sunt. quare 
etiam EH^ ®I incommensurabilia sunt. uerum 
EH:®I = E®:0K [VI, 1]. quare etiam ES^ @K 
longitudine incommensurabiles sunt [prop. XI]. et 
utraque rationalis est. itaque E@^ ®K rationales sunt 
potentia tantum commensurabiles. ergo EK ex duobus 
nominibus est in & diuisa [prop. XXXVI]. et quoniam 
AB > FA et AB = EH, F^ = ®I, erit etiam EH> 01. 
itaque etiam E® > SK [V, 14]. iam E6^ excedit 
0K^ quadrato rectae aut sibi commensurabilis aut 
incommensurabilis. prius excedat quadrato rectae sibi 
commensurabilis; et maior ®E rationali propositae 
EZ commensurabilis est. ergo EK ex duobus no- 
minibus est prima [deff. alt. 1]. EZ autem rationalis 
est. sin spatium recta rationali et recta ex duobus 
nominibus prima comprehenditur, recta spatio aequalis 
quadrata ex duobus nominibus est [prop. LIV]. itaque 
recta spatio EI aequalis quadrata ex duobus nominibus 
est; quare etiam recta spatio AA aequalis quadrata 
ex duobus nominibus est. iam uero E®^ excedat ®K^ 
quadrato rectae sibi incommensurabilis; et maior E@ 

corr. m. 2. 22. iattv ff] iaxi B. E® ¥. 23. 7]] m. 2 P. 
Ix] supra Bcr. b. 
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TtQciti]. ^fjtfi dh 71 EZ' iccv dh %(oqCov nBQii%ritai vxo 
Qfittjg xal tfjg ix 8vo ovofidtcDV TtQtotrig^ ii to %CDQiov 
Swainivri ix Svo ovofidtov iiStCv. ^ aQa to EI Swa- 
liivTi iic Svo ovofidtov i0tCv' &6tB xal ii to A^ 
5 Swaiiivrj ix Svo ovo^dtov i0tCv, «AAa Srj Swd^d-c} 
^ E® t^g SK ^Bt^ov ta «jro devii^itQov iavtfj' xaC 
i6tLv fj iibC^ov fi ES 0v^fiBtQog tij ixxsLiiivy ^ritij 
ty EZ ^iYixBL' ii aQa EK ix Svo ovofidtcov iotl ts- 
taQtri. ^r^tri Sh ij EZ' idv Sh %coqCov %BQii%ritai vnb 

10 ^ritrig xal trig ix Svo ovofidtcDv tBtdQtr^g^ ij ro %g)qCov 
Swainivri akoyog i6tiv ij xakov^ivrj liBC^ov. ii aQa to 
EI %g}qCov Svvaiiivrj (ibC^csv i6tCv' &0tB xal ii to A^ 
Swa^ivrj iibC^cov iotCv, 

'AXXd Srj i0tG) ika60ov tb AB tov FA' xal tb 

16 EH ccQa iXa6(s6v i(StL tov 01' &6tB xal ^ E0 iXdaaav 
i0tl trjg ®K. ijtOL Si ij 0K trjg E® [iBt^ov Svvatav 
t^ djtb 6vii^itQ0v Bavtfj rj t& aTcb d^v^^itQOV. Sv- 
vd^d^co TtQotSQOV tp dTcb 0viiiiBtQov savtfj [iiqxBL* xaC 
i6tLv ii ikd66(ov ii E@ 6viifiBtQog ty ixxsLfiivy ^i^rg 

20 ty EZ ^rjxBL' ij aQa EK ix Svo ovoiidtcov ictl Ssv- 
tiQa. ^i^trj Sh ij EZ' idv Sh %g)qCov TtSQLi^r^taL imo 
^rjtrjg xal trjg ix Svo ovo ^dtcov SsvtiQag^ i^ tb %cdqCov 
Swafiivi^ ix Svo iii^ov ictl TCQcitrj. ij aQa tb EI 
%cdqCov Swa^ivrj ix Svo ^i6c3v i6tl TCQcitri' &6ts xaV 

26 ^ tb AA Swaiiivrj ix Svo fii6G)v i6tl nQ&tri. dkkd 

2. (riTmv V. 3. ix] fj Ix F. iatC P. 17 «(?«] corr. 
ex nocQa m. 2 P. EI] I in ras. F. 6. Svvaiisvri] corr. ex 
dSvvafisvri V. 6. Ante ^ ras. 3 litt. F. GX] corr. ex OZ 
m. 2 F. fisCitov b. avfifiit(fov B, sed corr. 7. iativ"] 
iaxLy supra scr. (o, B; ^aTot P. ij] (prius) om. B. 11. ftEiiov 
V, sed corr. 12. EI] I in ras. F. 15. 01] QK b et corr. 
ex r F. E apa b. iXaaaov b. 17. avfifiSTQOv — dno] mg. 
1 P. avfifiitQov] davfjLfjLstQov Y, sed a eras. davfifiitQov] 
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rationali propositae EZ longitudine commensurabilis 
est. itaque EK ex duobus nominibus est quarta [deflf. 
alt. 4]. EZ autem rationalis est. sin spatium recta 
rationali et recta ex duobus nominibus quarta com- 
prehenditur; recta spatio aequalis quadrata irrationalis 
est maior, quae uocatur [prop. LVII]. itaque recta 
spatio EI aequalis quadrata maior est. ergo etiam 
recta spatio Ad aequalis quadrata maior est. 

iam uero sit AB<,rd. quare etiam EH<®L 
itaqueetiam E®<SK [VI, 1; V, 14]. uerum ®K^ 
excedit E& quadrato rectae aut sibi commensurabilis 
aut incommensurabilis. prius excedat quadrato rectae 
sibi longitudine commensurabilis. et minor ES ra- 
tionali propositae EZ longitudine commensurabilis est. 
itaque EK ex duobus nominibus est secunda [deflf. 
alt. 2]. EZ autem rationalis est. sin spatium recta 
rationali et recta ex duobus nominibus secunda com- 
prehenditur, recta spatio aequalis quadrata ex duabus 

mediis est prima [prop. LV]. 
itaque recta spatio EI aequalis 
quadrata ex duabus mediis est 
prima. ergo etiam recta spatio 
Z A^ aequalis quadrata ex duabus 
^ mediis prima est. iam uero &K^ 
^ excedat &E^ quadrato rectae 
sibi incommensurabilis; et minor E0 rationali pro- 
positae EZ commensurabilis est. itaque EK ex duobus 
nominibus est quinta [deflf. alt. 5]. EZ autem ratio- 
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avfi(istQOv BV, sed corr. 19. ij] (prius) m. 2 F, om. B. 
ds] (alt.) m. 2 F. nsQiixBtai P. 28. EJ] I in ras. F. 
XtoQiov] om. V. 26. AJ x^Q^^v BFb. 
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8ri riBK tijg SE (ist^ov dwde^m t& ino oifviifUtQw 
iavtfj, xal i6tcv ^ ild66mv ^ ES 6vfLiutQos t^ ix- 
xsifiivy Qflty ty EZ* fj aga EK hc 8vo ovoiutttov 
i6tl niiLMri. ^r^ S% ri EZ' idv dh xonQiov X8QU%rj[tah 

6 vnb (ritijg xal tijg ix dvo vvofidtov Tciiimi^gj 17 rc 
%(oqIov dwa^ivrj Qr^tov xal {Ucov SwayJvri i6tCv. 
fj aga to EI %aQ(ov Swaiiivri Qtitov xal ^6ov dv- 
va^ivri i6tiv' m6te xal ri tb A/d %(OQiov dwapiivri 
Qr^tbv xal ^i6ov dwa^ivri i6tiv. 

10 ^Pritov aQa xal fii6ov 6vvti^e^ivov ti66aQeg akoyoi 
yiyvovtai ^tOL ix dvo 6voiidta)v ^ ix 8vo [li^&v XQcitri 
7} ^ei^ov ri ^r^tbv xal fii^ov Svva^ivri ' oneQ iSec Set^ai.. 

0/3'. 

z/vo ^i6(ov d6v^^itQ(ov dlli^koig ^vvtid^e- 

15 fiivcDv al XoiTtal Svo akoyoi yiyvovtav ^tov ix 

Svo ^i6(ov SevtiQa ^ [^] Svo ^e6a Svvaiievri. 

Uvyxei^d^co yaQ Svo iie6a d6v(ifietQa dkkriXoig td 

AB^ FA* Xey(o^ otL fi tb AA %(OQiov Swafievri rjtoi 

ix Svo ^e^cDv i6tl SevteQa ri Svo ^e6a Swa^evi^. 

20 Tb yaQ AB tov F^ i^toi iiet^ov i6tiv ^ ika66ov, 

i6tco^ el tv%ov^ jCQ^teQOv [let^ov tb AB tov F^' xal 

1. ®E] Bupra Bcr. rj h, QH e corr. F, E0 V (E in ras.). 

aviti^izQOv F, et B, sed corr. m. 2. 2. ^l (prias) om. 6. 4. 

Ifft^lpoBtea inB. F, iariv P. 7. dvvanivrj — 8. ycop/ov] in 

rae. F. 9. (rjrov — Svvafiivrj'] mg. m. 2 B. lati Pjb. 

10. dvdXoyoi P, sed corr. m. rec. 11. yivovToci FVb, ^rot 

^ V. 12. fl ^ijTov] m. 2 V. oiCBd Ubv dBtiai'] comp. P, 

om. BFVb. 13. oy\ sed corr. m. 2, F. 14. aviifiitifaiv, 

corr. m. 2, F. avvtsd^ivtoiv Theon (BFVb); avvti^sttivoiv 

lupra icr. m. 2 B. 15. Post 9vo ras. 2 litt. V. yivovtai 

Fb, et lupra scr. y, V. Ih] ri iyi V. 16. ^] deleo. 17. 

Cvynsia4^^ FV. td] to b. 18. AJ] corr. ex FJ m. 2 F. 

L 19. ^] ^ ij P. 21. st tvxoi] om. Theon (BFVb). 
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ualis est. sin spatium recta rationali et recta ex 
duobus nominibus quinta comprehenditur, recta spatio 
aequalis quadrata recta spatio rationali et medio ae- 
qualis quadrata est [prop. LVIII]. itaque recta spatio 
EI aequalis quadrata recta spatio rationali et medio 
aequalis quadrata est. quare etiam recta spatio A^ 
aequalis quadrata recta spatio rationali et medio ae- 
qualis quadrata est. 

Ergo spatiis rationali et medio compositis quattuor 
irrationales oriuntur^ aut recta ex duobus nominibus 
autex duabus mediis prima aut maior aut spatio ra- 
tionali et medio aequalis quad^ata; quod erat demon- 
strandum. 

Lxxn. 

Duobus mediis sibi incommensurabilibus compositis 
reliquae duae irrationales oriuntur; aut recta ex duabus 
mediis secunda aut duobus spatiis mediis aequalis 
quadrata. 

Componantur enim duo media sibi incommensurabilia 
AB, Fz/. dico, rectam spatio ^^ aequalem quadratam 
aut ex duabus mediis secundam esse aut duobus spatiis 
mediis aequalem quadratam. 

nam aut AB > F^ aut AB < F^. sit uerbi gratia 

prius AB> r^, et ponatur recta rationalis EZ^ et 

j jT spatio AB aequale rectae EZ 

adplicetur EH latitudinem effi- 

ciens E0, spatio autem F^ ae- 

B J quale ®I latitudinem efficiens 

Z &K. et quoniam utrumque AB, 

H r^ medium est, etiam utrumque 

I EH^ ®I medium est. et rectae 
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ixxsiCd^cs QrjT^ rj EZ^ xal rc3 ^lv AB t6ov naQcc r^v 
EZ TtaQaPepXrjed^G) to EH TtXdrog noiovv trjy ES^ 
rp 8h r^ tiSov tb ®I TcXdtog novovv triv ®K. xal 
inal ILB60V idtlv ixdtBQOv xmv AB^ -T^, ii€0ov aQcc 
5 xal ixdtBQOv tmv EH^ SI. xal naQcc Qritriv tijv ZE 
^aQdxBitaL Ttldtog Ttoiovv tdg E0^ SK' sxatBQa aQa t(5v 
jB©5 ®K ^i^rij i0tL xal dov^iiBtQog tij EZ ^t^xbl. xal insl 
dcv^^BtQov i0tL ro AB rc5 FA^ xaC i6tLv tdov to 
fihv AB t& EHj to 8\ F^ t& ®I^ devfi^BtQOv aQa 

10 i6tl xal ro EH rc5 SI, mg dh to EH TtQog to @Ij 
ovtCDg i6tlv rj E@ nQog ®K' d^v^i^BtQog aQa ietlv r^ 
E& tij &K iiL7]XBL. at B€>j ®K ccQa ^r^taC BlCt 8wd(iBt 
ftovov 0viiiiBtQOL' ix 8vo aQa ovoftarov ictlv ^ EK, 
iqtOL 8% fi E® trjg SK ^Bt^ov 8vvataL t^ dito Ovfi- 

15 ^itQOv iavtfj rj rp dno dtfvii^itQov. ^wdcQ^co srpd- 
tBQOV tS dnb 6viiiiitQov iavtfj iii^xbl' xal ov^Btiga 
tmv E®j 0K Ov^^BtQog i6tL tfj ixxBi^ivi] ^rjv^ tf} 
EZ (iT^xBL* fj EK aQa ix 8vo ovo^idtcsv i0tl tQCtrj. 
^rjtri 8h fi EZ* idv 81 %iOQCov TtBQLixrjtaL mcb ^r^trjg 

20 xal trjg ix 8vo ovo^idtcov tQCtrjg^ ^ ro %g)qCov 8wa- 
(livri ix 8vo (iBiScov i6tl 8BvtiQa' fj aQa tb EI, rovr- 
d0tL ro AA, 8vva(iivi^ ix 8vo (li^cov i6tl 8BVtiQa. 
dXka 8ri fi E® trjg ®K (iBt^ov ^vvdad^G) tS dno 
d6v[i(iitQ0V iavty fii^XBL' xal d6v(i(iBtQ6g i6tLV ixa- 

26 tiQa t(ov E®, SK tfj EZ (ii^xbl' fj aQa EK ix dvo 
6vo(idtG)v ictlv Bxtrj. idv 8h %cdqCov 7tBQLi%ritaL vjcb 
^rjtrjg xal trjg ix 8vo 6vo(idtci)v BXtrjg, fj tb %g)qCov 
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1. rtff QTiTi^ F. Tc5] corr. ex ro m. 2 P. 2. EH] JEZ b. 

3. Post i'aov add. naQoc xriv 0H V, del. m. 2. 4. inBl — 

dqa xa/] om. b. 6. tmv] corr. ex z6 m. 2 b. EH] supra 

add. G b. ©1] ©r, supra add. H, b. 'naC] m. 2 P. 6. 
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rationali EZ adplicata sunt latitudiues efficientia E0y 
®K. itaque utraque E®^ ®K rationalis est et rectae 
EZ longitudine incommensurabilis [prop. XXII]. et 
quoniam ABy F^ incommensurabilia sunt, eiAB=EH^ 
r^ = ® J, etiam EH, ®I incommensurabilia sunt. 
uerum EH:0I = E&:®K [VI, 1]. itaque etiam 
E0, ®K longitudine incommensurabiles sunt [prop. 
XI]. quare E®^ SK rationales sunt potentia tantum 
commensurabiles. ergo EK ex duobus nominibus est 
[prop. XXXVI]. uerum ES^ excedit ®K^ quadrato 
rectae aut sibi commensurabilis aut incommensurabilis. 
prius excedat quadrato rectae longitudine commensura- 
bilis. et neutra rectarum E®^ &K rectae rationali propo- 
sitae EZ longitudine commensurabilis est. itaque EK 
ex duobus nominibus est tertia [deff. alt. 3]. uerum EZ 
rationalis est. sin spatium recta rationali et recta ex 
duobus nominibus tertia comprehenditur, recta spatio 
aequalis quadrata ex duabus mediis est secunda [prop. 
LVI]. itaque recta spatio EI, hoc est A^, aequalis 
quadrata ex duabus mediis est secunda. iam uero 
E®^ excedat ®K^ quadrato rectae sibi incommensu- 
rabilis; et utraque E®, ®K rectae EZ longitudine 
incommensurabilis est. itaque EK ex duobus nominibus 
est sexta [deff. alt. 6]. sin spatium recta rationali et 
recta ex duobus nominibus sexta comprehenditur, recta 

naQccHSira P, TcaQaTiSLVTai V. noiovvta Vb. 1. 0K aqa V. 
^eziv P. 8. davfiasxQog P, corr. m. rec. iativ P. AB' 
supra add. H V. iativ] m. 2 F. 10. TCQdg] m. 2 F. to 
Tc5 F. 11. TtQog trjv V. 12. staiv P. 14. davafjLstQOv V, 
sed corr. 15. aviiiisxQov BV, corr. m. 2. 16. aav(i(jLstQov 
V, sed corr.; d- supra add. b m. 1. 17. iativ P. 18. tQkrf] 
corr. ex ^i^ti} m. rec. b. 25. tij'] corr. ex trig B. ix] m. 
rec. P. 
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dvva^svri ri dvo fid^a Strvaiiivfj i^tiv &6tB xal ^ ro 
A^ %(oqIov dvva^ivri fj Svo ^i6a Svva^ivrj i6rCv, 

[^OiioCcog Sij Ssiio^sVj oti xav ikattov y ro ^B 
rov JT^, i^ ro A^ %GiQCov Swa^ivri ^ ix Svo (li^cov 
6 SsvtiQa iiStlv i^toi Svo ^ioa Svva^ivrj']. 

^vo a(>a iii^cov d0vfi(iitQcov dkki^koLg ^wtL&siisvcov 
al XoiTtal Svo aloyov yCyvovtai ^ro^ ix Svo iii^cDV 
SsvtSQa r) Svo ^ioa Swa^svri. 



^H ix Svo ovo^dtcov xal at ^ist avtriv akoyov ovte 
10 rg ^i^fi ovts dkXrikaig sl6lv al avtaC. to ^hv ydg 
dito iis0rig Tcaga ^ritriv TCaQa^alkoiisvov ickdtog Jtoist 
^riTrjv xal doviiiistQOv trj %aQ r{v TtaQdxsitav fiT^xs^. 
to Sh dxo trjg [ix Svo ovoiidtcov TtaQh ^rjtriv JtaQa- 
fiaXko^svov nkdtog noisl tr^v ix Svo ovoiidtcDv iCQoitriv. 
16 ro S\ dno trjg ix Svo iis6cov TtQoitrjg TtaQa ^rjtr^ naQa- 
fiaXloiisvov Ttkdrog novsZ trjv ix Svo ovoiidtcov Ssv- 
tSQav, to S% dnb tr\g ix Svo ^s6g)v SsvtsQag naQa 
^ritriv TtaQafiaXlo^svov itkdtog Ttoist trjv ix Svo ovo- 
^dtcov tQCtrjv. ro Sh dnb trjg ^sC^ovog TCaQa ^rjtijv 
20 TtaQafiaXXo^svov nXdtog itOLSt trjv ix Svo 6vo(idtci)v 
tstdQtrjv. tb Ss dnb tijg Qrjtbv xal iis6ov Swafisvrjg 
TcaQcc ^rjt^v naQa^akloiisvov nkdtog noist trjv ix Svo 
ovoiidtcov TCS^TCtriv. tb Sh dnb trg Svo ^s6a Svva- 
^svrjg TcaQa ^ritrjv TcaQa^akko^svov ickdtog noist t^v 



1. ^ dvo] Svo B V. &otB xal 17] 17 aqa, V. 2, AB b. x^" 
Qiov] om. V. Tj] om. BFV. 3vo] p P, dvom.rec. fisaccg P. 

3. ofjLoCmg — 6. 3vva(isvrj] om. P. 4. to AJ xatQCov] ro 
XcdqCov t6 AJ Y. tj] om. F. 5. ijTOi 6vo iisaa] 17 ^ntbv 
xal ^saov B. 6. ^ 8vo F. 7. yivovtai PFVb. ^tot 17 V. 

^, rf] n h V- ^vo] in ras. m. 1 P, 9. oy', y in rae., F. 

at] supra scr. b. 11. ano t^s F. 12. tg] corr. ex 
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spatio aequalis quadrata recta est duobus spatiis mediis 
aequalis quadrata [prop. LIX]. quare recta spatio A/l 
aequalis quadrata recta duobus spatiis mediis aequalis 
quadrata est. 

Ergo duobus spatiis mediis sibi incommeusura- 
bilibus compositis reliquae duae irrationales oriuntur^ 
aut recta ex duabus mediis secunda aut duobus spatiis 
mediis aequalis quadrata. 



Recta ex duobus nominibus et irrationales ab ea 
deriuatae neque mediae neque inter se eaedem sunt. 
nam quadratum mediae rectae rationali adplicatum 
latitudinem efficit rationalem et rectaC; cui adplicatum 
est^ longitudine incommensurabilem [prop. XXII]. qua- 
dratum autem rectae ex duobus nominibus rationali 
adplicatum latitudinem efficit rectam ex duobus no- 
minibus primam [prop. LX]. quadratum autem rectae 
ex duabus mediis primae rationali adplicatum latitu- 
dinem efficit rectam ex duobus nominibus secundam 
[prop. LXI]. quadratum autem rectae ex duabus mediis 
secundae rationali adplicatum latitudinem efficit rectam 
ex duobus nominibus tertiam [prop^ LXII]. quadratum 
autem maioris rationali adplicatum latitudinem efficit 
rectam ex duobus nominibus quartam [prop. LXITI]. 
quadratum autem rectae spatio rationali et medio ae- 
qualis quadratae rationaU adplicatum latitudinem efficit 
rectam ex duobus nominibus quintam [prop. LXIV]. 

ziiv V. ?5y] corr. ex t\i F. 13. dc] 8" P. naQaPaXo- 
fisvov P. 16- t6 di — 19. XQhfjv] mg. m. 2 V. 16. Tcoisi:] 
om. V. 17. ds] S' P. 19. ds] d' R 21. ds] S' P. 23. 
To] e corr. V. Ss] 8' P. 24. nXaTog] corr. ex ndtog m. 1 P. 
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ix dvo ovofjLcircDv extriv. xa d' slQfjiisva TcXdrri dia- 
<p€Q€i tov t€ TtQcitov xal cckkrjXcDv^ rov ^lv XQciroVj 
otL ^i^rif iiStiv^ akXi^Xc3v di^ on ry ra^€L ovx slolv 
atavrai' &6r€xal avral aC akoyot dLa<p€Q0v6LV aXXi^XcDv. 

oy , 

^Eav ajto ^ririjg ^rjti} dg^aLQS^y dvvaitsi 
^ovov 6v^^€rQog ov<Sa rfj oly, rj Ioltc^ aXoyog 
iariv xakeLad^o 8h anorotir^, 

'Aito yccQ ^rjrfjg rrjg AB ^r^rri dqyfjQ^^a^o) fj BF 

10 dvvd^BL ftovoi/ 6vii^€rQog ov6a rfj oky Xeyo)^ orL rj 
loLTCrj fj AF aXoyog i6rLV fi xalov^evrj a;roroftiJ. 

'E7t€l yccQ dev^^erQog ierLv fi AB rfj BF ^iqxsi^ 
xaC i6rLV (og fj AB TCQog rfiv BF^ ovrcog ro dnb rfjg 
AB TCQog ro vno rSv AB^ BF^ dcv^^srQOv aQa i6rl 

16 ro djto rrjg AB r^ vjtb rmv AB^ BF, dXXd rp fihv 
dnb rrjg AB ^vii^srQa i6rL rd djtb rmv AB^ BF rs- 
rQdycjva^ rm 8h vTtb rc5v AB^ BF 6v^^€rQ6v i6rL rb 
8lg vTtb r&v AB^ BF, xal in€L8rin€Q ra ccTtb rciv 
AB^ BF t6a i6rl r& 8lg vitb r&v AB^ BF ftara rov 

20 dnb FA^ xal XoLTtm ccQa r& ditb r^g AF d6v^ii€rQd 
i6rL rd djtb rmv AB^ BF, ^rjrd 8h rd d^o rmv AB^ 

1. xd d'] Jjtsl ovv xd Theon (BFVb). a/^ijftava] c^- e 
corr. V. 3. zff\ om. F. 4. &az^\ dijXov iog Theon (B"F Vb). 

5. Seq. dsvtiga xagtff iTSQ(ov Xoytov (om. b) rmv Tiatd dwai- 
Qsatv PBVb (uidetm: fuisse in F, sed sust. reparatio); agxrj 
tcav %at d^talQSGiv s^ddoav m. 2 B. oy'] po&tea add. F (ab 
initio haec prop. a praecedentibus dirempta non erat). 7. 
r^] om. b. 1] Xoinri'\ Xomrii F. 8. laxi BV, comp. Fb. 

8s\ dfj B. 9. Qritrig] SLttrjg F. BF] FB F. 11. ij 
naXoviiivri] HaXsta&o) di V. 12. dav(ifistQog] corr. ex aQa 

av(ifietQog m. rec. P, ex aviiftstQog m. 2 B. .fi AB ty BT 
davfifistQ6g iati V. 13. vj^v] tdg F. 14. davfi^iLstQov] -ov 
e corr. V, corr. ex -og m. rec. P. 16. avfifistQa — tmv] 
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quadratum autem rectae duobus spatiis mediis aequalis 
quadratae rationali adplicatum latitudinem efficit rectam 
ex duobus nominibus sextam [prop. LXV]. latitudines 
autem, quas significauimus, dilBferunt et a prima et 
inter se, a prima, quia ea rationalis est, inter se autem, 
quia ordine non sunt eaedem. ergo etiam ipsae rectae 
irrationales inter se diflferunt. 

LXXIII. 

Si a recta rationali rationalis aufertur potentia 
tantum toti commensurabilis, reliqua irrationalis est, 
uocetur autem apotome. 

A rationali enim AB rationalis auferatur BF po- 
tentia tantum toti commensurabilis. dico, reliquam 
AF irrationalem esse apotomen, quae uocatur. 

, j , nam quoniam AB^ BF longi- 

^ ^ ^ tudine incommensurabiles sunt, et 

est AB : Br-= AB^iAB X BF [prop. XXI lemma], 
etiam AB^, ABxBF incommensurabilia sunt [prop. 
XI]. uerum AB^ et AB^ -j- Biy commensurabilia 
sunt [prop. XV], et ABxBF, 2ABxBr commen- 
surabilia [prop. VI]. et quoniam est [II, 7] 
AB^ + BF' = 2ABxBr+ FA^ 
etiam AF^, AB^ + BF^ incommensurabilia sunt [prop. 
XIII, XVI]. uerum AB^ + BF^ rationale est. ergo 



mg. m. 2 B. 17. tco'] x6 corr. ex ra m. 1 b. t6] tc5 b. 
18. JSF] e corr. V. xal insidi^TCSQ Tal ra aga TlieoD 
(BFVb). 19. rcra] davfifisxQa Theon (BFVb). (isxa xov 
ano FA] om. Theon (BFVb). 20. xaif] in ras. V avfn- 
(istQa B, corr. m. 2. 21. Post BF add. Theon: insl xal ta 
dno xmv AB, BF taa iaxl tc5 ^l^ vno roav ABy BT usta tov 
ano {tov add. V) FA (BFVb). 

Euclides, edd. Heiberg et Menge. m. V^ 
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BF' SXoyog aQa i6tlv ^ AF' xaXsi^d^cD dh asrorofti}. 
OTtSQ idsL det^ai. 

od\ 

^Eav aTto ^i^rig inkiSri afpaLQsd^ij Svvd(i6v 

6 ^ovov 0vii^6tQog ov6a rij oXy^ iista dh tijg 

olfig ^rjtov 7tSQiB%ov6a^ ^ ko^nri aXoyog i6tvv' 

\^0U}. ^cc^^i^f^o) Sh fi s0i^g aTCotofiii TCQcit i^. 

' ^ tdCLMs/ ^Aito yaQ \ii6r\g t^g AB ^s0ri dg^rjQi^^d^ci) fj BF 

Svvd^Si (lovov 6vfi^stQog ov6a tij AB^ iistd Sh f^g 

10 AB ^rjtov jtotov6a tb v7to t£v AB, BF' XiycOj otc 

rj Xomri fi AF aXoyog i^ttv xalsi6dw Sl iii6rjg dyco- 

roft^ TtQcitri, 

'Ehtsl yaQ at AB^ BF iii6ac sl6iv^ (ii6a i6tl xal 
td dno tSv AB^ BF. ^rjtbv Si tb Slg vTtb tAv AB, 
16 BF' d6viifistQa aQa td djtb tmv AB^ BF tS Slg vno 
t&v AB, BF' xal lovnA aQa rc5 dnb tijg AF d6vfi' 
^stQov i6tv tb Slg vnb t&v AB^ BF, insl xav tb 
oAoi/ svl avt&v d6v^iistQ0v §, xal td i^ dQxijg iisydd^rj 
d^vfi^stQa i6tav, ^rjtbv Sh tb Slg vnb tAv ABj BF' 
20 dkoyov aQa tb dnb trjg AF' akoyog aQa i6tlv rj AF' 
xaXsi^d^co Sh fii^rjg dnoto^ri TtQciti^. 

os\ 

^Edv dnb fii^rjg ix,i6ri dtpavQsd^ij Svvd(isv 
fto'i/01/ 6v^iistQog ov6a ri} oXrj^ fistd Sh tiig 



N 



l.aXoyav in ra». V. ^tsxiv uqa b. kaxlv i] AV^ rud 
xo dnb tmv AF- Aats xal 'q AF in rafl. m. 2 V. 2. onsQ 
^dsL dstiail comp. P, om. BPVb. 3. o9'] corr. ex os" P. 
6. nsQiixfj Theon (BVb, itsqisxsi P). hti PBV, comp. 
Pb. ^ 7. lUcri V (seq. ras. 1 litt.) et P, corr. m. rec. 10. 
noiovaa] PPVb, nsqii%ovaa B et mg. m. 1 Pb, add. y^. Poet 
Ztv add. naC b, m. 2 P. 11. hti BV, comp. P. xaXerra» P. 
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jir irrationalis est [def. 4]; uocetur autem apotome; 
quod erat demonstrandum. 

LXXIV. 

Si a recta media aufertur media potentia tantum 

commensurabilis toti, cum tota autem spatium rationale 

comprehendens, reliqua irrationalis est; uocetur autem 

prima apotome mediae. 

A media enim AB media auferatur BF potentia 

tantum rectae AB commensurabilis, cum AB autem 

spatium rationale comprehendens ABxBF [prop. 

XXVn]. dico, reliquam AF irrationalem esse, uocetur 

autem prima apotome mediae. 

-.£ nam quoniam AB^ BF mediae sunt^ etiam 

AB^, BF^ media sunt. uerum 2ABxBr ra- 

tionale est. itaque AB^ + BT^ et 2ABxBr 

incommensurabilia sunt. quare etiam 2 AB XBF 

~^ reliquo [cfr. 11, 7] AF^ incommensurabile est, 

quoniam, si totum alterutri incommensurabile est, 

'-^ etiam magnitudines ab initio sumptae incommen- 

surabiles erunt [prop. XVI]. uerum 2ABxBr ra- 

tionale est. quare AF^ irrationale est. ergo AF 

irrationalis est [def. 4]; uocetur autem prima apotome 

mediae. 

LXXV. 

Si a media media aufertur potentia tantum toti 
commensurabilis, cum tota autem spatium medium 

fiiarj seq. ras. 1 litt. V, supra scr. g F. 13. slaC V, comp. 
Fb. iazQ m. 2 F. U. Ante 9s del. to P. 16. uqcc 
iaxi b. Tc5 — 16. J3r] mg. m. 1 P. 17. iaxiji corr. ex 
«9« F. Twv] om. P. 21. dfi] 8ri P. ^iaTi Fb. 22. 
05 ' F, sed corr. 
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oXrjg ^i6ov 7C£Qii%ov6aj ri koiTtij aXoyog icvLV 

'KalBl<S%^G} 6% fi BpriQ auorofiTi dsvreQa . 

^tMsti^ ^Aito yag fi66i]g t^g AB fii6ri dqyijQrjed^G} fj FB 

.dvvdii6L fiovov avfifistQog ov6a ry olfj tfj AB, (ista 

5 Sh r% okrig rrjg AB fii6ov 7CBQiB%ov6a tb vtco tmv 

AB^ BF' XsyG}, oti ii XoLTcfj r^ AF aloyog ictiv xa- 

keiad^cD dh fisiSrig aTCotOfiri dsvtsQa. 

^Exxeiod^cs yaQ Qi^t^ ri ^I^ xal totg fihv anb ttSv 
AB^ BF tcov TCaQtt t^v z/J TcaQa^e^kriiSQ^G) tb d E 

10 nkatog tcolovv tijv ^H^ tp dl dlg VTcb tmv AB^ BF 
t6ov TCaQa tr]v /11 naQa^B^Xri6%G} tb /1® %Xdtog 
7C0L0VV tfjv ^Z* XoLTcbv ccQa tb ZE t0ov i6tl t& dicb 
t^g AF. xal iicsl fii6a xal ^vfifietQd i6tL tic djcb tciv 
AB, BF^ fiioov aQa xal tb AE. xal TCaQa ^rjtriv trjv 

16/11 TCaQdxsLtaL TcXdtog tcolovv trjv /IH' ^i^r^ apa i6tly 
ii /IH xal dcvfifistQog ty /11 fii^xsL. jcdXLV, iicsl fiicov 
i6tl tb vTcb tmv ABj BF^ xal tb dlg aga vnb tciv 
AB^ BF fiicov ictCv, xal ictLv l6ov tc5 ^©' xal 
tb A@ aQa fiioov i6tLV. xal TCagd Qrjt^v tr^v /11 

20 JCaQafiifiXi^taL jckdtog tcolovv tr^v /IZ' ^ritrj aga ietlv 
rj AZ xtxl d^vfifistQog ty AI firixsL. xal ijcsl at AB, 

1. TCBQLSxii Theon (BFb, nsQiixsL F). iati BV, comp. 
Fb. 2. ftiarj V, P (corr. m. rec), F (supra scr. a m, 2). 3. 

fiiarj] snpra scr. m. 1 V. ^^L ® ^^^* ^* ^* ^^ ''^Vf] *« P- 
6. 8tl rf] oxi nal V. icrri rBV, comp. b. 7. yi^iari P 
(corr. m. rec), F (corr. m. 2), e corr. V. 8. z/iC b, et FV, 
sed corr. 9. z/I] I in ras. B, z/A FVb (in V corr.). ^E] 
E in ras, B. 10. JH] corr. ex Hd m. 2 F. 1\. ^K 
FVb, sed corr. * Ante z/0 del. z/E nXdrog noiovv triv ^H 
(corr. ex flz/ m. 2), toI 6s dlg vno rmv AB, BT (supra scr. 
m. 2) taov naqa ttjv Jk (corr. ex JI) naQapsplriad^m F. 12. 
z/Z] Z in ras. F. ZEl Z0 F. iat£] om. F. 13. xal 
avfifistga] om. Theon (BF v b). ianv P. 14. nai] (alt.) postea 
ins. m. 1 F. 15. z/J] z/^ FVb, sed corr. naQansitai 
ora. b. Ante JH del. Z F. 16. Post JH del. Z F. ^il 
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comprehendens, reliqua irrationalis est; uocetur autem 
mediae apotome secunda. 

A media enim AB media auferatur FB potentia 
tantum toti AB commensurabilis^ cum tota autem AB 
medium comprehendens j4B X BF [prop. XXVIII]. 
dico, reliquam AF irrationalem esse, uocetur autem 
mediae apotome secunda. 

ponatur enim rationalis ^I, et quadratis ^5^+5F* 

aequaie rectae z/ J adplicetur ^E latitudinem efficiens 

j r B -^^? spatio autem 2 jiB X BF 

aequale rectae ^I adplicetur 
z/0 latitudinem efficiens ^Z, 
itaque reliquum ZE= AI^ 
[II, 7]. et quoniam ^B^, BT^ 
media sunt et commensura- 
I & E bilia, etiam JE medium est.^) 

et rectae rationali ^I adplicatum est latitudinem ef- 
ficiens ^H. itaque -Jif rationalis est et rectae z/J 
longitudine incommensurabilis [prop. XXII]. rursus 
quoniam ABxBF medium est, etiam 2 ABx BF 
medium est [prop. XXIII coroU.]. et est = J@, itaque 
etiam J® medium est. et rationali z/J adplicatum 
est latitudinem efficiens ^Z. quare ^Z rationalis est 
et rectae ^I longitudine incommensurabilis [prop. 
XXII]. et quoniam AB^ BF potentia tantum com- 

1) Sequittir ex prop. XV et prop. XXIII coroll. ceterum 
idem tacite usurpatur p. 226, 13 sq. 

z/Jf FVb, sed corr. 17. %ul x6 — 18. BF] in ras. P. 18. 
lawV] iaxC PBV, comp. b; cum proximis sustulit rep. in P. 
19. IgxC PBV, comp. Pb. /iK PVb, sed corr. 20. naqd- 
Hsixai P. JH P, corr. m. 2. 21. JH P. JI] JK b, 
et V, sed corr.; corr. ex z/I m. 2 P. 
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BF dvvdiiSL iiovov 6vii[istQoi s16lv^ aCvfiiistQos &Qa 
i6tlv ri AB tij BF ih^xsl' a0vfi^stQOV aga xal rb 
aico T% AB tstQciycDvov tp vTto tmv AB^ BF. aXka 
rc5 ft£v ano triq AB 0v(i(istQd iotL ta dsto t<3v AB^ 
6 BF^ tp dh VTCO tAv AB, BF av^^stQOv i6ti to dlg 
VTto t(3v AB, BF' d6vfi[istQ0v aQU i6tl tb dlg 
vTtb tcov AB^ BF totg dno tmv AB^ BF. t6ov 8\ 
totg ^lv dstb tmv AB, BF tb AE^ tp dl Slg vxb ttSv 
AB^ BF tb AS' d^vfifistQOV aQa [i6tl] tb AE ttp 

10 A@. <Dg di tb AE stQbg ro A®^ ovtcog rj H2f itQbg 
triv AZ' d6vfifistQog aQa i6tlv ^ HA tij ^Z, xai 
sl6iv d[iq>6tsQaL ^ritai' at ccQa HA^ ^Z ^rjtai si6t 
dwdfiSL [lovov 6v[ifistQ0L' ri ZH ccQa d%otoyLri i6tLV. 
Qr^tri ds ri AI* tb Ss vitb ^ritijg xal dkoyov nsQL- 

16 sx6[isvov aXoy6v i6tLVy xal ri Svvafiivrj avtb akoyog 
i6tLV. xal SvvataL tb ZE rj AF' fj AF aQa akoyog 
i6tLV' xaXsi^d-co Si [ii6rig d7toto[iri Ssvti^a, onsQ 
iSsL Sst^ai, 

os'. 

• 

20 ^Edv d%b svd^siag svd^sta dfpatQsd^y Svvd[i€L 
d6v[i[istQog ov6a tij oAjy, [istd Sh tijg oXrjg 
7tOLov6a td [i^v dit avtciv a[ia Qritov, tb d' vjt^ 
avtmv [ii60Vy fi XoLJtri aXoybg i6tLV' xalsi^d^a) 
Sh iXd66mv . 

26 ^Anb yaQ svd-siag tijg AB svd^sta dq^ijQii^d^G) rj BF 



1. BF] FB F. davfi(isTQOs] cvaaBtQog b. 2. xal 

T^ P. 3. tijgAB] om. b. 4. iarLv P. 5. t6] corr. ex 
To m. 1 F. 6. aavfifistgtt &Qa iatl (om. V) td dnb tmv AB, BF 
t& Slsvno tmv AB^BT Theon (BF Vb). 7. vno] v- in ras. m. 
1 P. r<Joy — 8. BF] mg. m. 2 B. 8. to] tm F. 9. iatl] 
om. BFVb. 11. HJ] JH P. JZ] corr. ex ZJ V. 12. 
^lai] slaiv B. 13. iati BV, comp. Fb. 1*4. JI] JK¥Yh, 
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mensurabiles sunt; AB^ BF longitudine incommen- 
surabiles sunt. itaque etiam AB^^ ABxBF incom- 
mensurabilia sunt [prop. XXI lemma, prop. XI]. uerum 
AB^^ AE^ -{■ BF^ commensurabilia sunt [prop. XV] 
Qi ABxBr^2ABxBr commensurabilia [prop. VI]. 
itaque 2 ABxBF et AB^-^ BF^ incommensurabilia 
sunt [prop. XIII']. est autem AE = AB^ + BF^^ 
A@ = 2 AB X BF. itaque AE, A@ incommensura- 
bilia sunt. uerum JE:A@ = HA:AZ [VI, 1]. 
itaque HA^ ^Z incommensurabiles sunt [prop. XI]. 
et utraque rationalis est. itaque HA^ /IZ rationales 
sunt potentia tantum commensurabiles. quare ZH 
apotome est [prop. LXXIII]. uerum AI rationalis est. 
spatium autem recta rationali et irrationali compre- 
hensum irrationale est [prop. XX], et recta ei aequalis 
quadrata irrationalis est. et AT^ = ZE. ergo AT 
irrationalis est [def. 4]; uocetur autem mediae apotome 
secunda; quod erat demonstrandum. 

LXXVI. 

Si a recta aufertur recta potentia incommensura- 
bilis toti et cum tota efficiens summam quadratorum 
rationalem, rectangulum autem medium, reliqua irratio- 
nalis est; uocetur autem minor. 

, , I A recta enim AB recta au- 

^ ^ ^ feratur BT potentia toti incom- 



sed corr. 16. Igzi PV^ comp. Pb. «pa airo Theon (BF Vb). 

16. lexiv\ lezi PBV, comp. Fb. n ^^1 (alt.) m. 2 F. 

17. JffTi PBV, comp. Fb. H^ Sb in F. fiiari P, et V, 
corr. m. 2. otcsq Sdst Ssi^ai'] comp. P, om. BFVb. 22. 
8e F. 28. iati BV, comp. Fb. 
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dvvdfiSL ci6vfi[i£tQog ov6a tfj oXy 7t0L0v6a xa iCQOxeC' 
[i£va. Xiy(o^ ort ^ XomYi fi AF akoyog i6xiv ri xa- 
Xovfiivr^ iXd66(ov. 

^Eitel yccQ xo fihv ^vyxeCfievov ix xmv ano xcov AB^ 
b BF xexQaycivcav ^xov ioxiv^ xo S% Slg vico xAv AB, 
Br fiieov^ d6v[i[i€XQa aQa i6xl xd dno xAv AB^ BF 
xp dlg V7C0 x(5v AB, BF' xal dva6XQitl;avxL Xoltc^ 
x^ dno XTig AF d^viifiexQd i6xL xd dno xSv AB^ BF. 
Qfixd S\ xd dnb xcov AB^ BF' dkoyov aQa xo dno 
10 xY^g AF' aXoyog aQa fi AF' xakei^d^co Sl iXd66(ov, 

OJtSQ iSsL SBt^aL. 

og'. 

^Edv ditb evd^eiag svd^sta dipaLQsd^fj SvvdfiSL 

d6v[i[i6XQog ov6a xij oAg, iisxd Sh xijg oXrjg 

15 noLov6a xb [ilv 6vyxsi[isvov ix x&v dn avx&v 

xsxQaycivcav [ii60Vy xb Sh Slg vn avxcjv Qtjxov, 

" ^ f i6 6ov xb oXov noLov6a . 

'Anb ydQ svd^eCag xijg AB evd^sta dg^rjQi^^d^a) r\ BF 
20 SvvdfiSL d6v[i[isxQog ov6a xij AB noLov6a xd nQOxsl- 
[isva' Xiyco, oxl fj XoLJtrj ri AF aXoyog i6xLV ri nQOSL- 
QTjfiivri. 

'Ensl yaQ xb [ihv 6vyxs([isvov ix xmv dnb x(5v 
ABj BF xsxQaycivov [ii6ov i6xLv, xb Sh Slg vnb xmv 



1. ovoa ccavfifiSTQog V. ra ngonBifisva'] (isru xrjg oXrig 
rng AB xo avyneCfisvov i% roov dno rdav AB, BT &aa (rixov, 
xo 81 8\g vno xav AB, BT afia (isaov Theon (BPvb). 4. 
lisv] m. 2 V. AB] B in ras. m. 2 P. 6. BF] FB P. 
tstgaytovmv] Q eras. V. iaTi PBV, comp. Fb. 8h 8ig] 
8' y. 6. tmv]^ m. rec. P. ^B] in ras. m. 1 P. 8. 
davfinsTQa iati ta dno tav ABy BF (m. 2 F) t^ dno xrig AF 
(haec 4 uerba om. F) Theon (BFVb). 9. Mg! y^. ^rixhv 81 
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mensurabilis et proposita efficiens [prop. XXXIII]. dico, 
reliquam AF irrationalem esse minorem, quae uocatur. 
nam quoniam ^B^-f-^r^ rationale est, et 2j4BxBr 
medium, incommensurabilia sunt j4B^ -{- BF^ et 
2j4BxBr. et e contrario reliquo [II, 7] AF^ in- 
commensurabile est AB^ + ^^^ [p^op. XVI]. uerum 
AB^ '•\' BF^ rationale est. itaque jiF^ irrationale est. 
ergo j4r irrationalis est [def. 4]; uocetur autem minor; 
quod erat demonstrandum. 

Lxxvn. 

Si a recta aufertur recta potentia incommensura- 
bilis toti, cum tota autem efficiens summam quadra- 
torum mediam, duplum autem rectangulum rationale, 
reliqua irrationalis est; uocetur autem recta cum 
rationali totum medium efficiens. 

A recta enim AB auferatur recta BF potentia 
rectae AB incommensurabilis proposita efficiens [prop. 
XXXIV]. dico, reliquam AF irrationalem esse, quam 
significauimus. 

nam quoniam jiB^-^BF^ medium est, 2JB XBF 



t6 avynsLfisvov Fb. apa] iaxi P. 10. aXoyog — ^ri^om. P. 
11. onsQ Sdei ^efgat] comp.P, om. BPVb. 12. orj' P. 17. 
iart PBV, comp. Pb. Sl ^] di BPVb. Supra fiBtd scr. dno 
comp. m. 1 b. 19. AB] corr. ex AF m. 2 F. 20. acri;^ 
fiSTQog ovaa dvvdfisi V. t^ oXjj x^ Theon (BFVb). td 
nQOHsiiisva] ro filv avyHSifisvov i% xoav dno tmv AB, BF ts- 
tQtxyoiva^v (liaovy to 81 Slg vno tmv AB, BV Qr\t6v Theon 
(BPVb). 21. iati BV, comp. P. ri nQosiQrjfiivrj] %aXs£a^m 
(viaXsitav B) dh ^ (om. Vb) (istd (rjtov (liaov tb oXov noiovaa 
Theon (BFVb). 24. iatC PBV, comp. Pb. 
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AB^ Br ^rirovy a6v[i^6rQa apa i6rl rcc &no rmv AB^ 
BF r(p Slg tmb rciv AB^ BF' xal koiTtov aga ro aitl 
r^g AF a^vfifisrQov i6rc rc5 dlg vno rmv ABy BF. 
xai i6rc ro dlg vno rAv ABy BF ^rirov* rb aga anb 
6 rrig AF aXoyov i6rw aXoyog a^a i6rlv fj AF' xa- 
Isi^d-cj dh rj [isra ^rjrov [is6ov rb okov %0L0v6a, 
onsQ iSsi dsti,aL. 

orj\ 

^Eav UTcb svd^siag svd^sta aq^acgsd"!] dvvdfiSL 

10 aev^^srQog ov6a rfj oAiy, iisra dh rrjg oXrig 

7toLov6a ro rs avyxsiiisvov ix rAv diC avr&v 

^^y Tfr oggycji/oi/ ^i6ov ro rs dlg v%^ avrmv yLs6ov 

iJit^u^Jl^X IrL rd drt avrciv rsrQdycova d0v[i^srQa 

^HiU^ rp dlg v% avrmv^ rj loLTtrj aXoyog icriv* xa- 

•^^ 15 Xsi6^m S\ ri yLsrd fii6ov fis^ovrb^ okov noLOv^ a. 

'Ajtb yaQ svd-siag rrjg AB svd^sta dq^rjQri^d^cj ^ 

Br dwdfiSL d6v[i[isrQog ov6a rfj AB 7tOLov6a rd tcqo- 

xsifisva' Xiycn^ otl r} XoLitri rj AF aXoyog iorLV ri xa- 

Xov[iivri fj [isrd [ii6ov [ii6ov rb olov 7t0L0v6a. 

20 'Exxsi^d-cj ydQ Qrjrri ij ^Z, xal rotg [i^v dnb rmv 

ABy Br t6ov naQa rrjv AI TtaQapspXi^ed^G) ro AE 

nkdrog noLovv rijv AH^ rp dh Slg V7tb rcov AB^ BF 

t6ov dq^xiQrfi^co rb zlS [^jtXdrog TtoLOvv rrjv ^Z], 

loLTtbv aQa rb ZE toov iorl rp dnb rrjg AF' &6rs 

2. BT tsTQdycova BPb. BF] B m. 2 V. %ai] om. P. 

3. 6V(i(i8tQ0v P. 4. 'Koci — 8£s] ^Tjtov 8h to V. (rjtov] 
om. V. 6. d^ 7}] di b. 7. ^nsQ idst dst^ai] om. BPVb, 
comp. P. 8. oQ' P. 10. 8i] om. P. 11. ts] in ras. V, 
fiiv BPb. dn] dnb tmv V. 12. ts] in ras. V, 8i BPb. 

13. %a\ hi] iti ts Theon (BPVb). 14. ^] Xiym Sti rj V. 

iati BV, comp. Fb. 15. 5] om. PVb. 17. td nQonsl- 
fisva] to filv cvyKsiasvov in t&v dno tmv AB, BV tstQayoovmv 
[liaov, to dl 8lg vno tmv AB, BF (liaov iti ts (om. V, m. 2 F) 
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_^ autem rationale, AB^ + BF^ et 2ABxBr m- 
commensurabilia sunt. itaque etiam reliquum [II^ 7] 
jir^ et2 ABxBF incommensurabilia sunt [prop. 
XVI]. et2ABxBr rationale est. itaque AT^ 

■r irrationale est. ergo AF irrationalis est [def. 4]; 
uocetur autem recta cum rationali totum medium 

^ efficiens; quod erat demonstrandum. 

LXXVIIL 

Si a recta aufertur recta potentia incommensurabilis 
toti; cum tota autem efficiens et summam quadratorum 
mediam et duplum rectangulum medium praetereaque 
summam quadratorum duplo rectangulo incommensura- 
bilem^ reliqua irrationalis est; uocetur autem recta 
cum medio totum medium efficiens. 

A recta enim AB recta auferatur BF potentia 
rectae AB incommensurabilis proposita efficiens [prop. 
XXXV]. dico, reliquam AF irrationalem esse, quae 
uocetur recta cum medio totum medium efficiens. 

ponatur enim rationalis AI, et quadratis AB^-^-BF^ 
aequale rectae AI adplicetur AE latitudinem efficiens 

AHy spatio autem 2 ABxBF 
aequale auferatur^@. itaque 
reliquum ZE=Ar^ [II, 7]. 
quare AF spatio ZE quadrata 
^ ^ ^ aequalis est. et quoniam AB^ 

xu dno tmv AB, BF davfifistQa tm dlg vno t&v AB^ BT Theon 
(BFVb). 18. hti, BV, comp. F. ^ %aXoviLivri\ naXsicd^o) 
ei Theon (BFVb). 19. (liaov] supra scr. F. 20. dl] JK 
in ras. V. item lin. 21. 21. l^aov] taov to JE V. t?Jv1 
corr. ex orjtriv m. 1 P, (rjtrjv trjv V, m. 2 B. to JE] om. V. 
23. nXatos — -^Z] om. P. 
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ABj Br ^rjTov, a^v^^sTQa aga iotl ta aTto tmv AB^ 
BF t(p 8\g VTio tAv AB^ BF' xal loiitiyv aga tb ccnl 
tr^g AF a^vfifistQOv i6tt tp dlg vno rcSv AB, BF, 
xai icti t6 Slg V1C0 t£v AB, BF ^rjtov ro aQa aito 
6 tfig AF akoyov iatvv aXoyog aga i6tlv rj AF' xa- 
Isiad^co dh rj ^sta ^i^tov [licov to olov %ovov0a, 
01CSQ SSsi dst^ai, 

ori', 

'Eav ano svd^siag svd^sta aq^avQsd^ij dvvdfiSL 

10 davfi^stQog ovOa trj oAg, [istd 8h trjg oXrjg 

itoLov6a to ts 6vyxsciisvov ix t(DV dn^ avt&v 

^ ^ Tgr o cgyaii/oi/ [lieov ro ts 8lg v%^ avtmv fii6ov 

'^^t^^l^l iti td dn avt&v tstQdycova d6v(iiistQa 

^HiU^ tp 8lg vn^ avtmvj ij loLnri aXoyog i6tiv* xa- 

*^ 15 Xsl6%^(o 8% ri fistd fii6ov fii6ov t(L oXov noLOv^ a, 

^Anb yaQ sv^slag t^g AB sv^sta dqyfiQij^d^ci) fj 

Br 8wd(ist d6v(i(istQog ov6a tfi AB noiov6a td nQO- 

xs([isva' XiycOj otc fi Xovnr] r} AF aXoyog i6tiv ^ xa- 

Xovfiivri rj (istd [ii6ov [ii6ov ro olov novov6a, 

20 'Exxsi^d^o yaQ Qritr] fi AI^ xal totg [ihv dnb tmv 

ABy BF t6ov naQa triv AI naQapspXij^d-a} tb AE 

nXdxog noLovv triv AH^ rc5 8\ 8lg vnb tAv AB^ BF 

t6ov dq^yQij^d^G) ro A& [nXdtog noiovv trjv ^Z], 

kovnbv aQa tb ZE t6ov i6tl t^ dnb trjg AF' &6ts 

2. Br rstifdymva BFb. Br] B m. 2 V. ^ ^uQ om. P. 

3. avfi(i6TQ0v P. 4. %a£ — d£s] ^rjtov dh zo V. (rjtov] 
om. V. 6. 9^ Ti] di b. 7. onsg idst dst^at] om. BFVb, 
comp. P. 8. od' F. 10. 8i] om. P. 11. ts] in ras. V, 
fiiv BFb. dn'] dno tmv V. 12. ts] in ras. V, 9i BFb. 

13. Kal ht] itt ts Theon (BFVb). 14. fi] Xiym 3« fj V. 

iatt BV, comp. Fb. 15. tj] om. FVb. 17. td nQOxsi' 
[i8va] to [ilv avynsiaevov i% t&v dno tcov ABy BF tst(fay(6vmv 
fiiaov, to dl dls vno tcav AB^ BT (liaov ^w ts (om. V, m. 2 F) 
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_^ autem rationale, AB^ + BF^ et 2 ABxBT iri' 
commensurabilia sunt. itaque etiam reliquum [II, 7] 
jiiyet2ABxBr incommensurabilia sunt [prop. 
XVI]. et2ABxBr rationale est. itaque AT^ 

-r irrationale est. ergo AF irrationalis est [def. 4]; 
uocetur autem recta cum rationali totum medium 

^ efficiens; quod erat demonstrandum. 

LXXVIIL 

Si a recta aufertur recta potentia incommensurabilis 
toti, cum tota autem efficiens et summam quadratorum 
mediam et duplum rectangulum medium praetereaque 
summam quadratorum duplo rectangulo incommensura- 
bilem, reliqua irrationalis est; uocetur autem recta 
cum medio totum medium efficiens. 

A recta enim AB recta auferatur BF potentia 
rectae AB incommensurabilis proposita efficiens [prop. 
XXXV]. dico, reliquam AF irrationalem esse, quae 
uocetur recta cum medio totum medium efficiens. 

ponatur enim rationalis z/I, et quadratis AB^-{-Br^ 
aequale rectae ^Z adplicetur AE latitudinem efficiens 

AHy spatio autem 2ABxBr 
aequale auferatur z/@. itaque 
reliquum ZE=Ar^ [II, 7]. 
quare AF spatio ZE quadrata 
^ ^ ^ aequalis est. et quoniam AB^ 

xa dno tmv AB, BF davfinsxQU tA Slg vno t&v AB, BF Theon 
<BFVb). 18. iati BV, comp. F. ^ %aXov(iBvr{] HuXsicd^m 
di Theon (BFVb). 19. fiiaov] supra scr. P. 20. JI] JK 
in ras. V. item lin. 21. 21. fffov] l^aov to JE V. t?Jv] 
corr. ex irjtiqv m. 1 P, (riTrjv ttiv V, m. 2 B. to JE] om. V. 
23. nXuTos — -^Z] om. P. 
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71 AF dvvatac ro ZE. xal i^tsl to 0vyxsi(isvov ix 
t&v afto tmv AB^ BF tstQaycivcov ^i6ov i6tl xai 
i6ttv t6ov tp ^Ef iii6ov aQa [ifftl] ro ^E. xal 
naga ^ritriv trjv /11 TtaQaxsttat sckdtog ;rotovi/ r^v z/i?' 

5 Qfitrj aga iatlv fj /JH xal a6v^^stQog rij z/J fiijxsc. 
ndkiv^ insl ro Slg imb tmv AB, BF [is6ov i6tl xaC 
i6tiv i!6ov t£ /f&j ro aQa /t& (is6ov i6tcv. xal TCaQa 
Qtltrjv trjv /il TtaQdxsitai nXdtog noiovv tr\v z/Z* 
Qritr\ UQa i6tl xal rj /iZ xal d6vfifistQog tfj /fl [irixsL. 

10 xal insl d6v^^stQd i6tc td dno t(Bv ABj BF tp Slg 
VTto t(Sv ABj BF, d6v^fistQov aQa xaX ro ^E tS 
AS. (hg d^ tb /tE itQbg tb dS^ ovtiog i6tl xal fi 
AH TtQbg tr^v AZ' d6v[ifistQog aQa f^ jdH rg z/Z. 
xai sl6iv d^q)6tsQaL ^r^tai' at HA^ AZ aQa Qrjtai 

15 sl6t Svvd^SL fiovov 6vfifistQ0t. djtotofiri aQa i6tiv ri 
ZH' Qritfi dh fj Z@. tb ds vnb Qritrjg xai dTtotOfirjg 
nsQUx6(isvov [oQd^oycivLOv] aXoy6v i6tiv^ Tcal fj Svva- 
^svri avtb dXoyog i6tiv. xal Svvatac ro ZE fj AF' 
fl AF aQa aXoy6g i6tLV' xaXsi6^(o S% ^ ^LStd fii^ov 

20 ^i6ov tb oAoi/ jt0L0v6a. otcsq MSsl Sst^aL. 






0^\ 

Tij djtoto^y ^ia [fiovoi/] 7 tQ06aQii6^S L svd^sta 
^ritfi Svvd^SL ^6vov^6vfi^stQog ov6a tfj oAg. 



1. AT] AF iietiov b. xat ] m. 2 P. 3. iat£]^ om. P. 

4. JI] JKin ras. V, itemlin. 5, 8, 9; JH P. 6. aviinstgog 
B, corr. m. 2. 7. rS] corr. ex to m. 1 P. iariv^ iaxC PBV, 
comp. Pb. 9. iatCv PB. xa^] (prius) om. B. 10. aav(L(i8t(f6g F. 

iativ P. 11. Tol corr.ex tco m. 2 F. tco] corr. ex to m. 
2 F. 12. J®] (alt.) 0, add.' Z m. 2, F. iatCv PB. ytaC] 
om. P. 13. ttJv] om. P. JH] J in ras. V, HJ Fb. 14. 
cc(fa] m. 2 F. 15. statv P. 16. Z 0] ^^ in ras. V. ds] S' P. 
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-^-Br^ medium est et =^E, JE medium est. et 
ratiosali dl adplicatum est latitudinem efficiens dH, 
itaque ^H rationalis est et rectae ^I longitudine 
incommensurabilis [prop. XXII]. rursus quoniam 
2 ABxBF medium est et =z/®, z/0 medium est. 
et rationali ^dl adplicatum est latitudinem efficiens 
^Z. itaque ^Z rationalis est et rectae z/7 longi- 
tudine incommensurabilis [prop. XXII]. et quoniam 
j4B^ -{- BF^ et 2j4BxBr incommensurabilia sunt, 
etiam ^ E, J® incommensurabilia sunt. uerum 
JE:J® = JH: AZ [VI, 1]. itaque AH, z/Z in- 
commensurabiles sunt [prop. XI]. et utraque rationalis 
est. itaque Hz/, AZ rationales sunt potentia tantum 
commensurabiles. quare ZH apotome est [prop. 
LXXUI]. Z® autem rationalis est. spatium autem 
recta rationali et apotome comprehensum irrationale 
est [prop. XX], et recta ei potentia aequalis irrationalis 
est. est autem AV^^ZE, ergo ^F irrationalis esfc; 
uocetur autem recta cum medio totum medium efficiens. 
quod erat demonstrandum. 

LXXIX. 

Apotomae una tantum congruit recta rationalis 
potentia tantum toti commensurabilis. 



17. OQ-O-oycoviovJ om. P. liizi PBV, comp. Fb. 18. 

Igxi PBV, comp. Fb. 19. lexi BV, comp. Fb. ^] om. P. 

20. QTtiq idsi dsc^cct] comp. P, om. BFVb. 21. od''} corr. 
ex 7t' m. 2 F. 22. fiovov] om. P, fiovTj V et F supra scr. 
ov m. 1. 
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"E^xm axoTO(i'^ ^ AB, XQ06aQ(i6iov6a dh avrij rj 
BF' aC AF^ FB aga ^rjftai b16l dwd^i, (wvov 6vfi- 
(iszQOi' XdycD^ oxi xy AB sxiQa ov XQOdaQfio^sc Qfixtj 
dwdfisi fiovov 6v(iiuxQog ov6a xij oXij. 
5 El yicQ dwaxov, XQ06aQ(io^x(o ^ Bjd' xal at 
A/d^ AB aQa Qr^taC eC6i SwdiUL (lovov 6v(i(i€XQ0i. 
xal ijtsiy €f} v%eQi%si xd dno xc5v A/l^ AB xov 6\g 
vTio xciv AA^ AB^ xovxm vneQi%Bv xal xd dnb xSv 
AF^ FB xov Slg vno x&v AF^ FB' x^ yaQ avxp xp 

10 dTCo xijg AB dfiq)6xeQa vvceQi%ev' ivalld^ aQCCj p vjtSQ- 
i%£t xd dnb x&v AA^ AB x&v dno xmv AF, FB, 
xovxGi viteQi%et [xaX] xb Slg vnb x&v AA^ AB xov 
6\g vTtb xtSv AF, FB. xd S^ dnb X(Sv A^dy AB xSv 
d%b xciv AF^ FB v3teQi%et QtjxS' ^rixd ydQ dfMpoxeQa. 

15 xa\ x6 S\g aQa vitb x&v AA^ ^dB xov S\g vnb xav 
AF^ FB vneQi%eL ^rixS' oJteQ i6x\v dSvvaxov' (ii6a 
yaQ dfMpoxeQa, (ii6ov Sh (ii6ov ov% v7teQi%st ^rjxS, 
xij aQa AB sxiQa ov JtQO^aQfio^st ^rixrj Swdiist (lovov 
6v(i(isxQog ov6a xij olt]. 

20 MCa aQa ^ovri xij a^orofi^ JtQo6aQ[i6ist ^rixrj Sv- 
vdfiSL fi6vov 6vfi^sxQog ov6a xij oAj;* oTtSQ iSst Sst^av, 



7t\ 



Tfi fii6rig dTtoxo^ij TtQcixrj (iCa (i6vov 7tQ06' 
aQfi6^SL svd^sta fii6ri Svvd^sL ^6vov 6vfi[isxQog 

3. QTiti^] m. 2 F. 5. nQoaaQfLotiad^oD b. %cci] om. B. 
6. z/BJ BJ F. 9.^ t6 inb tris']^ t6 P. 10. ^B -- vnsQ- 
bXbC] dn d(iq)otiQa)v vnsQOxijs t^ ano tijg AB BFb; in B del. 
m. 2, mg. tm yuQ avtm — vnsQixBi m. 2. ^]<hgh. 11. AJ, 
dB]Ar^ FB F, corr. m'. 2. dno — 12. vnsQixBi] in ras. F. 12. 
%otC\ om. P. JB] m. 2 F. 14. ^>?ra] corr. ex Qritri V et 
m. rec. B. Post yuQ add. Blaiv FVb, iativ B. 16. to] corr. 
ex tm m. 1 P. dQo] om. V. 17. Post yuQ add. ^laiv Vb, 
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Sit AB apotome, ei autem congruens BF. 

itaque -^r, FB rationales sunt potentia tantum 

commensurabiles [prop. LXXIII], dico, nullam 

jB aliam rationalem potentia tantum toti commen- 

surabilem rectae AB congruere. 

nam si fieri potest, congruat B^. itaque etiam 
■r ji^f ^B rationales sunt potentia tantum com- 
"^ mensurabiles [prop. LXXIII]. et quoniam 
{A^^ + JB^)-^2AJxJB^{Ar^-\-rB^-^2ArxrB 
(nam utrumque excedit eodem spatio AB^ [II, 7J), per- 
mutando erit 

{AA^+AB^)-^{Ar^+rB^)^2AJxJB-~2ArxrB. 
uerum AA^+- AB^ excedit ^F^ + ^-B^ spatio rationali; 
nam utraque rationalia sunt. itaque etiam 2AAXAB 
excedit 2 AFxFB spatio rationali; quod fieri non 
potest; nam utrumque medium est [prop. XXI], me- 
dium autem non excedit medium spatio rationali [prop. 
XXYI]. itaque rectae AB nuUa alia rationalis po- 
tentia tantum toti commensurabilis congruit. 

Ergo una tantum recta rationalis potentia tantum 
toti commensurabilis apotomae congruit; quod erat 
demonstrandum. 

LXXX. 

Mediae apotomae primae una tantum congruit recta 
media potentia tantum toti commensurabilis, cum tota 
autem spatium rationale comprehendens. 

hziv BF. 18. xrf\ corr. ex zd m. 2 F. ^ijr^t V. 20. 
{ila — 21. 8iw] bis F, sed corr. 20. {mvov BFb. nQoa- 
ccQfioaBi BFVb. 21. onsQ idsi Ssi^ai] comp. P, om. BFVb. 
22. ««' F, et sic deinceps. 23. (isarjg] corr. ex fiiarii m. 
rec. P, fiiarii BFV, itsari b. (Ua] om. b. 
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ov6a tf] okrjj fieta de tijg okrjg Qrjtov nsQi' 
i%ov6a. 

^Eeto yccQ ^d6rig aTtotofiii nQdtrj ^ j4B^ xal ty 
AB XQo6aQfio^dta} ri BF' at AF^ FB aga fid^ac si6l 
5 dvvdiiLBv fiovov 6vfifistQ0i Qrjtbv ^sQid%ov6ai, ro mco 
tAv AF^ FB' XdycDj otv tfj AB std^a ov %Q06aQii6t,si 
fid6ri dvvdfiSL fiovov 6vfifistQ0g ov6a tfj oXrj^ ^sta ds 
tfjg oXrjg Qrjtbv nsQLd%ov6a, 

El yccQ dvvatov, TCQO^aQfioldta) xal rj AB' aC ccQa 

10 Ajdy ^B fid6ai slol dvvdfiSL ficvov 6vfifistQ0i ^rjtbv 
nsQidxov^ai to vtco tmv A/l^ ^B, xal stcsI^ p vjcsq- 
d%SL tcc dno tAv A^, jdB rov dlg imb tmv AA, ^dB^ 
tovro) vnsQd%SL xal td dnb tciv AFj FB tov dlg vnb 
tAv AFj FB' rc5 yaQ avtp \ndhv'] vnsQdxov6t r» 

15 dnb trjg AB' dvakkd^ aQa^ ^ v7CSQd%SL td dnb t(Sv 
Ajd^ jdB tAv dnb tmv AF^ FB^ tovtq) vicsQd%si xal 
tb dlg vnb tmv A^^ ^B tov 8\g vicb tAv AFj FB. 
tb di dlg vnb tAv A^^ jdB tov dlg vnb t&v AF^ 
FB vnsQd%sv ^rjta' Qrjtd ydQ d^KpotSQa. xal td dnb 

20 tciv Ajdy jdB aQa tmv dnb tAv AFy FB \tstQaycovov] 
v7CSQd%SL QrjtS' 07CSQ i6tlv ddvvatov' fid6a ydQ d6tLV 
d^q)6rsQaj ^daov 8h ^d6ov ov% vnsQS%SL ^rjtS, 

Trj aQa ^s6rjg dnoto^fj nQcitrj fiia fi6vov nQo6- 
aQfi6^SL svd^sta fis6rj dvvd^SL fi6vov 6vfifjLStQog ov6a 

25 tij oXrj^ ^srd 8s trjg oXrjg Qrjrbv nsQLS%ov6a' onsQ i8sL 
Sst^aL. 



3. fisarj BVb, om. F. 4. TtQoaccQiioisL F, corr. m. 2. af] 
corr. ex et m. 1 F. ccQa AF, VB BFVb. daiv B. 5. 
avfifistQog V, corr. m. 1. 6. nQoauQfioasi V. 8. nsQisxovacci 
V, corr. m. 1. 10. AJ] m. 2 F. staiv LB. 12. xd] corr. 
ex to m. 2 F. rov] tm F. AV, FB F. 13. vnsQstxs b, 
corr. m. 1. 14. rc5] corr. ex to V. ndXiv] om. P. vnsQ- 
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^A Sit enim jiB mediae apotome prima, et rectae 
^B congruat BF. itaque ^F, FB mediae sunt 

"^ potentia tantum commensurabiles spatium rationale 
comprehendentes AFxFB [prop. LXXIV]. dico, 
rectae AB nuUam aliam mediam potentia tantum 

-r toti commensurabilem congruere cum tota spatium 

"^ rationale comprehendentem. 

nam si fieri potest, etiam jdB congruat. AA, jdB 

igitur mediae sunt potentia tantum commensurabiles 

spatium rationale comprehendentes A^ X AB [prop. 

LXXIV]. et quoniam est 

(AA^ +^B^)-r-2AAxAB^(Ar^+rB^)^2ArxrB 

(nam eodem spatio AB^ excedunt [II, 7]), permutando 

erit 

{AA^+JB^)-^{Ar^+rB^)^2AJxJB-^2ArxrB. 

uerum 2AA X JB excedit 2Arx FB spatio rationali; 

nam utrumque rationale est. itaque etiam A^^-^ AB^ 

excedit AF^ +- FB^ spatio rationali; quod fieri non 

potest; nam utraque media sunt [prop. XXIV], medium 

autem non excedit medium spatio rationali [prop. XXVI]. 
Ergo mediae apotomae primae una tantum recta 

media congruit potentia tantum toti commensurabilis, 

cum tota autem spatium rationale comprehendens; 

quod erat demonstrandum. 



ixovaiv LBF. rc5] ra b. 16. ra] xal xa. LB. 17. xo] 
TOL P. ^ 18. xb 8i — 19. TB] %aC V. 20. xBxqay6voiv\ om. P. 
21. vnBQs^si P, I Bupra scr. B. 22. Sb] yocQ L. 23. fisari 
uel fiiarj LBFVb. 26. Snsq ^Sbi ^crgat] comp. P, om. 
LBFVb. 



Euclides, edd. Heiberg et Menge. IH. \.^ 
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Tfj ^s6i]g dTCotOfifj davxBQa fiia fiovov nQo0- 
aQfio^si Bv^sla iii6ri Svvd^ai fiovov 6vfi^stQog 
tfj okrj^ fista dh tijg oki]g ^s6ov nsQlsxov6a. 
6 "BkStGi iis6i]g dxotofifi SsmsQa ii AB xal ty AB 
jtQo6aQfi6^ov6a fi BF' aC uQa AF^ FB [is6aL sl6l 
dvvdfisi iiovov 6vfifLstQ0t' IIS60V %SQU%ov6ai to imo 
t(5v AFj FB' ksyo^ otv ty AB itsQa ov %Q06aQii66si 
sv^sta ^i6ri dwdfisc fiovov 6vfifistQog ov6a tij okfjy 

10 fista dh trjg okrjg ^ii^ov %SQii%ov6a. 

El yccQ dwatov, XQo6aQiio^it(o r] B^d' xal at A^Jy 
AB cLQa ^i6ai slel dwdiisi fiovov 6vfifistQ0t iii6ov 
nsQLSX0v6at tb vtco tAv Ajd^ AB. xal ixxsi6&Gi ^rjtii 
^ EZ, xal totg fih^ dico tmv AF^ FB t6ov TCaQa trjv 

15 EZ %aQafisfikri6^Gi to EH nXdtog novovv trjv EM* 
t^ d^ dlg vno t(5v AF^ FB t6ov dq)rjQi]6&G) ro GH 
nXdtog icoiovv triv &M' Xoltcov ccQa tb EA t6ov i6tl 
ta d%b trjg AB' &6ts ij AB dvvatai tb EA. TcdXiv 
drj totg djcb tAv AA^AB t6ov TcaQcc r^i/ EZ naQa- 

20 fisfiXri6^G) ro EI Tckdtog jcolovv trjv EN' i6tv ds xal 
tb EA t6ov tm djcb tijg AB tstQaydvG)' Xoinbv aQa 
tb ®I t6ov i6tl rc5 dlg vicb tAv AA^ ^dB. xal iicsl 
fis6ai sl6lv at AFj FBj ^e6a ccQa i6tl xal td dxb tav 
AF^ FB. xaC ietiv t6a rc5 EH' ^6ov aQa xal to 

25 EH, xal TcaQa Qrjtrjv trjv EZ TCaQdxsctav %Xdtog noiovv 



2. ii.Bcri uel {i,iari LBFVb. /Ltori^ V. 6. ftficn? uel 

{i^icri LBFb, e corr. V. Sbvxbqol] om. b. AB>\ B ixi ras. 
m. 1 P. xal ty AB'] om. V. 6. 17] 8\ 17 V. af] Bupra 
8cr. m. rec. b. dclv LBP. 7. to] ra L? 8. xmv] om. b. 

nQoaocQiioiBi LBb. 11. /^B F. xa^] om. B. 12. bIgCv 
LB. 16. ^B, BT b. 20. EI^ supra scr. Z F. iativ L. 

21. xal Xomov V. 22. taov — 24. t& EH] mg. m. 1 F. 
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LXXXL 

Mediae apotomae secundae una tantum recta media 
congruit potentia tantum toti commensurabilis; cum 
tota autem spatium medium comprehendens. 
A B r J Sit jiB mediae apotome 

secunda et rectae j4B congruens 
BF. itaque ^F, FB mediae 
sunt potentia tantum commen- 
surabiles medium comprehen- 
dentes AFxrB [prop.LXXV]. 
dico, rectae AB nuUam aliam 
rectam mediam congruere po- 
tentia tantum toti commensu- 
rabilem^ cum tota autem medium comprehendentem. 

nam si fieri potest, congruat Bjd. itaque etiam 
A/lj/lB mediae sunt potentia tantum commensurabiles 
medium comprehendentes Adx^B [prop. LXXV]. 
et ponatur rationalis EZ^ et quadratis AT^ -\' FB^ 
aequale rectae EZ adplicetur EH latitudinem efficiens 
EM] spatio autem ^ArxFB aequale auferatur @H 
latitudinem efficiens ®M. itaque reliquum EA = AB^ 
[U, 7]. iiaque AB spatio EA aequalis est quadrata. 
iam rursus quadratis AA^ -{• AB^ aequale rectae EZ 
adplicetur EI latitudinem efficiens EN. est autem 
EA = AB^ itaque reliquum ®I=2AAxAB [IT, 7]. 
et quoniam AF^ FB mediae sunt, etiam Ar^-^ FB^ 
media sunt. et AF^ -{-rB^^EH. quare etiam EH 
medium est. et rectae rationali EZ adplicatum est 
latitudinem efficiens EM. itaque EM rationalis est 

22. iaziv L. Post insl del. m. 1: taov iatl tm ${g P. 23. 
icriv L, etc£ Fb. 24. EH] seq. Caov iatl tc3 EHF, 
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rriv EM' ^i^r^ &Qa ioxlv fj EM xal aavii^stQog rrj 
EZ fiT^TCst, TcdkLVj iTtsl fiieov i6x\ to vtco r<5v AF^ 
FBj xal ro dlg vtco rav AF^ FB fii6ov i6rCv. xai 
iaxLv t6ov r^ 0H' xal ro @H aga ^i6ov icrCv. xal 
5 naQa ^rirriv riiv EZ TCaQaxsLraL nkarog tcolovv riiv 
&M'. ^rirri aQa i6rl xal ri ®M xal d6vfi^srQog rg EZ 
fLi^xsL. xal insl al AFy FB dvvdfisL fiovov 6vfjLfistQoC 
sl6Lv, d6v^[isrQog aQa i6rlv ri AF ry FB iirpcsL. cog 
dl ri AF nQog rr^v FBy ovr (og i6rl ro dno r^g AT 

10 ^Qog ro vno r<5v AF, FB' d6vfifisrQ0v aQa i6rl to 
OTCo trjg AF tm vno t&v AFj FB. dkXd tp fihv aTCo 
trjg AF 6vfiiisrQd i6tL td dico tmv AF, FB, tS 8s 
i%l tmv AF, FB ^vfifjLStQov i6tL tb dlg vnh tcov 
AF^ FB' d6vfi[istQa aQa i6tl td dTCo t<5v AF, FB 

15 rc5 8lg vjco tmv AF^ FB. xaC i6tL totg fiiv dno t<3v 
Ar, FB t6ov to EH, rc5 Sl 8lg vno tAv AT, FB 
t6ov to H®' d6vfifistQ0v aQa i6tl ro EH tm ®H. 
(Dg 81 to EH TCQog to ®H, ovt<x)g i6tlv ri EM TCQog 
tr^v 0M' d6vfi[istQog aQa i6tlv ri EM tij M® ^i^xsl. 

20 xaC sl6LV dfi(p6tSQaL ^r^taC' aC EM^ M® aQa ^rjtaC 
sl6L 8vvdfjLSL ^ovov 6vfiiiecQ0L' dTCotofiij aQa i6tlv ri 
E0, n:Q06aQfi6^ov6a 8i avtfj ^ ®M. byLoC<og 8ij SsC' 
^ofisvj otL xal fi ®N avty 7CQ06aQfi6tsL' ty aQa djco- 
tofifj akkri xal akXri 7CQ06aQfi6^SL sv^sta 8wdfJLSL fiovov 

25 6v^iJLStQog ov6a tfj oky 07CSQ i6tlv d8vvatov. 

Tij aQa ^s^rjg dTCoto^y 8svtsQ<x fiCa ^6vov tcqo^- 



1. EM] (alt.) EiV L?, ME b. 2. iatCv L. 3. 8lg a^a V. 
iatCv] L, comp. Fb, iarC PBV. 4. ta @H] om. L, m. 
2 B. iatCv] L, comp. Fb, iarC PBV. ' 6. iatCv L. 7, 
FB] in ras. V. davii,ii,BXQol F, sed corr. 9. iatCv L, a^a 
iatC B. 10. davfifiLstQov — 11. FB] m. 2 V. 10. iatl 
¥.aC B. 11. AV] (prius) qp (non F, habuit B). 12. iativ P. 
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et rectae EZ longitudine incommensurabilis [prop. 
XXII]. rursus quoniam AFx FB medium est, etiam 
2ArxrB medium est [prop. XXIII coroll.]. dt 
SH = 2ArxrB. itaque etiam &H medium est. 
et rectae rationali EZ adplicatum est latitudinem ef- 
ficiens ®M itaque 0M rationalis est et rectae EZ 
longitudine incommensurabilis [prop. XXII]. et quon- 
iam AF, FB potentia tantum commensurabiles sunt 
-^^JT et FB longitudine incommensurabiles sunt. uerum 
AF: FB = Ar^ : ATx FS [prop. XXI coroU.]. quare 
AF^ et AFx FB incommensurabilia sunt [prop. XI]. 
uerum AF^, Ar^-^FB^ commensurabilia, et^FxFS, 
2 AFx FB commensurabilia. quare ^I^ + FJS^, 
2 Ar X FB incommensurabiUa sunt [prop. XIII]. est 
mtem EH=A]y + rB^, H® = 2 ArxTB. itaque 
EH^ ®H incommensurabilia sunt, est autem EH: SH 
= EM:0M [VI, 1]. itaque EM, M® longitudine in- 
commensurabiles sunt [prop. XI]. et utraque rationalis 
est. quare EM^ M0 rationales sunt potentia tantum 
commensurabiles. itaque E0 apotome est [prop.LXXIII}/ 
ei autem congruens ®M. iam similiter demonstrabimus, 
etiam ®N ei congruere. itaque apotomae rectae di- 
uersae congruunt potentia tantum toti commensurabiles; 
quod fieri non potest [prop. LXXIX]. 

Ergo mediae apotomae secundae una tantum recta 

16. iativ P. 17. H@] in ras. V. EH] mut. in HE m. 
1 V, HE Bb. 18. To] (alt) om. b. 19. M@] in ras. m. 
1 B, @M F. 20. a^a] postea ins. m. 1 V. 21. siai] om. qp. 

ovfifisxQoi] -01 e corr. P. 23. 0N] iV in ras. V. nqoa- 
aQ(i6ttsL V. dnotofiy t^ EG Y. 24. fiovov] supra scr. 
m. 1 F. 26. onsQ iatlv ddvvatov] om. V. 26. fisaji 
BFVb. 
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aQfio^SL svd^sta fi^6i] dwdfist iiovov CviifistQOs ov6a 
ty oljjj ^sta Si tijg olrjg fis0ov nsQiSxov6a* OTtSQ Sdsv 
dst^ac. 

6 T^ sXa66ovL fiia ^ovov %Q06aQ^6^si svd^sta 
dvvdfisi a6vfi^stQog ov6a trj oAg noLOv6a fista 
tijg oXi]g ro iiiv ix tAv aTt avt&v tstQayoivcav 
^rjtov, to dh dlg vn avtdiv fid6ov. 

*'Ej6t(o ri ikd66(ov ri AB^ xal ty AB 7eQ06aQfi6^ov6a 

10 ^6t(o fi BF' aC aQa AF^ FB dwd^sv sl6lv d^vfifistQOv 

7toiov6ai to fihv 6vyxs(fisvov ix tmv dit avtSv tstQa- 

ydvcov ^rjt^Vj to dl dlg v% avtciv fii6ov' Xsya^ oti 

tfj AB stsQa svd^sta ov 7tQ06aQ^66sv td avtd jtovov6a, 

El yaQ dwatoVj 7tQo6aQfio^ito fi BA' xal at AA^ 

Ih AB ccQa dwdfisv sl6lv d6vfJv^stQov itovov6av td TtQO- 
svQrjiiiva. xal iitsC^ co v7tSQi%sv td dno t(5v AAj ^B 
tciv dno tav AF, JTJS, tovtp vnsQi%sv xal to dlg 
vTto t&v AA^ AB tov 8lg vsto rc5i/ AFj FBj td dh 
dito tciv AA^ AB tstQaycova tAv dno t(5v AF^ FB 

20 tstQaydvGov VTtSQi%sv ^r^tp' ^rjtd yaQ i6%vv d^g>6tSQa' 
xal to dlg vno tciv AA^ AB ccQa tov 8lg V7tb tSv 
AFj FB v3tsQi%sv ^rjtp' onsQ i6tlv d8vvatott' fvi6a 
ydQ i6tvv dfi(p6tSQa. 

Tfi aQa ikd66ovv 'fiva ^6vov 7tQ06aQfJv6^sv svd^stcc 

26 8wdyLsv d6vfi^stQog ov6a trj oly xal 7tovov6a td [ih^^ 

1. sv&^sta — iiovov] om. P. 2. onBQ ^dsv Sst^ai] comp. 
P, om. BFVb. 4. np'] corr. ex «y' F. 5. fiovri V, (lovrj F. 

9.^ 17] (prius) ins. m. 2 F. 10. a^a] supra scr. m. 1 V. 

avfifiszQov F. 13. rw] corr. ex ^ m. 2 F. sriQai sv- 
&slaL F. nQoaaqii.6isv b. 14. naC'] om. B. af] om. b. 

16. Ante slaiv ras. 4 litt. V. ra] x6 V, et F, corr. m. 2. 

nQOsiQrni,iva'\ (jJkv dno xmv Ad, JB (m. 2 F) xsxQayaiva 
{'yoavoov FV) a/na ^xov, x6 ds Slg vno x&v AJ^ JB fisaov 
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media congruit potentia tantum toti commensurabiliS; 
cum tota autem spatium medium comprehendens; quod 
erat demonstrandum. 

Lxxxn. 

Bectae minori una tantum recta potentia toti in- 
commensurabilis congruit cum tota efficiens summam 
quadratorum rationalem, rectangulum autem duplum 
medium. 

Sit AB minor, et rectae AB congruat BF. itaque 
^F, FB potentia incommensurabiles sunt efficientes 

_, . summam quadratorum ratio- 

I 1 1 1 nalem, rectangulum aatem du- 

plum medium [prop. LXXVI]. dico, rectae AB nuUam 
aliam rectam congruere eadem efficientem. 

nam si fieri potest, congruat BA. itaque etiam 
AA, AB potentia incommensurabiles sunt efficientes, 
quae diximus [prop. LXXVI]. et quoniam est [II, 7; 
cfr. p. 238, 7 sq.] 

{AJ^+JB^)-^{Ar^+rB^)^2AJxAB-^2ArxrB, 
et AA^ -}- AB^ excedit Aiy + FB^ spatio rationali 
(nam utraque rationalia sunt), etiam 2 AA X AB 
excedit 2 AF X FB spatio rationali; quod fieri non 
potest [prop. XXVI]; nam utrumque medium est. 

Ergo rectae minori una tantum recta congruit po- 
tentia toti incommensurabilis et cum tota efficiens 

Theon (BFVb). 16. ra] in ras. m. 1 P. 17. rd] rd B; 
tm F, sed corr. m. 1. 18. vno — Si] mg. m. 2 B. tov 
— 19. JB'] e corr. m. 1 F. 19. AJ] J e corr. m. 1 V. 20. 
vnsQSxsi] m. 2 B. stotv b. 21. aoa] m. 2 B, om. FVb. 
23. iativ] m. 2 F. 24. a^a] om. P. Ante (lioc del. ty 
AB m. 2 V. fiovT} V. 26. dvvdusL fiovov FVb. tfvft- 
fistQog FVb, et B, corr. m. 2. nai] om. V. ra] rd PFV. 
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asr' avrciv tBXQayciva cifia ^rjtovj to dl dlg im avtcov 
fid6ov' OTCSQ idsL Sst^aL. 

Tfj fista QT^tov fi66ov ro okov 7eotov0y ^ia 

6 fiovov 7eQ06aQ(i6^6L Bvd^eta 8vvayL6t aevfifLBtQo^ 

ov6a tfj oXrjj fi6ta 8h f^g oXi^g %ovov6a to (ibv 

6vyxBifi6vov ix tdiv a% avt&v tBtQaycivcav 

lii60Vj to 8i 8lg vn avtSv ^i]t6v, 

^'E6to ri (i6ta ^ritov (Ld6ov tb oXov 7t0L0v6a ii AB^ 
10 Tcal tfj AB 7tQo6aQfio^dta) ri BF' at ccQa AF^ FB 

8vvd(l6L 6l6lv d6VflllBtQ0L 7C0L0V6aL td TtQOXBC^BVa'^ 

kiycOj otL tfj AB itdQa ov 7CQ06aQfi666L td avtd 
noLov6a. 

Ei ydQ 8wat6v, 7tQo6aQ^o^dta) fi BA' xal at A/J^ 

16 ^B CCQa 6V^6taL 8wdyL6L 6l6lv d6Vflfl6tQ0L 7tOLOV6aL 
td 7tQ0X6Lpi6Va. i7t6l OVVj CO V7t6Q6%6L td aTtO tCOV Ajd^ 

^B t&v d%6 t&v AFj FBj tovtp vit6QB%BL xal to 
8lg vTtb tmv A^ ^ ^B tov 8lg vno tdiv AF^ FB 
dxokov^cag totg jtQo avtov, ro 81 8lg vno tfSv A/4y 
%0 AB tov 8\g vno t&v AFj FB v7t6Q6%6L ^rjt^' ^rjtd 
yaQ i6tLV dfiq)6t6Qa' xal td d^to tmv AA^ AB aQa 
tmv aTto tf5v AF, FB v7t6Q6%6L ^rjt^' 07t6Q i6tlv 
d8vvatov' ^66a yaQ i6tLV diig)6t6Qa. ovx aQa ty AB 
it6Qa 7CQ06aQfi666L ^vd^^ta 8vvdyL6L d6v^ii6tQog ov6a 



1. xBxqdyoivov P, xsxQaymvmv V, et F, corr. m. 2. Post 
QTizov add. fisxd xrjg olrjg Y. 2. onsQ l'^€t Ssi^aL'] comp. P, 
om. BFVb. 3. n8' F. 4. (isxd xov V. Post frixov add. 
nccC m. 2 F. 5. fiorij Y. 10. nul xn AB"] om. B. nQoa- 
aQiioiovaa Vb, nQoaaQiioiovaa 8i B, aQuotovaa F. 11. xd 
nQOns^fisva] xo (ihv avyHsl(isvov ix xav ano xciv AF, FB xs- 
xQaymvmv (isaov, xo Sl 8lg vno x&v AF, FB qtjxov Theon 
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summam quadratorum rationalem^ rectangulum autem 
duplum medium; quod erat demonstrandum. 



LXXXIII. 

Rectae cum rationali totum medium efficienti una 
tantum recta congruit potentia toti incommensurabilis, 
cum tota autem summam quadratorum mediam efficienS; 
rectangulum autem duplum rationale. 

Sit j^B recta cum rationali totum medium efficiens, 
et rectae jiB congruat BF. itaque AFy FB potentia 

P ^ incommensurabiles sunt propo- 

I 1 1 — I sita efficientes [prop. LXXVll]. 

dico, rectae jiB nuUam aliam congruere eadem effi- 
cientem. 

nam si fieri potest^ congruat B^. itaque etiam 
A^, ^B rectae potentia incommensurabiles sunt pro- 
posita efficientes [prop. LXXVII]. iam quoniam, sicut 
in priore propositione [p. 246, 16 sq.] 

(^z/2+^52)-v-(^r2+r5')=2^z^xz^5-^2^rxrB, 

et 2 Ajd X /^B excedit 2 AF X FB spatio rationali 
(nam utrumque rationale est), etiam AA^ -{- ^B^ ex- 
cedit AI^ + FB^ spatio rationali; quod fieri non 
potest; nam utraque media sunt [prop. XXVI]. itaque 
rectae AB nuUa alia recta congruet potentia toti in- 
commensurabilis^ cum tota autem efficiens, quae dixi- 



(BFVb). 12. Xiym -— 16. wpoxfif^eva] om. P. 12. tavxa V. 

14. AJ\Jq corr. m. 1 b. 16. ra grpoxs^/LiEfa] xo ftlr avy- 
'ns^lisvov £x zmv dno xmv AJ^ dB tSTQaymfOiv fiiaov^ to 8h 
dlg vno t6v AJ, JB {AB, BJ (p) ^ritov Theon (BF Vb). ro:] 
corr. ex rd F. 18. Post TB uacat una liuea et spat. 6 litt. b. 

21. iativ'] om. V, m. 2 F. 23. yaq siaiv V. 
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tfj oAg, iieta de trjg oki]g noiov6a ta jtQOSiQrj^dva' 
fiia aga fiovov 7tQ06aQfi66€r ojc£Q idec det^aL. 

Tfj [istic ^i6ov fii6ov ro oAov noLOV6y ^Ca 
5 yiovri nQo6aQfi6^st svd^sta Svvdiisi d^vfifistQog 
ov6a ty oXy, fistd dl tijg okr^g novov6a t6 ts 
6vyxslfisvov ix t&v d% avt&v tstQayoivcov 
^i6ov t6 ts dlg v% avtiSv fii6ov xal iti d6rjfi- 
^stQOv tm 6vyxstfiiva) ix tcav dn avt&v. 

10 ''E6ta) ^ ^std ^i6ov [li^ov tb okov %oiov6a fi AB^ 
7CQo6aQ^6^ov6a Sh avtfj ^ Sf* aC aQa -^f, FB dv- 
vd^SL sl6lv d6v^(istQ0L novov6ai td nQOSLQrjiiiva. liyco, 
or& tri AB stiQa ov nQ06aQfi66st novov6a td xqosl- 
Qrj^iva, 

15 El ydQ Svvat6v, %Q06aQfio^ita) fj BzJ, S6ts xal 

. tdg Ajd^ jdB Swdfisv d6vyniitQ0vg slvac Ji0L0v6ag td 

ts djio t&v AA^ AB tstQaycova afia fii6ov xal t6 

Slg vjtd tSv AAj AB (ii6ov xal hi td djco t(5v AA^ 

jdB d6vfifistQa t^ Slg vito tAv AA^ AB' xal ixxsC6%^co 

20 Qrjtri ri EZ^ xal totg [ilv dito tAv AF^ FB l6ov JtaQa 
trjv EZ naQafisfilrj6&co ro EH %Xdtog novovv t^v 

1. td TtQosiQrjii^ivec] to (ilv avyKBtfievov in tmv du avx&v 
TSTQayoivoiv fiiaov, xo 8^ dlq vn avxmv (i^tdv Theon (BFVb). 
2. ii,Ca &Qa'] zy uQa iistd qtixov iiicov xo oXov noiovafj fiCa 
BVb et F, om. (iCa, nQoaaQfi6isi> Vb, ^al xa i^rjg F. otcsq 
^dsi dsi^aC] comp. P, om. BFVb. ^ 3. nd'] sic m. 2 F. ^ 6. 
fiovov BFb. Post dvvdfisv deL fiovov m. 1 P. 8. xo.xs'] 
xal z6 Theon (BFVb). vno xmv b. davfifi,sxQos F, sed 
€orr. 9. x6 avynsCfisvov Ix xav dn avxcav xa dlg vn avxmv 
Theon (BFVb)L 11. avx^] om. Theon (BFVb). 12. xd 
nQosiQTjfisva] xo xs (jiiv F) avynsCfisvov Ix xmv dn' avxmv xb- 
xQay(6va)v fiiaov Kal x6 dlg vno x&v AT, FB (vn' avxmv V) 
fisaov^ ^xi (corr. ex iaxi F) 61 xa dno xmv ^JT, FB xsxQdymva 
\xd add. F) davfi>ft,sxQa xm dlg vno xav AF, FB Theon (BFVb). 
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mus. ergo una tantum congruet; quod erat demon- 
strandum. 

LXXXIV. 

Bectae cum medio totum medium efficienti una 
tantum congruit recta potentia toti incommensurabilis, 
cum tota autem efficiens summam quadratorum mediam 
et duplum rectangulum medium praetereaque summae 
quadratorum incommensurabile. 

Sit AB recta cum medio 

totum medium efficiens^ ei 

E @ M N autem congruens BF. itaque 

j4r, FB potentia incom- 
mensurabiles sunt efficien- 
tes , quae diximus [prop. 
LXXVni]. dico, rectae AB 
nullam aliam congruere efficientem, quae diximus. 

nam si fieri potest, congruat J5^, ita ut etiam 
A^, ^:IB potentia incommensurabiles sint efficientes 
A^^-^-^S^ medium et 2 AAxAB medium et prae- 
terea A^^ + AB^^ 2 AA X jdB incommensurabilia 
[prop. LXXVIII]. et ponatur rationalis EZ^ et qua- 
dratis ^F^ -f- FB^ aequale rectae EZ adplicetur EH 
latitudinem efficiens EMy spatio autem 2 AFxrB ae- 
quale rectae EZ adplicSetur 0H latitudinem efficiens ®M, 

13. Post ngoauQfidasL add. Theon: dvvayiBi daviifistQog ovacc 
T^ oXfjf fisra dh t^s oXrjg (BFVb). TiQosiQTjfisva] -sl- in ras. 
m. 1 P, TtQOHsifisva Theon (BFVb). 16. slvai daviiiistQOvg 
BFV, slaiv davfni. b. rd re] ro xs P, td fisv BFb, rd ts 
avynsiiisvov e corr. V. 17. dTco^l ix V. AJ, JB] ia ras. V. 

tsTQaymvoiv P et V (supra -mv ras. est). aiuc] supra scr. V. 

rdl supra scr. V. 18. vno — dB] vn avzmv V. ra] 
om. r. 19. Post JB del. m. 2 tstQayatva V. davfifiszQOv P. 

20. rotg] corr. ex ro-dg m. 1 V. 
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EMj tip 8% Slg vjio xAv jiTj FB tcov TtaQcc rr/i/ EZ 
naQa^B^kr^Cd^G) xo ®H Jtldrog noi^ovv f^v &M' Aot^roi/ 
aga to aTto r% AB t6ov ictl tp EA' ^ aga AB 
dvvatai to EA. ndkiv tolg ano t£v AA, AB l'6ov 
5 JcaQa triv EZ naQafiefili^ed^a) tb EI Ttkdtog Ttoiovv 
tiiv EN. i6ti S\ xal tb dytb tfjg AB i'6ov t^ EA' 
XoLTtbv aQa tb 8lg vTtb tAv AA^ AB t6ov \i6tX\ tp 
&L xal ijtsl ^66ov i6tl tb ^vyxsi^svov ix tciv djtb 
tdov AFy FB xai i6tiv t6ov tS EH^ ^ieov aQa iatl 

10 Tcal tb EH. xal JtaQa ^ritriv triv EZ TtaQaxsLtav TtXdtog 
Ttoiovv triv EM' ^ijtrj aQa i6tlv ^ EM xal d^vfi- 
fiStQog t^ EZ fii^€L. itdkvv^ istsl fii6ov i6tl ro 8lg 
vjtb t&v AFj FB xaC i6tiv t6ov t^ BH^ ^€6ov aQa 
xal tb ®H xal TtaQa Qijtriv tr^v EZ naQdxsitai 

16 Ttkdtog jrofcovi/ r^v ©M' Qritr] aQa i6tlv rj 0M xal 
d6vfi[i6tQog tfj EZ ^T^xsL. xal ijtsl d^vfifistQd i6ti 
ta dnb tmv AF, FB tp 8lg vnb tmv AF, FB^ d6vfi- 
[istQOV i6ti xal tb EH t^ ®H' d^v^fistQog aQa i6tl 
xal fj EM tfj M& fii]xsi, xaC sl6iv dyifpotSQai ^rjtaC' 

20 al ccQa EMj M& ^rjtaC sl6v 8vvdfiSL ftoi/oi/ 6v^fistQ0v* 
dnotofirj aQa i6tlv ri E&^ JtQ06aQfi6^ov6a 8h avtfj fj 
&M. b^oCa)g 8ri 8sC^0[isVj otv fi E& ndXiv dTtotoynq 
i6tLV^ %Q06aQ^6iov6a 8% avtfj ^ &N, ty aQa dTtotofifj 
akkri xal dkkri 7tQ06aQii6^SL Qrjtri ^wdfiSL ^ovov 6vii- 

25 fistQog ov6a tfi oky ' oTtsQ i8sC%%ri d8vvatov. ovx aQa 
tfj AB itSQa 7tQo6aQiL66SL svd^sta. 



1. naga — 2. naQapt§X'qad'(o] dtpi^jQi^ad^a} V. 2. HQ B. 
M9 in ras. V, @N F. Xomov — 6. EN] mg. m. 1 F. 4. 
toLg iisv P. 6. Trjv] bis V. 7. iat^] iativ P, om. PVb, 
m. 2 B. 9. Twl t6 F. fiiaov — 10. EH] mg. m. 2 V, 
om. nat. 13. twj corr. ex to V, to F. 0H] H®' F. 16. 
QTitri — &M] mg. m. 1 P {iatl tfi), 17. advftfifiTpor — 18. 
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itaque reliquum [11,7] AB^ = EA, quare AB spatio 
EA aequalis est quadrata. rursus quadratis AA^-^- AB^ 
aequale.rectae EZ adplicetur EI latitudinem ef&ciens 
EN. uerum etiam AB^ = EA. itaque reliquum [II, 7] 

2AAXAB = ®L 
et quoniam AF^ + FB^ medium est, et AF^ + rB^=EH, 
etiam EH medium est. et rectae rationali EZ adpli- 
catum est latitudinem efficiens EM. itaque EM ra- 
tionalis est et rectae EZ longitudine incommensura- 
bilis [prop. XXII]. rursus quoniam medium est 
2 ATx FB, et 2 ATx FB = ®H, etiam @if medium 
est. et rationali EZ adplicatum est latitudinem efficiens 
®M, itaque ®M rationalis est et rectae EZ longi- 
tudine incomn^ensurabilis [prop. XXII]. et quoniam 
AF^ + rB^ et 2ArxrB incommensurabilia sunt, 
etiam EH, ®H incommensurabilia sunt. itaque etiam 
EMj M® longitudine incommensurabiles sunt [VI, 1; 
prop. XI]. et utraque rationalis est. itaque EM, M® 
rationales sunt potentia tantum commensurabiles. quare 
E® apotome est [prop. LXXIII] et ®M ei congruens. 
iam similiter demonstrabimus, rursus E® apotomen 
esse, ei autem congruentem ®N, itaque apotomae 
diuersae rectae congruunt potentia tantum toti com- 
mensurabiles; quod demonstratum est fieri non posse 
[prop. LXXIX]. itaque rectae AB nuUa alia recta 
congruet. 

@H] mg.m. IV. 18. aQcc kaxC BFb. ©H] H9' F. hzCv 
PB. 19. fi?jxet] om. b. 21. nqoaaqii>6xzovGa V. 22. 0M1 
He b, et F, corr. ex M®. 23. Igxi PBV, comp.Fb. 24. %al 
aXXrj QTjf^ B. ^i?tw] m. 2 B. 26. ddvvaTOv iSsCx^rj V. 
26. Post AB del. sv&sia m. 1 V. nQoaaQiiotsi b. 
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Tij aQa AB fiia fiovov TCQOffaQfio^si sv&sta dwa^av 

devfifisxQog ov6a tfj oXrj^ fista 8s tijg oki]g noiov6a 

ta ts d% avtSv tstQayava afia fis^ov xal tomdlg im* 

avtSv fis6ov xal iti td dit avtAv tstQaycova d^vfi- 

6 fistQa rc3 dlg v% avtcov otcsq ISsl dst^ai. 

"OqOI tQLtOL. 

a\ ^TTtoxsL^svrig ^rjtrjg xal a^oroft^g, idv ^lv rj oXrj 
trjg 7eQo6aQno^ov6rig fist^ov dvvrjtai t^ dno 6v^fistQov 
iavtfj [irjxsij xal ^ okri 6vfifistQog y trj iTcxsL^svf] 

J IQ 9^^S f^V^^h XCC^si^d^CO d TtOtOfli q Tr.Qmrn^. 

*^^ /^' /3'. ^Edv ds fj 7eQ06aQ[i6^ov6a 6v^^stQog y t^ ix- 
xsLHSvrj ^rjtij fi^qxsLy xal ^ olri trjg %Qo6aQ(io^ov6rig 
fist^ov dvvrjtaL ta d%o 6vfinstQov iavtfjj xaksL6^co 

15 y\ ^Edv ds firidstsQa 6vfLfistQog y tfj ixxsLfisvy 
Qrjtfj HT^xsL^ ri ds olrj trjg 7tQo6aQfio^ov6rjg fist^ov 8v- 
vrjtaL rc5 dno 6vii(iitQov iamfj, xaXsL^d^co dTtotouv 
^ A^, t QLtrj . 

d\ ndlLVy idv fi oXrj trjg 7tQo6aQfio^ov6rig (ist^ov 
20 SvvrjtaL rc3 dno d6vfifistQ0v savtfj [(i^^xsl]^ idv (ihv 
^ oXrj 6viifistQog rj tfj ixxsLfisvrj ^rjt^ (irjxsiy xaXsL6^(o 
^^€4i^ d %otoyir\ tstdptrj . 

"^s^x s\ ^Edv 8% rj nQo6aQii6^ov6a^ Jtifinz jj^ 
'!^^' ^- '^^^ ^^ firjSstiQa, sxtrj. 



1 fiovq V. TCQoaaQfioasi BFV. 3. ra] om. b, to P. 

tSTQdyoovov P. fisaa V. 4. xal IriJ hi r« BFVb. 6. 
dig] om. b. avrcov] eras. B. onsQ sdsL Sst^aL'] om. BV. 

6. oQoi xQkoL] PV, mg. m. 2 B, om. F; m' b, mg. m. 2 B. 
numeros om. codd. 7. 17] om. B. 8. ^vrarat tp. davfu^ 
fisxQov BV, sed corr. 9. r}] supra scr. m. 1 b, om. V. 11. 
si V. 12. xal 71 — 13. favr^] om. Fb, mg. m. 2 B. 12. 
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Ergo rectae AB una tantum congruit recta potentia 
toti incommensurabilis, cum tota autem efficiens sum- 
mam quadratorum mediam et duplum rectangulum me- 
dium praetereaque summam quadratorum duplo rectan- 
gulo incommensurabilem; quod erat demonstrandum. 

Definitiones tertiae. 

1. Datis recta rationali et apotome, si tota qua- 
drata congruentem excedit quadrato rectae sibi com- 
mensurabilis, et tota rationali propositae longitudine 
commensurabilis est, uocetur apotome prima. 

2. Sin congruens rationali propositae longitudine 
commensurabilis est, et tota quadrata congruentem 
excedit quadrato rectae sibi commensurabilis, uocetur 
apotome secunda. 

3. Sin neutra rationali propositae longitudine com- 
mensurabilis est, et tota quadrata congruentem excedit 
quadrato rectae sibi commensurabilis, uocetur apotome 
tertia. 

4. Rursus si*tota quadrata congruentem excedit 
quadrato rectae sibi incommensurabilis, si tota rationali 
propositae longitudine commensurabilis est, uocetur 
apotome quarta. 

5. Sin congruens ei commensurabilis est, quinta. 

6. Sin neutra, sexta. 



xat] supra scr. m. 1 V. 13. dvvatat PV. Post KaXs^G&oa 
ras. 2 litt. V. 16. st V. 16. ij dh oXrj — 17. iavz^] om. 
Fb, m. 2 B. 16. dvvaxai V. 19. ^] m. 2 B. rijt nQOG- 
aQfioiovarit B, sed corr. (ante trji ras. 1 litt.). 20. avafiezQov 
B, corr. m. 2. firJKSi] om. P. fisv] supra scr. m. 1 P. 21. 
r]] m. 2 B. 24. -ga I- in ras. m. 1 P. 
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EvQstv rrjv 7CQ(6xriv ajtoto^fjv, 
^EKxeied^co QTfiri] i] A^ xal xfi A ^7]9tet 6v^(iexQog 
iexco rj BH' Qrixii aQa i0xl xal r] BH. xal ixxeced^a^^av 
6 Svo xexQdya)vov aQtd^iiol oi /JE^ EZ, c5v ^ vTteQOxrj 6 
Z^ liri i6xo xexQayiovog' ovd^ aQa 6 E^ TtQog xov 
z/Z Xoyov ixeij ov xexQaya^vog aQid^iiog TtQog xexQa- 
yovov aQtd^iiov. xal 7Cenoiri6^(o c)g 6 E/1 TtQog xov 
/JZ^ ovx(og xo ajtb xrjg BH xexQayovov Ttgog x6 ano 

10 xrig HF xexQaycovov' 0v[i^exQov aQa i0xl xo anb xfjg 
BH xp ccTtb xijg HF. ^rjxbv dl xb ajto x^^g BH' 
Qi^xbv aQa xal xb anb xrjg HF' Qrjx^ aQa icxl xal ^ 
HF, xal ijtel 6 E/J TtQbg xbv /IZ koyov ovx i%ei 
ov xexQciyovog aQid^iibg TtQbg xexQciycovov aQcd^iioVy ovd 

15 aQa xb ccTtb xrjg BH TtQbg xb aTtb xrjg HF Xoyov i%ei^ 
ov xexQayovog aQLd^^ibg TtQbg xexQayovov aQLd^fiov' 
aOviiiiexQog ccQa i6xlv i] BH xy HF ^'^xei, xai el6iv 
d[ig)6xeQai QrixaC' al BHj HF aQa ^rjxaC eicv Svvdfiet 
liovov 0vii[iexQOi' ri aQa BF aTtoxoiii^ ioxLV. 

20 Aeyc^ dif, ort xal TtQcixr]. • 

SIl yccQ [let^ov i6xi xb aitb xfjg BH xov aTtb xrjg 
HFy §6X0) xb aTtb xrjg ®. xal ijteC i6xiv Sg 6 E^ 
TtQbg xbv Z^5 ovxc^g xb aTtb xrjg BH TtQog xb djcb 
xrjg HFj xal dva6XQeil>avxi ccQa i6xlv (hg 6 /JE TtQbg 

25 xbv EZj ovxoDg xo ditb xrjg HB TtQbg xb djtb xfjg S. 

1. ««'] om. BFb. 3. qrixrf\ m. 2 B. /x^Hfit] om. V. 4. 
laro)] ^azai F, corr. m. 1; icxta (irjnsi V. iat^v P. BH] 
corr. ex HB V. 6. ^] m. 2 F. 6. z/Z BVb. ovx FV. 

7. JZ] "Zz/' F. 8. Tcsnois^a&a} F. 6] m. 2 F. 10. 
tstgdycovov^om, V. avfifisxQog V, corr. m. 1. iatCv V. 

11. ifB F. Hr} supra scr. b; @r F, sed corr. (?). 

QTitov — Bif] m. 2 B. 13. HF] in ras. V, corr. ex FJ 
m. 1 b. 14. d^L&fios] om. V. oiQid-iiov} om. V. ov9s 
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LXXXV. 

Inuenire apotomen primam. 

Ponatur rationalis A^ et rectae A longitudine com- 

mensurabilis sit BH. itaque etiam BH rationalis est. 

et ponantur duo numeri quadrati JE^ EZ^ quorum 

B r H differentia Z^ quadratus 

Al 1 I 1 1 ., r 

^ numerus ne sit Iprop. 

E Z A XXVm lemma I]. itaque 
E^:^Z rationem non habet^ quam numerus quadratus 
ad numerum quadratum. et fiat E/1 :JZ = BW: HF^ 
[prop. VI coroll.]. itaque BH^, HF^ commensurabilia 
sunt [prop. VI]. uerum BH^ rationale est. itaque 
etiam HF^ ratipnale est. quare etiam HF rationalis 
est. et quoniam E^ : ^Z rationem non habet^ quam 
numerus quadratus ad numerum quadratum^ ne BH^ 
quidem ad Hjy rationem habet, quam numerus qua- 
dratus ad numerum quadratum. itaque BH^ HF lon- 
gitudine incommensurabiles sunt. et utraque rationalis 
est. itaque BH^ HF rationales sunt potentia tantuin 
commmensurabiles. ergo JSJTapotome est[prop.LXXIII]. 

lam dico, eandem primam esse. 

sit enim ©^ = BH^-^HF^ [prop. XHI lemma]. et 

quoniam est 

Ed:ZJ = BH^:Hr^, 

etiam conuertendo [V, 19 coroll.] est 

JE:EZ = HB^ : &. 

uerum ^E: EZ rationem habet, quam numerus qua- 

dratus ad numerum quadratum; nam uterque quadratus 

FVb. 15. a^a] supra scr. m. 1 V. HF] e corr. V. 17. 
BHI HB cp. 18. siaiv P. 19. iatt. V, comp. b, siai comp. qp. 

22. ©] in spat. 2 litt. 9. EJ] JE V. 23. rov] t6 b. 

^Z BVb. 24. JE] in ras. m. 1 P. 

Euclides, edd. Heiberg et Menge. m. \.1 
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6 8h dE TtQog rov EZ koyov i%6v, ov xaxQdytovog 
aQi^l».og TtQog rstQdyavov aQi&iiov sxdteQog yccQ ts- 
tQdy(ov6g i6tiv' xal ro djto f^g HB &Qa %Qog ro 
dno trig S Xoyov i%st^ ov tstQdyovog aQid^iiog TtQog 
6 tszQdycDVOv aQi^nov' ^vfi^stQog aQa i6tlv ri BH tij 
lirjxsv. xal Svvatav ri BH tijg HF fist^ov tp dno 
trig ®' ri BH aQa trjg HF ^ist^ov Svvatai rc3 «jro 
Cvn^stQOV savty (n^xsL. xal iotvv ri oXrj f} BH 6v^' 
(istQog tfi ixxstfisvy ^tfj fii^TCSL tij A. fj BF aQa 
10 djtoto^i^ i6ti TtQcitri, 

EvQritai aQa rj jtQdtrj ditoto(i'^ ^ BF' otuq iSsc 

SVQStV. 

7tg\ 
EvQstv triv SsvtiQav d7toto[ii^v, 

15 'ExTcsi^d^m ^rjtri ^ A xal tfj A 6viiiistQog (irixst^ 
ri HF. ^ritrj aQa i6tlv rj HF, xal ixxsC6%^(o6av Svo 
tstQdymvoi aQi^fiol ol ^E^ EZ^ &v rj V7tSQ0%rj o dZ 
(iri i6t(o tstQdymvog. xal JtsTtoii^^d^a) (og 6 Z^ TtQog roi/ 
^E^ ovtcag ro dno trjg FH tstQayovov TtQog tb «Jto trjg 

20 HB tstQdycavov. 6v(i(istQ0v aQa i6tl ro dito trjg FH ts- 
tQdyovov rc5 ditb trjg HB tstQaydvp. ^r^tbv Sh tb dnb 
tfig FH. ^rjtbv aQa [i6tl] xal tb ditb trjg HB' ^r^tri aQa 
i6tlv fi BH. xal ijtsl tb ditb trjg HF tstQdyovov jtQbg to 
dnb trjg HB Xoyov ovx i%SLj ov tstQdycovog dQLd^fibg TtQog 

25 tstQaycavov dQLd^iiov^ d^viifistQog i6tLV fj FH tfj HB 
[irixsL. xal sl6Lv dfjLq)6tSQaL ^r^taL' al FHj HB aQa 

1. £Z] in ras. V. VodtXoyov del.ovTiF. 2. TSTQdycovosl 
TBTQciymvov F, sed corr. 3. iaTi PB V, comp. Fb. aQo] om. tp. 
4. @] H® b. 6. BH] HB P. 6. T^g] Tfj b. 7. Q. wl 
@H h; H0. rj F. 8. ccavfifiiTQOv P, et eras. a- V. 17] 
(prius) om. BVb. 9. iiJKSt] om. F. t^ A iiriiisi BV. 13. 
«s'] om. F, in figura ns . 14. Tr^v] supra scr. m. 1 P. 16. 
davfifiSTQog P, corr. m. rec; avfifiSTqog iaTan V. 16. iaTlv 
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est. itaque etiam HB^ : ^ rationem habet^ quam nu- 
merus quadratas ad numerum quadratum. quare BH,0 
longitudine commensurabiles sunt [prop. IX]. est 
autem BH^ -^ HT^ = SK itaque BH quadrata ex- 
cedit Hr quadrato rectae sibi longitudine commensu- 
rabilis. et tota BH rationali propositae A commen- 
surabilis est. itaque BF apotome prima est [defiP. 
tert. 1]. 

Ergo inuenta est BF apotome prima; quod erat in- 
ueniendum. 

LXXXVI. 

Inuenire apotomen secundam. 

Ponatur rationalis A et rectae A longitudine com- 
mensurabilis HF. itaque HF rationalis est. et po- 
nantur duo numeri quadrati ^E^ EZ, quorum differentia 
^Z numerus quadratus ne sit [prop. XXVIII lemma I]. 
et fiat Z^ : z/fi = FH^ : HB^ [prop. VI coroU.]. itaque 
JTii^, HB^ commensurabilia sunt [prqp. VI] uerum 
FH^ rationale est. quare etiam HB^ rationale est. 
itaque etiam BH rationalis est. et quoniam HF^ : HB^ 
j rationem non habet, quam 

I 1 numerus quadratus ad nume- 

f f ^ rum quadratum, FH et HB 

longitudine incommensurabiles 

^ ^ sunt [prop. IX]. et utraque 

rationalis est. itaque JTif, HB 



■\ 



xal 17 P. 17. xBtQdycovoi] om. P, ins. m. 2 ante 8vo, 6] 
ij V. 18. ntnonMm F. z^Z FVb. 20. <FVfi|*«Tpog P, 
corr. m. rec. 21. xBx^aytovtp] om. V. 22. lart'] om. BFVb. 

25. ^Gxiv'] aqa ^ iariv (sic) b, &qci iativ\\ uQa add. m. 2 F. 

HB} BH BF. 26. ftijKee] e corr. V. HB] B e corr. 7, 

aQa\ om. P9. 

17* 
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^taC eiOi Swdii6L iiovov 0v(ifiSTQOi' rj BF &Qa dno- 

TO[irj i6tLV, 

AiytQ Sri^ otL xal SevtiQa. 

^Sli yccQ fiet^ov icti to cctco trjg BH rotJ aTto tijg 

6 HFy i0t(o to aTCo tfiq G. iTtsl ovv iotiv (og to ano 
trig BH TCQog tb ano tfig HF^ ovtcag 6 E^ aQLd^fiog 
^BCQog tbv z/Z aQi&fiov^ avaStQi^avti aQa i0t\v (hg 
tb aTcb trjg BH TCQog tb dicb trjg 0, ovtiog 6 ^E 
TCQog tbv EZ, xai iativ STcdtsQog tciv JE^ EZ ts- 

10 tQdycovog* tb aQa d%b r^g BH jCQbg tb dnb trjg 
Xoyov i%sv^ ov tstQdycDvog dQid^fibg TCQog tstQdycavov 
dQLd^iiov Ovn^stQog ccQa ietlv ^ BH tjj ® fn^xsi. xal 
dvvatai ri BH tfjg HF fist^ov rc5 dicb r^g ®' rj BH 
aQa tiig HF [ist^ov Svvatai t^ djcb 6v[iiistQov iavtij 

16 fnjx£t. xai i0tiv ri XQOOaQiio^ovaa rj FH tfi ixxscfisvy 
^i^rj} 6v[iiistQog tfj A, r] BF aQa dTCotOfii^ i6tL dsvtiQa. 
EvQritaL aQa dsvtiQa ajrorofi^ '^ BF' otcsq iSsL 
Sst^aL. 

20 EvQStv trjv tQCtriv d7toto[ii^v, 

'ExoLsCed^cj ^i^r^ fj A^ xal ixxsCa&coaav tQstg dQtd^[iol 
OL jB, BF, r^ loyov (i^ i%ovtsg TCQbg dXXi^Xovg^ ov 
tstgdycDvog dQLd^fibg aQog tstQdyavov dQLd-fiov^ 6 S} 
FB TCQog tbv B /1 Xoyov ixitcD^ ov tstQaycovog dQLd^fibg 

2. iati PBV, comp. Fb. 3. ^?}] om. V. 6. ccQi&fiog'] 
om. V. 7. ccQiJd^iiov] om. V. 8. ovtoas] a tmv (corr. ex 
to) F. 6] supra scr. F. JE] EJ F, 12. iatCv] iatl 
(iriTisi V. firjHSi'] om. FVb, m. 2 B. xttl Svvatai] m. 2 
Bupra scr. B, -«va- in ras. V, iia£ iattvFhf Bm. 1. 13. (isC^oiv 
Fb et B, sed corr. m. 2; seq. ras. 6 litt. V. tip] in ras. m. 
1 B, tov b. tfjg] om. V. tj BH — 14. cvfiiiitQOv] mg. 
m. 1 Y (avfifistQov etiam in textu). 14. davfifiitQov b, corr. 
m. rec. 15. avfifistQog t^ iymsifisvjj (rit^ Theon (BFVb). 
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rationales sunt potentia tantum commensurabiles. ergo 
Br apotome est [prop. LXXIIl]. 

lam dicO; eandem secundam esse. 

sit enim 0*=5r*-H~Hr^ [P^op. XIII lemma]. iam 
quoniam est ^jj2 . jjp2 _ j^j . jz, 

conuertendo [V, 19 coroU.] erit BH^:0^ = JExEZ, 

et uterque ^E^ EZ quadratus est. itaque BH^ :®^ 

rationem habet, quam numerus quadratus ad numerum 

quadratum. itaque BHy® longitudine commensurabiles 

sunt [prop. IX]. et BH^ -:- HF^ = e\ quare BH 

quadrata excedit HF quadrato rectae sibi longitudine 

commensurabilis. et congruens Fff rationali propositae 

A commensurabilis est. itaque BF apotome est se- 

cunda [deflf. tert. 2]. 

Ergo inuenta est apotome secunda BF; quod erat 

demonstrandum. 

LXXXVII. 

Inuenire apotomen tertiam. 

Ponatur rationalis j4, et ponantur tres numeri E, 
JSJT, r^ rationem inter se non habentes, quam nu- 

^ merus quadratus ad numerum 

1 ' quadratum, FB autem B.d B^ 

^ rationem habeat^ quam numerus 



H 



I ^x quadratus ad numerum quadrar 

, , j5 tum, ei &B.t E:Br=A^ : ZH^ 

^ j P [prop. XXVIII lemma I], et 

I ' ' BF: Fd = ZH^ : H&^. iam quon- 



iSsi , , , _, ..,, ,,„ ., __. 

ws' F (enan.). 21. 17 (ritri 17 P. 22. FJ] corr. ex ^ m. 2 F. 
24. rs] corr. ex FJ m. rec. b. 
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JtQog tstQciycDvov aQid^fidv, xal neTtofjq^^^a tog (ihv b E 
nQog rov BF^ ovtcDg ro anb tijg A tetQaycavov JCQog 
tb ajtb tijg ZH tstQciycJvoVy (og Sh b BF JtQog tbv 
r^j ovtog tb anb tfig ZH tstQdycavov XQog tb djtb 
5 tijg H&. ijtsl ovv iotiv d)g 6 E nQbg tbv BF^ ovtoig 
tb dnb r^g A tstQdyavov nqbg tb ditb r^g ZH ts- 
tQdycDvoVj 6v[i[istQ0v aQa i6tl tb dnb tijg A tstgd- 
ycovov t^ dnb tijg ZH tstQaydv^. ^ritbv Sh tb dnb 
tijg A tstQdycavov. ^ritbv aQa Tcal tb dnb t^g ZH' 

10 ^ritri aQa ietlv rj ZH. xal iitsl 6 E TtQbg tbv BF 
Xoyov 0V7C i%sv^ ov tstQdycovog dQcd^iibg TtQog tszQdycovov 
aQLd^fiov^ ovS' aQa tb dnb tijg A tstQdycovov n^bg tb 
dnb tijg ZH [tstQdycavov'} Xoyov i%SLy ov tstQdycavog 
aQLd^fibg TtQog tstQdycovov dQid^iiov' d6v[i(istQog aQa 

15 i6tlv rj A t^ ZH iii^xsi. TtdXiv, iitsi i^tiv &g o BF 
XQbg tbv Fjd^ ovtag tb ditb tijg ZH tstQdycavov Jtgbg 
tb dnb tfig H®y 6v(iiistQ0v aQa i6tl tb dnb tijg ZH 
tS dnb tfjg H®. ^rjtbv S% ro d%b r^g ZH* ^rjtbv 
aQa xal tb ditb tijg H&' ^rjtri aQa i6tlv rj H&. xal 

20 insl BF TtQbg tbv Td Xoyov ovx ^%si^ ov tstQa- 
ycovog dQi^iibg nQog tstQayatvov apt-d-fioi/, [ovS^ uQa 
tb dnb trjg ZH itQbg tb dnb tijg H& koyov l%si^ ov 
tstQdycDvog aQLd^fibg JtQbg tstQdycovov aQLd^nov' d^vfi- 
[istQog aQa i6tlv rj ZH t^ H& [ii^xsl. xaC s16lv dfi- 

25 q>6tSQaL ^rjtai' at ZH^ H& aQa ^rjtai s16l Svvd^SL 
ftoi/or 6v(i(istQ0L' anotO(iri aQa i6tlv rj Z&. 
Aiyc3 ^if, otL xal tQitrj. 

^Ensl ydQ i6tLV cog [ihv 6 E TtQbg tbv BF^ oirtcog 
tb dnb tijg A tstQdyavov TtQbg tb ditb trjg ZH^ dtg 

1. nsnoisiad-oi F. 4. ZH] corr. ex ^Jf F. 6. ii xstQd- 
ymvov] A V. 7. iaxC] om. V. Tszadymvov] om. V. 8. ts- 
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iam est E:Br= A^iZlP^ J? et ZH^ commensura- 
bilia sunt [prop. VI]. uerum A^ rationale est. itaque 
etiam ZH^ rationale est. quare ZH rationalis est. 
et quoniam EiBF rationem non habet^ quam numerus 
quadratus ad numerum quadratum, ne ^^ quidem ad 
ZH^ rationem habet, quam numerus quadratus ad 
numerum quadratum. itaque A^ ZH longitudine in- 
commensurabiles sunt [prop. IX]. rursus quoniam est 

Brir/i^zH^iH&^ 

ZH^ et H®^ commensurabilia sunt [prop. VI]. uerum 
ZH^ rationale est; itaque etiam JEf^ rationale est. 
quare H® rationalis est. et quoniam BFi F/l rationem 
non habet; quam numerus quadratus ad numerum 
quadratum, ne ZH^ quidem ad H& rationem habet^ 
quam numerus quadratus ad numerum quadratum. 
quare Zif, H® longitudine incommensurabiles sunt 
[prop. IX]. et utraque rationalis est. itaque ZH^ H® 
rationales sunt potentia tantum commensurabiles. ergo 
Z® apotome est [prop. LXXIII]. 

lam dico^ eandem tertiam esse. 

nam quoniam est E:Br= A^:ZH\ Br:r^ = 
ZH^ : ®H\ ex aequo [V, 22] E:r^ = A^: ®H\ 

xqaymvo}] om. V. Sb\ iati, add. di m. 2, V. 9. xBXQd- 
ycBvov] om. V. 12. ovdi b. 13. zBZQay(ovov\ om. P. 16. 
T^] corr. ex xrig B, zriq F. 16. rdv] om. B. 17. If0] e 
corr. F. 18. to»] «pog to Fb. ^rpcdv — ZH] mg. m. 1 V. 

19. a^a Y,aC] in ras. V. ^rizri — H&] mg. m. 1 F. iazCv\ 
om. b. 21. ovdi b. 22. zO\ (alt.) supra scr. m. 1 F. H®\ 
H eras. V. 24. ZH] HZ F. 26. at — bIci\ mg. m. 2 B, 
in textu at slai, bIoiv P. 27. zqCz7\] corr. ex ^ti} m. 1 P. 

28. ovz(o B. 
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8h b BF JCQog tov fz/, ovviog rb ccTtb r^g ZH Ttgbg 
rb ajtb trjg @Hy 8v' tcov aga i6tlv d>g b E TCQbg tbv 
F/Jj ovttog tb anb trjg A ngog tb anb tijg GH, 6 
8h E Jtgbg tbv F^ Xoyov ovx i%SL^ ov tatQaycovog 

5 aQid^nbg Ttgbg tstQdycavov dQi^[i6v' ov8' aQa tb dnb 
tijg A TtQog ro dnb t^g H® Xoyov i%6L^ ov tetQaycjvog 
dQid^iibg TtQog tstQaycDvov dQi^^iov d6v^ii6tQog aQa 
fj A ty H@ [11^X61. ov86r6Qa aQa t(5v ZH, H0 CvyL- 
[letQog i6tL tfj ixx6i[iivy ^i^tjj ty A [n^7C6i, c5 ovv 

10 (let^ov i6ti tb dnb rijg ZH tov dnb r% HS^ i6tai 
tb dnb t^g K, inel ovv i6tiv a>g b BF nQog tbv JTz/, 
ovtcDg tb dnb tijg ZH XQog tb dnb tijg HS^ dva^tQs- 
tl^avti ccQa i6tlv cog b BF TCQbg tbv Bjd^ ovtag ro 
dnb tiig ZH tetQaycovov jtQbg tb dnb tijg K, 6 8% 

\h BF TtQbg tbv B/i Xoyov ix6i^ ov tetQaycovog dQid^fiog 
nQbg tetQaycDvov dQLd^^iov xal tb anb tijg ZH ccQa 
TtQog tb dnb t^g K Xoyov ^%6i^ ov tetQaytovog aQLd^^ibg 
nQbg tetQayovov dQi^iiov. 6vii[i6tQ6g aQa i6tlv fj ZH 
ty K [n]xst^ xal Svvatai ij ZH r^g H® [let^ov rc3 

20 ditb 6v[i[iitQ0v iavtri. xal ovSetiQa tSv ZH^ H0 
6v[i[istQ6g i6tt tfi ixx6t[iivy ^i^rg r^ A (n^xer fi Z® 
aQa dnotoinfi i6tL tQutri, 

EvQtitaL aQa ii tQLtrj dnoto^irj fi Z@' 07t6Q Met 
86tl^aL. 

26 ^^'- 

EvQ6tv tfjv tetaQtrjv dnoto^Lrjv. 
'Exxei^d^G) ^rjtfj ij A xal tij A [ii^x6l 6v[i[i6tQog 
fj BH' Qrjtfj aQa i6tl xal fj BH. xal ixx6£6&co6av 



1. tov] om. P. ovtco B. 3. 0H] corr. ex H@ V. 4. 
tbv rJ'] corr. ex F m. 2 F. 9. iativ V. 11. BT] ras. 2 
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uerum E : Fjd rationem non habet, quam numerus qua- 
dratus ad numerum quadratum; itaque ne A^ quidem 
ad HS^ rationem habet, quam numerus quadratus ad 
numerum quadratum. quare A^ H® longitudine in- 
commensurabiles sunt fprop. IX]. itaque neutra recta- 
rum ZHj H® rationali propositae A commensurabilis 
est longitudine. iam sit ZH^ -^ H& — K^ [prop. XIII 
lemma]. quoniamigitur est5F:r^=ZH^:JZ®^5 conuer- 
tendo [V, 19 coroll.] est BFxBJ = ZH^:K^. uerum 
BFiBJ rationem habet, quam numerus quadratus ad 
numerum quadratum. itaque etiam ZH^ : K^ rationem 
habet, quam numerus quadratus ad numerum quadratum. 
quare ZH, K longitudine commensurabiles sunt [prop. 
IX], et Zif quadrata excedit H® quadrato rectae sibi 
commensurabilis. et neutra rectarum Zi/, H® rationali 
propositae A longitudine commensurabilis est. itaque 
Z® apotome est tertia [deff. tert. 3]. 

Ergo inuenta est apotome tertia Z®\ quod erat 
dem onstr andum . 

Lxxxvm. 

Inuenire apotomen quartam. 
Ponatur rationalis A et rectae A longitudine com- 
mensurabilis BH, itaque etiam BH rationalis est. 

litt. V, corr. ex BE P. x6v\ om. P. TJ] eras. V, corr. 
ex rr m. 1 b. 12. x6] (alt.) supra scr. m^ 1 b. 13. Br] 
corr. ex FB V. 16. nqog] tcqov P. 16. &Qa] supra scr. ¥, 

19. T^ K — 7i ZH] mg. m. 1 P. Post tist^ov add. Theon: 
ta ano T»js K, 7} aQa ZH trjg H® fisiiov tfiJyaTat (BVb, F 
mg. m. 1). 28. 17] om. FV. tQitrj] om. F. onsQ iSsi 
dsiiai] comp. P, om. Bb. 24. dsilai] evQsiv Yq>, 26. nt' 
F, et sic deinceps. 27. |iii)*«* b. 28. uq P, corr. m. 2. 

iativ PBV. xat'] (prius) corr. ex xa P, om. FV. 
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8vo aQid^iiol oC z/Z, ZE^ w0te xov AE oAoi/ itqo^^ 
ixdteQov Tc5i/ ^Z, EZ koyov (ifi ^xeiv^ ov tetQciycjvos 
aQid^iwg JtQog tetQaycovov aQLd^fiov, xal Ttejton^tfd^ca 
dig jd E JtQog tbv EZ^ ovttog ro anb tijg BH te- 
5 tQaycavov TtQog tb aTtb tijg HF' ^vik^ietQOV aQa i6tl 
ti aTtb tijg BH tp aTtb tijg HF. Qi^tov 81 fo dnb 
tijg BH' ^iitbv aQa xal tb d^tb tijg HF' Qritii &Qa 
i0tlv ri HF. xal i%el o jdE XQbg tbv EZ koyov ovx 
i%eL^ ov tetQdyc3vog dQiS^fibg JtQbg tetQdyavov aQi^ybov^ 

10 ov8^ aQa tb djtb tijg BH itQbg tb dnb trjg HF Xoyov 
i%eL^ ov tezQdycovog dQLd^fibg JtQbg tetQdycovov aQi^yiov ' 
dffvfifietQog aQa i0tlv rj BH tjj HF (irjxeL. xai el6Lv 
dng)6teQaL ^titaC' at BH^ HF aQa ^i]taL ei0L 8wdfieL 
[lovov 0v[iiierQOL' dTtotoiiri aQa i0tlv fi BF. 

15 [Aeyoi ^ij, otL xal tetdQti]]. 

SIl ovv [let^ov i0tL tb dnb f^g BH tov djtb tijg 
HF, i0tai tb d%b t^g @. i^tel ovv i0tLV dig b ^E 
TtQbg tbv EZ^ ovtcog tb dnb tfig BH itQbg ro dnb 
trig Hr^ xal dva0tQeipavtL aQa i0tlv c)g 6 Ejd XQog 

20 rov ^Zy ovtog ro dnb tijg HB XQog tb dnb t^g 0. 
8% Ejd TtQbg tbv /iZ Xoyov ovx i%eL^ ov tetQdycjvog 
dQLd^iibg XQbg tetQdyovov dQLd^fiov ov8^ aQa tb ditb 
tijg HB TtQbg tb djtb trig & Xoyov i%eL^ ov tetQdytovog 
aQL^libg JtQbg tetQdyovov dQLd^^iov' d0vfifietQog aQa 

25 i0tlv ri BH tij ® (iijxeL. xal 8vvataL ri BH ti]g HF 
[let^ov rc5 djtb tijg &' ri aQa BH trjg HF [let^ov Sv- 
vataL t^ dnb d^vii^iitQov iavtjj. xai i0tLV oXri rj BH 

2. £Z] eras. Y. it^ri'] om. 9. 4. tov] mg. m. 1 P. 5. 

ngog] om. qp. Hr] BF supra scr. H b. iariv P, et V 

del. V. 8, iativ] iatl nai FV. 9. nQog — 10. t^s (prius)] 

om. tp lacuna relicta. 9. dgi^fiovjom. V. 10. ov9i b. 

11. aQid-n^g] om. V. aQiS-iMv] om. V. 12. iativ] om. FV. 
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^ -p — ^. et ponantur duo numeri ^Z, 

ZEy ita ut totus ^E ad 



J Z E utrumque ^Z, EZ rationem 
non habeat, quam numerus quadratus ad numerum 
quadratum. et fiat JEiEZ^BWiHF^ [prop. VI 
coroUJ. itaque BH^^ HF^ commensurabilia sunt 
[prop. VI]. uerum BH^ rationale est. itaque etiam 
HF^ rationale est. quare HF rationalis est. et 
quoniam /:1E : EZ rationem non habet^ quam numerus 
quadratus ad numerum quadratum, ne BH^ quidem 
ad HF^ rationem habet, quam numerus quadratus ad 
numerum quadratum. quare BH^ HF longitudine in- 
commensurabiles sunt [prop. IX]. et utraque ratio- 
nalis est. itaque BH^ HF rationales sunt potentia 
tantum commensurabiles. ergo ^Tapotome est [prop. 
LXXIII]. iam sit S^^BW^ HF^ [prop. XIII lemma]. 
quoniam igitur est /dE: EZ = BH^ : if F^, etiam conuer- 
tendo [V, 19 coroll.] est E^:JZ = BH^:®\ uerum 
E^ : JZ rationem non habet, quam numerus quadratus 
ad numerum quadratum. itaque ne BH^ quidem ad ®^ 
rationem habet, quam numerus quadratus ad numerum 
quadratum. quare BH^ @ longitudine incommensura- 
biles sunt [prop. IX]. est autem BH^ -^ HI^ = ®^. 
itaque BH quadrata excedit HF quadrato rectae sibi 

BH] fttj 9. /*?fH8i] om. FV. %ai — 13. ^rixai'] mg. m. 
1 V. 13. Blaiv P. 14. aviiyLkXQOv ovx 9. BF] B e corr. 9, 
BH V. 15. Xfyoo — zBxaqtri] o™« P^» '^^^ 9« ^fl o™- V. 

17. iaxiv^ ora. V. 18. UQog xov EZ] xov dno xrjg EZ h, 
corr. mg. m. 1. nffog to] xov b. 19. HF] H in ras. m. 
1 B. dvaaxQSipai tp. 20. tov] om. P, to b. BH V. 21. 
EJ} J in ras. m. 1 B. 22. ovdi Vb. 24. dQi»fi6v] om. V. 

aqa] in ras. V. 25. BH] (alt.) mut. in HB V, HB BFb. 

27. avfAfiixQOv b, corr. m. rec. savx^ ftjjxfit B. 17 0X17 1} V. 
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dTtOTOiirj i0Ti xsxdQtifi, 

EvQTfjtai uQa fj rsraQrrj anoro[i7]' OTteQ idsi dst^av. 

6 EvQstv rviv 7CS[inrriv ajtoroftiji/. 

^EKXSied^G) ^rirrj fj A, xal rfj A [irjxsi 6v(i[isrQog 
iora ^ FH' ^rrj aQa [i6rlv] fj FH, xal ix7csi6d'(06av 
dvo aQLd^fiol ot dZ^ZE^ &6rs rbv JE %Qbg sxdrsQOv 
r(Dv ^Z, ZE Xoyov ^dliv (ifj i%SLv^ ov rsrQdycovog 

10 aQL^iibg TtQog rsrQdycovov aQLd^iiov' xal ^STCoirjeQ^co 
G}g ZE TtQbg rbv E^, ovrog rb dnb rfjg FH TtQog 
TO dnb rijg HB: Qrjrbv aQa xal rb d%b rrjg HB' 
Qrjrfj aQa i6tl xal fj BH, xal iitsC i6riv (og 6 ^JE 
TtQbg rbv EZ, ovrcjg rb aTtb rrjg BH JtQbg ro djtb rrjg 

45 HF^ 6 8s dE %Qbg rbv EZ koyov ovx i%SL^ ov rs- 
rQdycavog dQid^iibg TtQbg rsrQdycovov dQid^iioVy ovS^ 
aQa rb djtb rfjg BH itQbg ro dnb rrjg HF Xoyov i'xsi, 
ov rsrQdytovog dQi^iibg TtQbg rsrQdycavov dQi^fiov 
d6v[iiisrQog aQa i6rlv fj BH rrj HF nrjxsv, xai sl6iv 

20 diLq)6rsQaL ^rjrav' al BH, HF aQa ^rjraC sl6v 8wd[isc 
[lovov 6viiiisrQoi' fj BF aQa djtoro[irj i6riv. 
Asyco 87jy ori xal 7ts[iJtrrj. 

Sli yaQ [ist^ov i6ri ro d%b rfjg BH rov d%b rrjg 
Hr^ i6tca ro dnb rrjg ®. insl ovv i6riv cag rb d%b 

26 r^g BH TtQog rb dnb rrjg HFj ovrc^g 6 ^E XQbg rbv 



l.BrccQccB. 2.iativV. 3. ij] xal 17 F, ^ B T B. one^ 
tdsL dst^ac] comp. P, om. BFVb. 7. iatCv] om. P. 8. 
ZEJ £Z F. JE] AE in ras. V. 9. ro5»] tov 9. ndXivj 
om. Fb. 10. nsnoLSic&co F. 11. tov] oro. P. 12. Post 
HB add. av^fisrgov a^a iatl to ccnb tijg HT {FHY) tm dno 
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incommensurabilis. et tota BH rationali propositae 

^ commensurabilis est longitudine. itaque BF apo- 

tome est quarta [defif. tert. 4]. 

Ergo inuenta est quarta apotome; quod erat de- 

monstrandum. 

LXXXIX. 

Inuenire apotomen quintam. 

Ponatur rationalis A, et rectae A longitudine com- 

mensurabilis sit FH. itaque FH rationalis est. et 

-B -^ ponantur duo numeri z/Z, ZE, ita ut 

z/jEJ rursus ad neutrum numerorum z/Z, 

Z E rationem habeat, quam numerus qua- 

_„ dratus ad numerum quadratum. et fiat 

ZE:E^ = rW:HB\ itaque etiam HB^ 

rationale est [prop. VI]. quare etiam 

BH rationalis est. et quoniam est 

^E:EZ = BH^:Hn, ei JE:EZ reiiionem 

non habet; quam numerus quadratus ad numerum qua- 

dratum, ne JSH^ quidem ad HF^ rationem habet, quam 

numerus quadratus ad numerum quadratum. itaque 

BHy Hr longitudine incommensurabiles sunt [prop. 

IX]. et utraque rationalis est. quare BH^ HF ra- 

tionales sunt potentia tantum commensurabiles. ergo 

BF apotome est [prop. LXXIII]. 

lam dicO; eandem quintam esse. 

sit enim &^ = BH^ ^ HF^ [prop. XIH lemma]. 

quoniam igitur est 

BH^:Hr^ = JE:EZ, 

trjg BH. ^rixov d\ zb ano Trjg TH b, mg. FV. ^rixov — HB] 
mg. V.^ ^ aqa -- 13. ^ritrf] om. P. 16. HF] F in ras. V. 

16. ov8' &Qct\ ov$i P. 18. TfiTpayoovov] tstQciyoavog b, sed corr. 

21. iati B V, comp. Fb. 26. Hr— p. 270, 1. EZ] in ras. F. 
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EZ^ avtt6xQiifavxi aga ioxlv (hg 6 E^ Tcgdg xov ^Z, 
ovxcag xo axo x^g BH xgbg x6 ano xijg ®. 6 8h E^ 
ngbg xbv ^Z Xoyov ovx i%eL^ ov xexQayGyvog aQid^fiog 
stQbg xexQaycDvov aQtd^fiov ovd' aQa xb dnb r^g BH 
6 XQbg xb anb xfjg koyov i%Ei^ ov XEXQaycovog &QLd^(ibg 
TtQbg xexQayG}vov aQLd^iiov' d^vfifiexQog aQa ioxlv ri 
BH xfj ® fiT^xeL, xal SvvaxaL ri BH xrig HF fiet^ov 
rc5 dstb xrjg ®' fj HB ccQa x^^g HF ftergoi/ Svvaxai 
x^ dnb d^viifiixQov iavxij fii^xsL, xal ioxLV fi 7Cqo6' 
10 aQfi6^ov6a 17 FH 6v^^sxQog r?J ixxsLfiivy Qi^xy xy A 
^T^xsL' rj aQa BF dnoxofiT^ i6xk Tci^TCxi]. 

EvQr^xaL aQa 17 7ci(i7Cxi] dnoxo^i'^ '^ BF' otcsq Sdsi 
Sstl^ai. 

Q'. 

16 EvQstv xriv sxxriv dnoxofii^v. 

'ExxsL^d^o} Qi]x^ 17 ji xal XQStg dQLd^iiol oC Ey Br^ 
JTz/ Xoyov fnj i%ovxsg TCQbg «AAijAovg, ov xsxQaycovog 
dQLd^^ibg TCQbg xsxQaycjvov dQLd^fiov ixL S^ xal 6 FB 
TCQbg xbv B^ Xoyov iifi i%ixco^ ov xsxQaycDvog dQLd^[ibg 

20 nQbg xsxQaycDvov dQLd^^ov* xal TCSTCOLi^^d^o) mg [ilsv 6 
E TCQbg xbv BF^ ovxcog xb dnb xrjg A iCQbg xb dnb 
xrjg ZH^ mg Sh BF nQbg xbv FA^ ovxcag xb dnb 
xrjg ZH n^bg xb dnb xijg H®. 

^Ensl ovv i6XLv cog E nQog xbv BF^ ovxog xb 

25 dnb xfig A nQog xb dnb r^? ZH^ 6v^^sxqov ccQa rb 
dnb xrjg A rc3 dnb xfjg ZH, ^rjxbv Si xb dnl xr^g 
A' Qr\xbv ccQa xal xb dnb xrjg ZH' §i]xrj aQa i6xl xal 

1. dvaaTQsiffavTi — 2. E<^] e corr. F. 1. ioT^v] om. 
BFb. Ej] JE P. 4. HB F. 7. 01 HS F. BH] 
HB BFY. (isiSov]om. P. S.aga HB V. BH F. dv- 
vaTai,] om. V. 9. daviifisTQOv] d- in ras. V, m. 2 B. iavty 
SvvttTai V. 10. Post FH eras. %al d- V. 11. BV &Qa l). 
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conuertendo [V, 19 coroll.] est EJ:JZ = BH^:®\ 
uerum E^ : ^Z rationem non habet^ quam numerus 
quadratus ad numerum quadratum. itaque ne BH^ 
qaidem ad &^ rationem habet^ quam numerus quadratas 
ad numerum quadratum. quare BH^ longitudine 
incommensurabiles sunt [prop. IX]. est autem 

BH^^Hr^ = eK 

itaque HB quadrata excedit HF quadrato rectae sibi 
incommensurabilis. et congruens FH rationali pro- 
positae A longitudine commensurabilis est. itaque 
Br apotome est quinta [deff. tert. 5]. 

Ergo inuenta est apotome quinta BF; quod erat 
demonstrandum. 

XC. 
Inuenire apotomen sextam. 

Ponatur rationalis A et tres numeri E^ BF, F^ 
inter se rationem non habentes, quam numerus qua- 

^, , dratus ad numerum quadratum; et 

praeterea ne FB quidem slA B^ 
rationem habeat, quam numerus 
quadratus ad numerum quadra- 

tum. et fiat E:Br=A^: ZH^, 

B d r Br:rJ = ZH^:H®\ 

iam quoniam est E:Br=A^:ZH^, erunt A^^ 
ZH^ commensurabilia [prop. VI]. uerum A^ rationale 
est. itaque etiam ZH^ rationale est. quare etiam 

12. oTtsQ i8si dei^oci] comp. P, om. BPVb. 16. avy%s{a%(Q 
B, corr. m. 2. Post E eras. B P. 18. TB^ supra add. 
r^ B; BT Y, 19. BJil corr. ex BF m. rec. P. 20. ns- 
nor^a^m P, sed corr.; Tcenotsia^o) P. filv 6] 6 (lev V. 22. 
tov] om. B. 23. H®] ®H h. 26. (tirov — 27. ZH] 
mg. V. 27. %oc£] iotl %cci BFb. iativ PB. 
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rj ZH. xal iTcal 6 E XQog roi/ BF Xoyov ovx ^%bij 
ov tstQciy (Dvos ocQid^^og JtQog texQayayvov dQLd^indv^ 
ovd' aQa ro aTCo trjg A nQog ro djco tijg ZH koyov 
^%BL^ ov tatQaycDvog aQid^fibg TCQog tetQayfovov dQid^inov' 

6 d^v^^sTQog uQa i6tlv ri A tfj ZH (ii^xsv. ndXiVy iTCsC 
i6tvv (hg 6 Br TCQog tbv JTz/, ovrog ro dnb tijg ZH 
TtQog tb dnb t^g H@, 6v^iiiBtQov aQa ro dxb tijg ZH 
tS ditb r^s H0. ^rjtbv dh ro dTcb tijg ZH' ^rjtbv 
aQa xal ro dnb tijg H®* pi^r^ aQcc xal ij HS, xal 

10 insl 6 Br XQbg tbv JT^ Xoyov ovx l%SLy ov tstQdyoivog 
dQLd^^bg TCQbg tstQdyoovov dQLd^^ov^ ovd' aQa tb djtb 
tijg ZH TCQbg ro dnb trjg H® Xoyov ^%bl^ ov tstQa- 
ycovog dQL&fibg TtQbg tstQaycDvov aQLd-^ov' d^vfiiiBtQog 
ccQa ictlv fj ZH tij HS fii^xsL. xai si0Lv dfLq^otsQaL 

16 Qrjtai' al ZH^ H® aQa ^r^tai bIcl dwdfiSL /itovoi/ 6vfi- 
liBtQOL' ri aQa'Z® djtoto^i^ i6tLV. 
Aiyco drjy oxl xal sxti^, 

'ETtsl yaQ i6tLV (hg inhv b E ^Qbg tbv 5F, ovtog 
' ro djcb tijg A TtQbg ro djtb tijg ZH^ (og 8h 6 BF 

20 XQbg tbv JT^, ovtcjg ro dnb tijg ZH JtQbg ro dnb tijg 
if©5 Sl' i'6ov aQa i6tlv (hg b E TtQbg tbv F^, ovtcag 
ro dnb tijg A TtQog ro dnb tijg H@. b Sl E TtQog 
tbv JTz/ koyov ovx i%BL^ ov tBtQaycovog dQLd^^bg TtQog 
tstQaycDvov dQL^^ov ovS^ ccQa ro dnb tijg A TtQog 

25 ro dnb rrjg H® Xoyov i%BL^ ov tstQdycnvog dQLd^fibg 
TtQvg tstQaycovov dQLd^^dv d^vfLfLStQog aQa i6tlv ri 
A ty H® iJLi^xsL' ovSstiQa aQa tSv ZH^ H® <Jvft- 
^stQog i6tL tij A ^rjtij ^i^xbl. 9) ovv fist^ov i6ti 

1. HZ P. 3. ovSi Vb. 6. iati V. A] Ktp. rg] 

trig F. 6. ^ BT ngog zi^v B. 7. aga iari V. 11. ovdi V. 

15. aviiiisTQot iiovov V. 16. iari BV, comp. Fb. 17. Siq] 
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ZH rationalis est. et quoniam EiBF rationem non 
habet, quam numerus quadratus ad numerum qua- 
dratum, ne A^ quidem ad ZH^ rationem habet, quam 
numerus quadratus ad numerum quadratum. itaque 
^, ZH longitudine incommensurabiles sunt [prop. IX]. 
rursus quoniam est 

Br:r^ = ZH^:H®^ 
ZH^ et H&^ commensurabilia sunt [prop. VI]. uerum 
ZH^ rationale est; quare etiam H6^ rationale est 
itaque H@ rationalis est. et quoniam BF^rd ra- 
tionem non habet, quam numerus quadratus ad nu- 
merum quadratum, ne ZH^ quidem ad H& rationem 
habet; quam numerus quadratus ad numerum quadratum. 
itaque ZH, H0 longitudine incommensurabiles sunt 
[prop. IX]. et utraque rationalis est. itaque ZH^ H@ 
rationales sunt potentia tantum commensurabiles. ergo 
Z® apotome est [prop. LXXIII]. 

lam dico, eandem sextam esse. nam quoniam est 
E:Br= A^ : ZH^, BT.TJ = ZW:H®^, ex aequo 
[V, 22] est E:r^ = A^: H®\ uerum E : FJ rationem 
non habet^ quam numerus quadratus ad numerum qua- 
dratum. itaque ne A^ quidem ad H@^ rationem habet, 
quam numerus quadratus ad numerum quadratum. quare 
A^ H® longitudine incommensurabiles sunt [prop. IX]. 
ergo neutra rectarum Z H, H® rationali A commensu- 
rabilis est longitudine. iam sit K^ = ZH^-^H@^ [prop. 

supra scr. m. 1 P. 21. hxlv aqa F. 24. ov8* — 26. 

aqi^yLOv] mg. m. 2 B. 24. ovd' aQo] ov8b b. A] A uqa b. 
26. H0] mut. in 0H m. 2 V, ®H b. 27. ovdBziqtt aqa'] 
xal ovdBXB(^a BVb. 28. rj A iritrf\ ty itiyisifisvrj oijrjl rfj A 
b et e corr. F (post A del. ^rjzfj). wj ms b. ' ovv] ov P, 
corr. m. 2. 

Euclides, edd. Heiberg et Menge. in. Y^ 
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tb aTCo trjs ZH tov ano r^g HS^ i(St(o ro aico tijg K, 

iTcel ovv iotiv (x>g o BF XQog rov F^, ovtcog to djto 

tijg ZH TtQog ro aTCo tijg if©, ava6tQiiljavti aga ietlv 

(hg 6 FB TtQog tov 5^, ovtcag tb anb tijg ZH XQog 

5 tb aTcb tijg K, 6 dh FB JCQbg tbv B^af Xoyov ovx 

i%Bij ov tetQaycDvog ccQid^iibg TCQbg tstQccycovov ccQid^fiov ' 

ovd' aQa tb anb tijg ZH TCQog tb anb tijg K Xoyov 

MxBi^ ov tstQciycDvog aQid^fibg TCQbg tstQccycnvov aQid^fiov' 

a6vii^BtQog aQa i(Stlv 17 ZH tfj K ^irixBi, xal dvvatat 

10 fl ZH tijg H0 ^st^ov tp dnb tijg K' rj ZH aQa tfig 

H® inBt^ov Svvatai rc5 anb aev^^itQOv iavty fiipcsc, 

xal ovdstiQa tSv ZH, H® avfifistQog iotv tij ixxsi- 

insvy ^ritij ^ijxsL ty A, ri ccQa Z® aTroro/iti^ ietcv ?xriy. 

EvQritav aQa 17 Bxtr^ a^rorofti^ rj Z®' otcsq idsi, 

15 dst^ai. 

Qa'. 

^Edv xcoQLOv nsQis%ritai vnb ^rjtijg xal dvco- 

to^ijg TCQcitrjg^ rj tb xchqCov dvvafiivrj dTCotofit] 

i6tiv, 
20 nsQLBxs^d-G} yaQ %(oqCov tb AB vTcb Qrjtijg tijg AP 

xal dTCotoinijg JtQciti^g tijg A^' Xiyco^ oti ii ro AB 

%g}qCov dwa^ivT^ djcoto^'^ i6tLV, 

^EtcbX yaQ dicoto^ri i6ti TCQdtrj ^ AA^ i6tc3 avtfj 

nQo6aQii6^ov6a 17 AH' at AH^ HA aQa ^rjtaC si6c 
26 SvvdfiSL iiovov 6viiiiiBtQ0L xal oAiy rj AH 6v^(istQ6g. 

i6tL ty ixxsLinivrj ^i^ty r?5 AF^ xal fi AH rrjg H^ 

Hst^ov dvvataL t^ dnb ^vfLfiitQov savty inrixsL' iccv 

3. apa] om. F. 4. FJB] BF FB, Bd\ supra add. T 

m. 1 b. /^B corr. ex B/i uel JBF V. 6. r^?] rov tp. 8. 

ix^C] ovK i%Bi P. 10. TTflj] corr. ex to m. 1 P. 17] in ras. 

m. 1 P. 11. (SVfifistQOv B, corr. m. 2. 13. tij A fi^xet V. 

14. onB^ iSsL dsi^aC] comp. P, om. BFVb. Seq. demonstr. 
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XIII lemma]. qnoniam igitur est BFir^ = ZlPiH®^, 

conuertendo [V, 19 coroll.] est 

rB:B^ = ZH^,K\ 

nerum FB : B/d rationem non habet, quam numerus 

quadratus ad numerum quadratum. itaque ne ZH^ 

quidem ad K^ rationem habet, quam numerus qua- 

dratus ad numerum quadratum. quare ZH^ K longi- 

tudine incommensurabiles sunt [prop. IX]. est autem 

ZH^^.-H& = K^, itaque ZH quadrata excedit H% 

quadrato rectae sibi incommensurabilis. et neutra 

rectarum ZH^ H® rationali propositae Jl commensu- 

rabilis est longitudine. itaque Z® apotome est sexta 

[deff. tert. 6]. 

Ergo inuenta est apotome sexta Z@; quod erat 

demonstrandum. 

XCI. 

8i spatium comprehenditur recta rationali et apo- 

tome prima^ recta spatio aequalis quadrata apotome est. 

Spatium enim jiB ratio- 

nali AF et apotome prima 

A^ comprehendatur. dico, 

rectam spatio jiB aequalem 

quadratam apotomen esse. 

nam quoniam A^ apo- 

tome est prima^ ei congruens 

sit ^H. itaque AHj H^af 

rationales sunt potentia tan- 

tum commensurabiles [prop. 

alt., u. app. 16. q' F, q|5' BVb, et sic deinceps. 19. iatt 
BV, comp. Fb. 20. ro] tm V. 21. 17] m. 2 F. 28. ya^] 
om. b, m. 2 B. nQmzri hxCv BFV. 24. AH, HJ] in ras. 
m. 2 V. 27. davfiiiitQov F, et V, sed corr. 
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&Qa t& tsrccQtp ineQSL tov ano tijg ^H t6ov nuQa 
t^v AH naQa^kri^ri ikXelnov el'8ei tetQaydvp, elg 
6v[iliietQa avtrjv dtaLQet. tet (ii]6d^G) ri dH SCxa xata 
to Ey xal r{3 aTcb trjg EH t6ov TcaQa tr^v AH xaQa- 
5 fie^ki^^d^a) ikketnov etdei tetQaydvG}^ xal i6t(o ro vxo 
t&v AZ^ ZH' 6viiiietQog aQa i6tlv rj AZ r^ ZH, 
xal dia tc5v E^ Z^ H ^riineiov tfj AF TcaQakkrjkot 
^X^a}6av at E®^ ZI^ HK, 

Kal inel ^vin^etQog i6tiv ri AZ tfj ZH [ii^xei, 

10 Kal r] AH aQa exatdQa tdiv AZ^ ZH 6viifietQ6g i6tc 
lii^xeu akka ri AH 6v(i^etQ6g i6ti ty AF' Tcal ixa- 
teQa aQa rc3i/ AZ^ ZH 6v(ifietQ6g i6tL tfj AF in^xet. 
xai i6ti ^rjtrj ri AF' ^rjtri aQa xal exateQa tcov AZ^ 
ZH' w6te xal exdteQov tSv Aly ZK Qrjtov i6tiv. 

15 xal inel 6v^iietQ6g i6tiv rj AE tfj EH in^xei,, xal fi 
AH aQa exatiQcc t£v AE^EH 6viii(ietQ6g i6ti ^i^xei. 
^rjtri dl ^ AH xal a6vii(ietQog tfj AF ^i^xer Qrjtfj 
aQa xal exatiQa tmv A E^ EH xal a6viifietQog ty AF 
fii^xei' exdteQOv aQa tc5v AS^ EK ^i6ov i6tiv. 

20 Kei6^ci} 8rj rp ^h/ AI t6ov tetQciycjvov ro AM^ 
tp 8h ZK t6ov tetQciycovov a^T^piJcy^o xoivriv ycaviav 
i%ov avtfp tfiv imo AOM to NS' xeQl trjv avrriv 
ccQa 8id(AetQ6v i6ti ta AM^ NS tetQdycova. iata) 
avt&v SidfietQog '^ OP^ xal xatayeyQdg^d^cD ro ^xrjfia. 

25 i^sl ovv t6ov i6tl ro vjr6 t&v AZ^ ZH 7ceQie%6^evov 

1. yiiqBi'] -Bq- in ras. B. tov ano'] m. 2 F. 2. ti}v] 
corr. ex r^g m. 2 F. AH\A in ras. F. 3. 8i.ttiqBt'\ snpra 
add. f&7}X£t m. 2 V, diBlst BF, dtiXri b. 4. tc5] to F. 6. 
ZH] (alt.) HZ F. 8. ri%^(oGav'\ ri%9^(o- in ras. m. 1 P. ZI] 
mut. in Zif m. 2 F. 9. rj] r^s F. 11. dlX' F. AF^ T Q 
corr. m. 1 F. 13. hxiv P. 14. ^I] AT V, I in ras. V. 
laxiv] iati BV, comp. Fb. 15. xa^J (alt.) om. V. 19. 
iatiFBY, comp. Fb. 20. xal nsia^o) V. 22. AO, OM 
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LXXin]. et tota AH rationali propositae AF com- 
mensurabilis est; et ^Hquadrata excedit HA quadrato 
rectae sibi longitudine commensurabilis [deff. tert. !]• 
itaque si quartae parti quadrati AH^ aequale rectae 
AH adplicatur spatium figura quadrata deficiens^ in 
partes commensurabiles eam diuidit [prop. XVII]. 
secetur AH in duas partes aequales in E^ et quadrato 
EH^ aequale rectae AH adplicetur spatium figura 
quadrata deficiens, et sit AZxZH. itaque AZ^ZH 
commensurabiles sunt. et per puncta E^ Z, H rectae 
AF parallelae ducantur E&^ ZI^ HK. 

et quoniam AZ^ ZH longitudine commensurabiles 
sunt, etiam AH utrique AZ^ ZH commensurabilis est 
[prop. XV]. uerum AH^ AF commensurabiles sunt. 
quare etiam utraque AZ^ ZH rectae AF longitudine 
commensurabilis est [prop. XII]. et -^F rationalis 
est. quare etiam utraque AZ^ ZH rationalis est. 
itaque etiam utrumque AI^ ZK rationale est [VI, 1; 
prop. XI]. et quoniam ^E^ EH longitudine commen- 
surabiles sunt, etiam AH utrique AE, EH longitudine 
commensurabilis est [prop. XV]. uerum jdH rationalis 
est et rectae AF longitudine incommensurabilis. quare 
etiam utraque AE^ EH rationalis est et rectae AF 
longitudine incommensurabilis [prop. XIII]. ergo 
utrumque jd0f EK medium est [prop. XX]. 

ponatur igitur quadratum AM^ Aly et spatio 
ZK aequale auferatur quadratum NS communem an- 
gulum habens AOM. itaque quadrata AM^ NS 

PF, tmv AOy OM Bb. 23. htC\ etai V. TSZQaymva'] om. V. 
26. TTo] in ras. V. tmv'] m. 2 F. nsqisxofievov] -ov in 
ras. V. 
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oQd^oydviov tS aito f^g EH texQaycivp^ iottv ScQa 
(og rj AZ Ttgog f^v EH^ ovtcDg ^ EH TCQog r^v ZH, 
aXX* (og fihv ^ JlZ nQog t^v EH^ ovtcog tb AI Ttgog 
to EKj mg S% fi EH TCQog trjv ZH^ ovttog iatl ro 
6 EK TtQog ro KZ' rcSi/ aQa AI^ KZ ^deov avaXoyov 
iati ro EK. iati dh xal rc3i/ AM, NtS fidaov ava- 
koyov th MN, ag iv totg i^TCQoffd^Bv iSelx^iri^ xac 
icti to [fth/] AI tS AM tetQaydvp t6ov^ th 81 KZ 
t^ NS' xal ro MN aQa tp EK toov ictCv, akka 

10 ro iikv EK tp A® iativ taov, ro Sl MN t^ AS' 
ro aQa AK toov iotl td TOX yvci^vi^ xal rc3 NS. 
i6ti 81 xal to AK teov totg AM^ NS tetQaycivoig* 
lovitov aQa th AB taov iail tm 2JT. to Sh 2JT ro 
aTCo trjg AN i6ti tstQaycDvov th aQa dno tfjg AN 

16 tetQaycDVov t6ov i0tl t^ AB' ij AN aQa Svvatai 
ro AB. 

Aeyc3 Srjj oti ^ AN aTCoto^TJ iativ. 
^EiKel yccQ ^rjtov iativ exdteQOV tciv AI^ ZK^ xccC 
ictiv t6ov totg AMy NS^ xal exdteQov aQa t&v AM^ 

^O N S ^i/roi/ iatLVy tovtioti ro dito ixatiQag rcoi/ AO^ 
ON' xal exatiQa aQa rc3i/ AO^ ON ^ijri} i^tiv. 
Tcdkiv^ ixel fiieov iatl ro -«^/0 xaC i6tiv t6ov tm ASj 
(liaov aQa i6tl xal th AS» iytsl ovv to lihv AS 
liie6ov i6tCv^ to Sl NS ^ijroV, d6v^iietQ0v aQa i6tl 

25 ro AS t^ NS' &g Sl ro AS ^Qhg th NS, ovtcog 
i6tlv ri AO JtQhg tr^v ON' d6vii(A£tQog aQa i6tlv r^ 



2. Ti5f] (prius) om. P. 6. PoBt dvdXoyov ras. 8 litt. V. 7. 
NM B. 8. iiM om. BPVb. 9. to] t& b. MiV] EK 
in ras. V. EK\ MN in ras. V.^ ^axiv taov V. . 10. ro] 
(prius) t& V. Tc5] taov ^atl to Y. tip J&] in ras. m. 
1 P. ^ iativ taov] om. V, taov iatCv F. ' tm dl MN taov 
iatl to AS' taov aqa to JK rw V. 12. taov] om. V (supra 



ELEMENTORUM LIBER X. 279 

circum eandem diametrum posita sunt [VI, 26]. sit 
OP diametrus eorum, et describatur figura [cfr. uol. I 
p. 137 not.]. iam quoniam est AZx ZH= EH^, 
erit [VI, 17] AZ.EH^EHiZH. uerum AZiEH 
= AI:EK et EH:ZH^EK:KZ [VI, 1]. itaque 
EK medium proportionale est inter Al, KZ. est 
autem etiam MiV medium proportionale inter AMyJSS, 
sicuti supra [prop. LIII lemma] demonstratum est, 
et :^I = AM, KZ = NS. itaque etiam MN = EK. 
est autem EK = ^®, MN=A3 [I, 43]. itaque 
JK=T0X+NS. ueixxm eiia.m AK = AM+NS. 
itaque reliquiim AB = 2JT. est autem 2]T=AN^. 
quare AN^ = AB. ergo AN quadrata spatio AB 
aequalis est. 

lam dico, AN apotomen esse. 

nam quoniam utrumque AI, ZK rationale est, et 
AI=AM, ZK=NS, 
etiam utrumque AM, NSy hoc est AO^y OiV^, ra- 
tionale est. quare etiam utraque AO^ ON rationalis 
est. rursus quoniam jJ® medium est, et A® = AS, 
etiam AS medium est. iam quoniam AS medium est, 
NS autem rationale, AS ei NS incommensurabilia 
sunt. uerum AS - NS =^ AO : NO [VI, 1]. itaque 
AO^ ON longitudine incommensurabiles sunt [prop. 
XI]. et utraque rationalis est; itaque AO, ON ra- 

est ras.). 13. 2T] corr. ex BT V. x6 8\ ZT.I supra scr. 
m. 1 P. To] corr. ex. xm FV. 16. laxQ postea ins. P. 
zm] z6 F. 17. xofi ri P. 19. iiszi, V. tcov] tca Bb, 
om.' V. N!S tisa V. 20. hxi BV, comp. Fb. 21. iazi 
PBV, comp. Pb. 23. iaxi] iaxiv P, om. V. 24. iaxiv] hxC 
PB Vb, comp. F. 26. N^] (prius) corr. ex NK m. 1 b. x6] 
(tert.) in ras. m. 1 P. 
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AO zy ON fi^^xsi. xai ei6vv a^q)6t€Qai ^rjrai' aC 
AO^ ON aQa ^ritai sl6i Svvd^H /itovoi/ 6v(iiiEtQoi" 
djtotofirj aQa i6rlv fi AN, xal Svvatai tb AB xoiQiov^ 
fj aga to AB xtOQiov Swaiiivrj dTtotoinij i6tiv. 
6 ^Eav aQa %mQiov 7tSQii%ritaL vnb Qrjtrjg xal ta sJ^rjg. 

Q/3'. 

^Eav %(OQiov neQii%Yitat vnb ^i^trjg xal dno- 
tonrjg SevtsQag^ t; ro %(OQiov Svvaiiivrj iii6r]g 
dxoto^i^ i6ti TCQcitri. 

10 XcDQiov yaQ tb AB %SQis%i6^(o vnb ^rjtrjg tr]g 
AF xal dTCOtofirjg SsvtiQag trjg AA' kiyca, otL ^ to 
AB %(OQiov Swa^ivrj ^i^rjg dycotofiri i6ti TCQdtrj. 

^E6ta) yccQ tij AA TtQ06aQ\ib%ov6a r\ AH' at &Qa 
AH, HA ^rjtai si6t Swd^SL /itoi/oi/ 6v^^stQ0L, xal 17 

16 XQ06aQ^6^ov6a f] ^H 6vfi^stQ6g i6ti ty ixxsifisvr] 
^rjtfj tri AF^ fj Sh oXrj 1} AH tfjg TCQo^aQ^o^ovarig 
tijg HA fist^ov Svvatai rc5 dnb 6vfi[iitQ0v sairty ^i^xsi. 
insl ovv fj AH tijg HA ^st^ov Svvatai tp ditb 6vfi- 
lnitQOV savtfjy idv ccQa t^ tstaQtp ^iQsi trov dnb trjg 

20 HA l6ov TtaQa trjv AH TtaQapXrjd^y iXXslitov stSsL 
tstQaydvG)^ slg 6v^^stQa avtfjv SiaiQst. tstiifj^d^a} 
ovv fj AH Si%a xatd tb E' xal rp d^tb trjg EH l6ov 
naQcc tfjv AH TtaQafispXfi^d^a} iXkstTtov stSsi tstQaydvc), 



2. ON] NO e corr. V. staiv V, sed v del. ^. to AB 
aqa Y. 5. ytal td ^^ijg] xal dnoTOfjkijg nQtotrigy ^ z6 %(oq{ov 
Svvafisvrj dnoroiii^ iativ Theon (BFVb). 8. fiiari BFVb 
et P, sed corr. m. 1. 11. AJ] AB b; 8\ A/^ P, corr. m. 1. 

12. -4JB] corr. ex A/^Y. (liari BFb, et V, corr. m. 2. 14. 
H/i] /JHF. $vvaiiivri V, corr. m. 2. 16. tijg] om. F. 

17. H/J] eras. V. Ante avfiiiitQov rae. 1 litt. V. 18. 
AH] H in ras. V. trjg] corr. ex r^ m. 2 V. 19. rov] 



ELEMENTORUM LIBER X. 



281 



tionales sunt potentia tantum commensurabiles. quare 
AN apotome est [prop. LXXIII]. et quadrata spatio 
AB est aequalis. itaque recta spatio AB aequalis 
quadrata apotome est. 

Ergo si spatium comprehenditur recta rationali, 
et quae sequuntur. 

XCII. 

Si spatium recta rationali et apotome secunda com- 
prehenditur, recta spatio aequalis quadrata mediae 
apotome est prima. 

Spatium enim AB recta rationali jiF et apotome 
secunda A^ comprehendatur. dico, rectam spatio AB 
aequalem quadratam mediae apotomen primam esse. 

nam ^H rectae Ajd congruens sit. itaque AH^ 
HJ rationales sunt potentia tantum commensurabiles 
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[prop. LXXIII], et congruens 
jdH rationali propositae AF 
commensurabilis est, tota au- 
tem AH quadrata excedit 
congruentem HA quadrato 
rectae sibi commensurabilis 
longitudine [deff. tert. 2]. iam 
quoniam AH^ excedit HA^ 
quadrato rectae sibi commen- 
surabilis, si \H/I^ aequale rectae AH adplicatur spatium 
figura quadrata deficiens, in partes commensurabiles 
eam diuidit [prop. XVII]. iam ^H in puncto E in 
duas partes aequales secetur. et quadrato EH^ aequale 

t6 b. 20. AW] H B corr. V. 21. SibXbl Theon (BPVb). 
l)ein add. jiiifxft V. 22. ^H] e corr. m. 2 V. EJT] &HV. 
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xal i6x(o xo vno xSv AZ^ ZH* Cv^fiexQog &Qa i6tlv 
i] AZ xfi ZH (ii^xsi. xal ^ AH aga exatSQif t&v AZ^ 
ZH 6viifiatQ6g i6tL inTJxei, ^rjtri de ri AH xal d^vii- 
(letQog tfj AF ^ijxer xal ixateQa aQa tAv AZ^ ZH 
6 ^Tfltri i6ti xal d^vfiiietQog ty AF in^xec ixdteQOv &Qa 
t£v AIj ZK fii6ov i6tiv, ndXiVy inel ^viifietQog 
i6tiv ii AE ty EH^ xal fj AH aQa exateQcc tAv ^E^ 
EH ^vfiiiietQog i6tiv, dX)! i\ AH ^vfi^etQog i6tL ty 
AF ^rjxev [^rjtrj aQa xal exatiQa tAv AEy EH Tcal 

10 6viiifietQog tfj AF fiifxf^]. exdteQOV aQa tmv ^®, EK 
Qfjtov i6ttv. 

2Jwe6tdtG} ovv t^ inlv AI t6ov tetQdycovov to 
AMy tdi 81 ZK t6ov dg)yQi^6d^(o to NS neQl t^v 
avtr(v y(ovCav ov t^ AM trjv v%o tSv AOM' tcbqI 

15 tfjv avtriv aQa i6tl SidfietQOV td AMy NS tetQdytova. 

lu M fu^^^^ avt&v SidiietQog rj OP^ xal xatayeyQdfp^fo tb 

Liffy^XW^' ^JTfil ovv td AIj ZK (ii6a i6tl xai i6tiv t6a 

totg dno tciv AO^ ONy xal td aTcb t&v AO^ ON 

[«()«] iLi6a i6tiv' xal at AO^ ON aQa (Ae6ai eC6l 

20 Svvdfiet inovov ^v^inetQOi, xal iTtel tb vjtb tcav AZ^ 
ZH t6ov i6t\ tp dnb t^g EH, i6tiv aQa (og ri AZ 
TCQbg tfjv EHy ovtGig ri EH TCQbg trjv ZH' aAA' cog 
^iv ri AZ TCQog trjv EHy ovtcog tb AI XQbg tb EK' 
(og 8i rj EH TCQog tr^v ZH^ ovtcng [i6tX\ tb EK TCQbg 

26 To ZK* rcoi/ aQa AI^ ZK (ie6ov dvdXoyov i6tc tb 

1, davfiiisTQog b, sed corr. 2. Post iirj%6i> add. xal 8ia 
tdiv E, Z, H cri(i6C(ov tjj AF naQdXXriXot Tjx^ooaav oct E&, ZJ, 
HK (corr. ex ZK V). xofl insl avfifistQos iativ ^ AZ tn ZH 
[iri%6i b, V mg. m. 1, F mg., sed euan. 4. uQa'] om. F V. 6. 
AI] mut. in AZ F, AZ b. ZH b, et e corr. F. iatC BV, 
comp. Fb. 7. Ti JH] HJ F. 8. iatL] m. 2 B. 9. ^ijrjj 
— 10. ^^x«t] om. P. 9, ^E, EH] E bis in ras. V. 10. 
Tial 67iat6QOv b. 11. iati> PBV, comp. Fb. 12. tm] corr. 
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rectae AH spatium adplicetur figura quadrata deficienS; 
et sit AZxZH. itaque jiZ, ZH longitudine com- 
mensurabiles sunt. itaque etiam AH utrique AZ^ ZH 
longitudine commensurabilis est [prop. XV]. uerum 
AH rationalis est et rectae JF longitudine incom- 
mensurabilis. itaque etiamutraque AZ^ZH rationalis 
est et rectae AF longitudine incommensurabilis [prop. 
XIII]. quare utrumque AI^ ZK medium est [prop. 
XX]. rursus quoniam AEy EH commensurabiles sunt, 
etiam AH utrique jdE^ EH commensurabilis est 
[prop. XV]. ^) uerum ^H^ AF longitudine commen- 
surabiles sunt. ergo utrumque A®^ EK rationale est. 
iam construatur quadratum AM = AI, et spatio 
ZK aequale auferatur NS in eodem angulo AOM 
positum, quo AM. itaque quadrata AM^ NS circum 
eandem diametrum posita sunt [VI, 26]. sit OP 
eorum diametrus, et describatur figura [cfr. uol. I 
p. 137 not.]. iam quoniam AI^ ZK media sunt et 
AI = AO\ ZK = ON\ etiam AO^, ON^ media sunt. 
quare etiam AO^ ON mediae sunt potentia tantum 
commensurabiles. et quoniam AZxZH=EH^y erit 
[VI, 17] AZ:EH= EHiZH. uerum AZ:EH=AI:EK 



1) Hoc promptins ex prop. VI concludi poterat; nam 

ex 6 V, to F. 14. ov tc5 AM] e corr. F. ttjvI tc5 P. t&v] 
om. V. 15. iattv aga V. 17. Post iazi add. Theon: xal 
6V(ifjiSTQoc dlXiqXoig (BFVb; in V post xa^ras. 1 litt.). taov F. 

19. &Qcc] om. P. (liaai bIcC V, sed corr. iaxC PB, comp. 
Fb. xa^ corr. ex 8v- V. ut — 20. dvAmg. m. 2 V. 

19. BlaC] BCalv Xiyo) oti naCP, 20. iiovov] eras. v . avfifjkstQa 
V, corr. m. 2. xal insC] insl ydQ P. 21. iatC] supra scr. 
m. 1 F. iattv] corr. ex taov m. 1 F. 23. AI] AH P. 24. 
iatC] om. P. 26. ZK] (alt.) Z corr. ex JC m. 1 V. 
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EK, ioti 8\ xal tmv AM^ NS retQaycivcov (leaov 
avakoyov ro MN' xaC i6tiv tcov tb iiiv AI tp AMy 
to dh ZK t^ NS' xal ro MN aQa l6ov i6tl tS EK. 
dXXa t^ (liv EK taov [i6tX\ tb ^@, rp 8\ MN t6ov 
b tb AS' oAoi/ aQa tb AK teov i6tl ttp TOX yvciiiovt 
xal tm NS. ijcsl ovv oXov tb AK t6ov i6tl totg 
AM, NSy c5v ro AK t6ov i6tl tp TOX yvciyiovv 
xal t& NS9 XoiTcbv uQa tb AB t6ov i6tl tp T2J, 
tb dl T2J i6tt tb a%b r^g AN' ro d%b tijg AN aQa 

10 t6ov i6tl rp AB %fOQC(p' fi AN aQa Svvatai ro AB 
%g}qCov, 

Asya> [^ij], oti 71 AN fid6rig dxotofii^ i6tt %Qmtri. 

^Enel yccQ ^ritov i6ti rd EK xaC i6tiv t6ov tfp 

AS9 Qfltbv aQa i6tl tb AS^ tovti6ti tb VTcb t&i/ 

16 AO^ ON. iJLi6ov dh idEC^d^rj ro NS' d6v^^6tQov Sqcc 
i6tl ro AS t^ NS' (og 8h tb AS ^Qbg tb NSy 
ovt(og i6tlv fi AO XQog ON' al AO^ ON aQa d^v^" 
fistQoC sl6i yi/rpiSL, aC aQa AO^ ON fii6at sl6l dwdinsL 
^ovov 6viiiiiistQ0i ^rjtbv nsQii%ov6ai' fj AN aQa (ii6rjg 

20 a^rorofti} i6tL jtQcitri' xal Svvatat tb AB ^chqCov, 

^H uQa tb AB ^coqCov Svva^ivrj ^i6rjg d7toto(ii^ 
i6tc TCQcitri* otcsq idsv dstl^ai. 

Qy'. 
'Edv %(oqCov 7CSQii%rjtaL vtco ^rjtfjg xal dito- 



1. EK]EI¥. N!3!] MN F, sed corr. 8. ZJT] corr. ex 
XZm. IV. 4.Trfl5]Tdy. hxC]om.V, xo^zmN, t^]t6Y, 

taov iaxC Bb. 5. z6] (prius) tco Vq). 7. mv] ov tp,' iazC\ 
m. 2 F. 8. TZ] in ras. V.^ 9. zo 8\ T2 iazi] zovziazv B. 

10. iatCv P. rdj z6 dno zris P; zo dno zfjg AN mg. m. 
1 b. 12. Srj] om. P. fjkiat} PBFb, fiiarjg 9, e corr. m. 2 V. 

iaziv P. 18. z6 EK — 14. Tfl5 ^;^] in ras. F. 18. iaziv] 
iazL b. Post taov add. tc5 (to F) NM tovtiati Fb, m. 2 V. 
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[VI, 1] et [id.] EH:ZH=EK:ZK. quare EK me- 
dium est proportionale inter jil^ ZK. uerum etiam 
MN medium est proportionale inter AM^ NS [prop. 
Lllllemma]. et AI^AM^ ZK^NS. quare etiam 
MN=EK. uerum ^@ = EK, AS = MN [I, 43]. 
quare AK= TQX-^- NS. iam quoniam AK^^dM-^-NSj 
quorum ^K= TQX-^NtS, erit reliquum AB= T2J. 
sed T£=AN^. itaque AN^ = AB. ergo AN qua- 
drata spatio AB aequalis est. 

lam dico, AN mediae esse apotomen primam. 
nam quoniam EK rationale est, et EK = A!Sy etiam 
AS rationale est, hoc est AOxON. demonstrauimus 
autem, NS medium esse [u. p. 2^2, 18]. quare AtS, 
NS incommensurabilia sunt. est autem 

AS:NS=AO:ON 
[VI, 1]. quare AO^ ON longitudine incommensura- 
biles sunt [prop. XI]. itaque AO, ON mediae sunt 
potentia tantum commensurabiles spatium rationale 
comprehendentes. itaque AN mediae apotome est prima 
[prop. LXXIV]. et est AN^ = AB. 

Ergo recta spatio AB aequalis quadrata mediae 
apotome est prima; quod erat demonstrandum. 

xcin. . 

Si spatium recta rationali et apotome tertia com- 

16. iat^v P. tm NlS}'\ m. 2 B. ms ds] %al mg aQa B. 

17. kazCvl om. V. nqog ti^v FV. &Qa — 18. ii7}%6i\ Sv- 
vdfisi. stal fiovov aviifiBtQoi. in ras. Y, mg. add. m. rec: &Qa 
iniHei stalv oiavfifistQoi* ta dh dn' avtmv tstQuytova avyi>yi>stQa' 
at AOj ON aQa. 17. aviiiistQOi F. 19. AN] OiNT b, 
AH ¥. fiiari BPVb. 2i. ^ — x^Q^^''^] om. q>. Svva-'] 
in spatio 9 litt. F. (isarj BPb. 22. onsQ iSsi dsitai'] comp. 
P, om. BPVb. 
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toiJL^g tQLrrjg^ ij ro xoqIov dvvafisvrj fieerig 
dnotofiij i6tL SsvtdQcc, 

XcDQLOv yccQ to AB neQLB%i6%^o imb QVjtijg f^g AF 
xal aTCotOfiijg tQLtrjg t^g AA' kiyca^ otL ^ to AB 
5 xcoQLOv Svvafiivri fii6rjg aTCotofii^ i6tL SsvtiQa, 

^E6tci) yccQ tfj AA jCQ06aQfi6^ov6a r^ AH* at AHj 
HA aQa ^r^tal s16l SvvifieL fiovov 6vfifistQ0Lj xal 
ovSetiQa tciv AH, HA ^vfifietQog i6tL fii^xeL tr^ ix- 
xeLfiivy ^rjtfj tfi AF^ ri S\ oXri rj AH tijg 7tQo6aQfio- 

10 is>v6rig trig AH fiet^ov SvvatuL rcS aTcb 6vfifiitQov 
eavtfj. inel ovv rj AH trjg HA fiet^ov Svvatac rdr 
djcb 6vfifiitQ0v iavtfjy iav ccQa tp tetccQtGi fiiQec tov 
anb trjg AH t6ov naQa tr^v AH TCaQafilrid^fj iXXetnov 
etSec tetQaycivpj elg 6vfifietQa avtrjv SceXet, tetfii^^d^G) 

16 ovv ri AH SCxa xatcc tb E, xal rra djcb trjg EH t6ov 
TCaQcc tijv A H naQa^epki^^d^ci) iXXetnov etSsLtetQaycivpy 
xal i6tci) tb vjtb tSv AZ^ ZH. xal fix^(o6av Slcc rc5t/ 
Ej Z, H ^rjfiSLOv tfj AF naQdXXrjXoL at E&^ ZI^ HK' 
6vfifistQ0L aQa sl6lv at AZ^ ZH' 6vfifistQ0V aQa xal 

20 ro AI rp ZK, xal insl at AZ^ ZH 6vfifistQ0L slot 
fii^xsLj xal ^ AH aQa ixatiQcc tSv AZ^ ZH 6vfi' 
fistQog i6tL fiTJxsL. ^rjtri S\ ri AH xal d6vfifistQog 
tfj AF firlxsc &6ts xal at AZ^ZH, sxdtSQOV aQa tAv 



1. yi,iari BF Vb. 6. fiiari BFb, et V, corr. m. 2. htiv P. 

9. -a^fiof-] in ras. V. 10. oiavfipi,8tQOv b. 11. insi — 12. 
lavrj] punctis notat. V. 11. H^f\ JH F, 12. tov] corr. 
ex Tc5 m. 1 b. 14. disXst fn^nsi v. 15. to5] to q>, 18. 
Jf] 6m. V. ZJ] mut. in IZ V. 19. statv] st- e corr. V. 

20. staiv P. 23. caars xal at AZ^ ZJf] %al sHatiQa UQCt 
(supra scr. m. 1 V) tmv AZ^ZH ^ritri iati nal davfifistQog rj 
Ar fiTiTisr %at Theon (BFVb). 



ELEMENTORUM LIBER X. 



287 



prehenditur; recta spatio aequalis quadrata mediae 
apotome est secu^da. 

Spatium enim AB recta rationali ^F et apotome 
tertia ud^ comprehendatur. dico, rectam spatio j4B 
aequalem quadratam mediae apotomen esse secundam. 

nam JH rectae Jt^ congruens sit. itaque ^H, 
H^ rationales sunt potentia tantum commensurabiles^ 
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et neutra rectarum AH^ H^d 
rationali propositae AF lon- 
gitudine commensurabilis est, 
tota autem AH congruentem 
AH excedit quadrato rectae 
sibi commensurabilis [de£F. 
tert. 3]. quoniam igitur AH^ 
excedit AH^ quadrato rectae 
sibi commensurabilis, ai^AH^ 
aequale rectae AH adplicatur 
spatium figura quadrata deficiens, in partes commen- 
surabiles eam diuidet [prop. XVII]. iam AH m E 
in duas partes aequales secetur, et quadrato EH^ 
aequale rectae AH adplicetur spatium figura quadrata 
deficiens, et sit AZX ZH. et per puncta E, Z, H 
rectae AF parallelae ducantur E&^ ZI^ HK. itaque 
AZ^ ZH commensurabiles sunt. quare AI^ ZK com- 
mensurabilia sunt [VI, 1; prop. XI]. et quoniam AZ^ 
ZH longitudine commensurabiles sunt, etiam AH 
utrique AZyZH longitudine commensurabilis est [prop. 
XV]. uerum AH rationalis est et rectae AF longi- 
tudine incommensurabilis. quare etiam AZ^ZH [prop. 
XIII]. itaque utrumque AI^ ZK medium est [prop. 
XX]. rursus quoniam AEy EH longitudine commen- 



288 STOIXEIiiN t'. 

AI^ ZK iihov i^xCv, TtdXiv^ inel Ov^iietQog ictiv ^ 
^E tfj EH ^fjxeiy xal i] ^H &Qa BxateQa t&v ^E^ 
EH ^viifistQog i0tL iii]X€l, Qrjtij Si ^ H/d xal devii- 
listQog ty AF iii]X6l* Qrjtfj aQa xal ixateQa t(DV ^dE^ 
6 EH xal a6viiii€t(fog tij AF iiijxeL' exdteQov aga rmv 
^&^ EK iie6ov i6tLv. xal inel at AH, H^ dwd^eL 
fiovov ^vfifietQOL el6LV^ d^vii^etQog aQa i6tl [iT^xeL fi 
AH tfj H^, akk^ 71 ^lv AH tfj AZ 0v[iiJLetQ6g i6tL 
lii^xeL^ fj dh ^H r^ EH' d6v[i^etQog aQa i6tlv fi AZ 

10 tr^ EH iii]xeL. (og dl fi AZ JtQog triv EH^ ovttog i6tl 
tb AI TCQog ro EK' d^v^ybetQOv aQa i6tl ro AI 
r(5 EK 

2]vve6tdt(o ovv rc3 [ilv AI t6ov tetQdytovov ro 
AM^ ta dh ZK t6ov &tpriQYi6%'(0 to NS neQl r^v avtriv 

15 ycoviav ov t^ AM' TceQl tfiv avtfiv aQa SLdfietQov 
i6tL ta AM^ NS, S6t(o avttov SLaybetQog fj OP^ xal 
xatayeyQd^pd^co to 6xijiia. inel ovv to fmo tciv AZ^ 
ZH L'6ov i6tl rc5 dTCo r^g EH^ i6tLV aQa (og fi AZ 
TtQog tfiv EH^ ovt(og fi EH TCQog tfjv ZH. aAA' co^ 

20 fi^v i} AZ TCQog tfjv EH, ovtcjg i6tl tb AI TCQbg ro 
EK' cag Sh fj EH jCQbg tf^v ZH^ ovtGig i6tl ro EK 
XQbg tb ZK' xal (og aQa tb AI TCQbg ro EK^ ovtcog 
tb EK TCQog tb ZK' t(ov aQa Aly ZK iie6ov dvd- 
Xoyov i6tL ro EK. S6tL S\ xal rcofv AM, NS tetQa- 

25 ycivcov fii6ov dvdXoyov tb MN* xal i6tLv l6ov to 
liev AI tp AM, ro Sl ZK t6 NS' xal tb EK &Qa 



1. iativ] lcJT^PBV, comp. Fb. iativj iati V. 3. ftTjxet] 
otn. B. JH ¥, Hd in ras. V. 4. Q-qrq — 5. fi^xfi] m. 
2 B. 5. xal STtdtsQOV V. Q. EK] ®K F. ^ iatC BV, 
comp. Fb. SvvdfisLC, c euan,, V. 7. slal av^ifistQoi V. 
iativ V. ft^xfit] om. V. S. AH] H in ras. V, deinde 
add. f*i}xft m. 2. HJ] JH P. dXX' — 9. t^ EH] mg. 
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surabiles sunt, etiam JH utrique ^E^ EH longitudine 
commensurabilis est [prop. XV; cfr. p. 283 not.]. 
uerum Hd rationalis est et rectae AF longitudine 
incommensurabilis. quare etiam utraque ^E^ EH 
rationalis est et rectae AF longitudine incommensu- 
rabilis [prop. XIII]. itaque utrumque JSj EK medium 
est [prop. XX]. et quoniam AH, H^ potentia tantum 
commensurabiles sunt, .^^if et H^ longitudine incom- 
mensurabiles sunt; uerum AH^ AZ et ^H^ EH lon- 
gitudine commensurabiles sunt. quare AZ^ EH lon- 
gitudine incommensurabiles sunt [prop. XIII]. est 
autem AZ:EH = AI:EK [VI, 1]. ergo AI, EK 
incommensurabilia sunt [prop. XI]. 

construatur igitur quadratum AM = AI, et au- 
feratur spatio ZK aequale NS in eodem angulo po- 
situm, quo AM. itaque AM^ NlS circum eandem 
diametrum posita sunt [VI, 26]. sit OP eorum dia- 
metrus, et figura describatur [cfr. uol. I p. 137 not.]. iam 
quoniam est AZxZH=EH% erit AZ:EH=EH:ZH 
[VI, 17]. est autem AZ:EH=AI:EK [VI, 1], et 
EH: ZH= EK: ZK [id.]. quare etiam AI: EK= EK: ZK. 
itaque EK medium est proportionale inter AI, ZK, 
uerum etiam MN medium est proportionale inter qua- 
drata AM, NS [prop. LIII lemma]. et AI = AM^ 

m. 1 P. 8. Postjiir ras. 1 litt. V. AZ |Li^x£t V. htiv V. 

9. fiTJxst] om. V. apa] supra scr. m. 1 P. 10. AZ^ 
Bupra scr. ^ b. EH'^ in ras. V. 11. t6] (pr.) to dno trig P. 
To] xriv b. EK'^ E4 supra scr. K b. a6Vfi(istQov — 12. 
EK] om. P. 11. iatl toI m. 2 F. 13. tc5] corr. ex t6 m. 
1 P. tstQay(6vmv P, sed corr. 16. 6v] supra scr. m. 1 F. 

Tc5] t6 F. 17. vno] uno b. 22. xal cos — 23. t6 ZK] 
mg.' m. 2 B. 23. t6 ZK] ZK PB. .. 

Enclides, edd. Heiherg et Menge. m. V^ 
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t6ov i6xl x(p MN. alktt xo ^lv MN t6ov iarl r^ AS^ 
ro S\ EK t6ov [i^rX] rp A®' xal okov aQa rb ^K 
t0ov i6rl rc5 TQX yvciiiovL xal r^ NS. l6rL Sh xal 
rb AK t6ov rotg AM^ NS' loiTcbv a^a rb AB t6ov 
6 i6rl rra 2^T^ rovri6ri, r& anb r^g AN rsrQaydva)' 
7] AN aQa Svvarai rb AB x(oqIov. 

Aeyo)^ orL fi AN (li^rjg ajcoroiii] i6rv SsvrsQa. 
^Ensl yccQ ^s6a iSsixd^rj ra AI^ ZK xai i^riv t6a 
rotg aTtb rAv AO, ON^ fis6ov aQa xal ixdrsQOV rmv 

10 aitb rSv AOj ON' (ii6rj aQa sxariQa rSv AO^ ON. 
xal ijtsl ^v^^sxQov i6ri rb AI rA ZK^ 6v^fisrQov aQa 
xal rb anb rijg AO rS ccTcb rrjg ON. naXiv^ insl 
d6viifisrQov iSsLX^ri ro AI rc5 EK^ a6viiiisrQov aQa 
i6rl xal rb AM r^ MN^ rovri^ri rb dnb rijg AO 

15 rp vxb rSv AO^ ON' &6rs xal fj AO d^v^^srQog 
i6rL iJLi^xsL ry ON* at AO^ ON aQa ^s6aL sl6l dv- 

vdflSL IICVOV 6VflflLSrQ0C. 

Asyco tfi}, ort xal fis6ov 7CSQiixov6LV. 
^Ensl yccQ (ii6ov iSsix^ri rb EK xai i6riv t6ov 
20 rra \mb rcov AOy ON^ fii6ov aQa i6rl xal rb vnb 
rciv AO^ ON' &6rs al AO^ ON fii6av sl6l SwdfiSL 
fiovov 6vfifisrQoc fii6ov nsQLixov6au fi AN aQa fiiorig 
dytorofii^ i6rL SsvriQa' xal SvvaraL ro AB x^Q^^'^» 
^H aQa rb AB ^ijoptov Svvafiivrj (li^rjg dnorofiT] 
26 i(StL SsvriQa' onsQ ISsl Sst^aL. 

1. To] corr. ex r^ m. rec. P. tc5] corr. ex t6 m. rec. P. 

2. Alsl] AlS! F. To] corr. ex rg m' rec. P. iatili P, om. 
BFVb. Tf5] corr. ex to m. rec. P. Post -J® in b adp. :o^, 
deinde spatium 1 lin. uacat. 3. NlSl] mnt. in NZ m. rec. B. 

4. taov\ (prius) m. 2 FV. 6. AN] AMF; AN F, corr. 
m. 2. 6. AN} A eras. V. 7. /[i^ffij BFVb. iativ P. 11. 
cviiyi>Bt(iOv'\ (prius) avfifistgog F. 12. tijg} corr. ex tmv F. 

Post AO add. ON B et supra m. 1 P. trjg] corr. ex 
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ZK=NlSl. itaque etiam EK=MN, uerum MN=A!S 
[I, 43], EK = ^@. quare etiam ^K=T0X+NS. 
est autem etiam 

AK = AM+ NS. 
itaque reliquum AB = UT= AN\ ergo AN quadrata 
spatio AB aequalis est. 

dico, AN mediae apotomen esse secundam. nam 
quoniam demonstrauimus^ AI^ ZK media esse, et 
AI=AO^, ZK=ON^, etiam utrumque AO^, ON^ 
medium est. quare utraque AO^ ON media*est. et 
quoniam AI^ ZK commensurabilia sunt [VI, 1 ; prop.XI], 
etiam AO^, ON^ commensurabilia sunt. rursus quon- 
iam demonslTrauimuS; AI et EK incommensurabilia 
esse, etiam AM et MN^ hoc est AO^ et AOxON^ 
incommensurabilia sunt. quare etiam AO^ ON lon- 
gitudine incommensurabiles sunt [VI, 1; prop. XI]. 
ergo AO^ ON mediae sunt potentia tantum commen- 
surabiles. iam dico, easdem spatium medium com- 
prehendere. nam quoniam demonstrauimus, EK medium 
esse, et EK = AOxON^ etiam AOxON medium 
est. quare AO^ ON mediae sunt potentia tantum 
commensurabiles medium comprehendentes. itaque AN 
mediae apotome est secunda [prop. LXXV]. et spatio 
AB aequalis est quadrata. 

Ergo recta spatio AB aequalis quadrata mediae. 
apotome est secunda; quod erat demonstrandum. 

Tcoy F. 14. iax^v P. MN] NM P. 16. tc5] corr. ex z6 
m. 1 F. 16. slaCv P. 18. nsqUxoaaai V. 19, ydq] om. 
Fb, m. 2 B. 20. iisaov — 21. ON (priusj] mg. V. 22. 
avyi^Bxqoi P. ANh. niar} BPVb. 23. iativ r, ^^co^^y] 
om. Theon (BFVb). 24. ti^iari BFVb. 25. onsg iSsi. dsi^ai,] 
comp. P, om. BFVb. 
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'Eav %(aQCov 7CEQii%ritai vno ^rit^g ocal ano- 
roiirjg rfrapri^g, ^ ro %(oqlov dvvafidvrj ikdo6aiv 
i6xCv, 
6 XcjqCov yccQ ro AB nsQie^iod^cs vno ^rjf^g tijg 
AF xal aTCotofi^^g tetccQtrjg t^g A^' kiyco, ort fj ro 
AB %a)QCov dvvafiivrj ikd^aov ietCv, 

*'E6tcj yccQ tfj j4^ 7tQo6aQfi6^ov6a rj ^H' at ccQa 
AH^ H^ QrjtaC el6c dwd^ec iiovov 6vfiiiietQ0L^ xal ri 

10 AH ^vli^etQog i6tL tfj ixxei^ivy $rjtfj tfj AF fn^xety 
rj dl oXrj fj AH tfjg 7tQ06aQfio^ov6rjg tijg ^dH (let^ov 
Svvatat rc3 djio d6vfiiiitQ0v eavtfj iirjKec, istel ovv 
rj AH ti^g H/d (let^ov Svvatai tS dno d6vfifiitQov 
eavtfj iii^xeL^ idv aQa rc3 tetdQtfp iiiQet roi; dito f^g 

16 ^H l'6ov TtaQcc trjv AH TtaQa^lrjd^fj iXketnov etSev 
tetQaycivG)^ elg d6viiiietQa avtrjv dteket, tetfii^6&o 
ovv rj ^H 8C%a xatd ro E^ xal rp dno trjg EH l6ov 
TtaQa trjv AH 7taQapepki^6&a} iXXetnov etSeitetQaydvG}^ 
xal i6tC3 ro V7tb t<3v AZ^ ZH' d6vfifietQog ccQa i6tl 

20 (iT^xeL fj AZ tfj ZH. ij^d^o^av ovv 8id rc5v E^ Z, H 
naQdlkrjloi tatg AF^ BA at ES^ ZI^ HK. iml ovv 
^rjtrj i6tLV rj AH xal 6v(ifietQog tfj AF (ii^xeL^ ^rjtov 
ccQa i6t\v okov to AK. TcdkLv^ ijtel d6v(i(ietQ6g i6tLv 
rj AH tfj AT (irjxeLj xaC el6LV d(iip6teQaL ^rjtaC^ (ii6ov 

25 aQa i6tl ro ^K, ndXLV, ijtel d6v(i(ietQ6g i6tLV fj AZ 
tfj ZH (iT^xeL^ d6v(i(ietQ0v ccQa xal ro AI rra ZK. 

2. tsxaQtrig dnotonijg V. 4. iatC BV, comp. Fb. 5. 
QTjtfig trjg'] corr. ex t^g m. 2 F, (ritijg V. Q, AJ] ABd hj 
Jd in ras. m. 1 B. 17] supra scr. P. 1. AB] om. Bb, m. 
2 V. 8. AJ] mut. in AB m. 2 F, AB b. 11. JH] HJ V. 
12. dvvafisvri P. avfifistqov B, corr. m. 2. 16. taov] 
uiaov tp. 16. davfi(istQ0v P, avfinstQoc b. disXst (it^ksl V. 
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XCIV. 

Si spatium recta rationali et apotome quarta com- 

prehenditur^ recta spatio aequalis quadrata minor est. 

Spatium enim AB rationali AF et apotome quarta 

A^ comprehendatur. dico, rectam spatio AB aequalein 

quadratam minorem esse. 

sit enim z/if rectae Ad congruens. itaque AH, 
HA rationales sunt potentia tantum commensurabiles^ 

et ^if rationali propositae 
AF longitudine commensu- 
rabilis est, tota autem AH 
quadrata congruentem AH 
excedit quadrato rectae sibi 
longitudine incommensura- 
bilis [defif. tert. 4]. iam quon- 
iam AH^ excedit HA^ qua- 
drato rectae sibi longitudine 
incommensurabilis, si \dH^ 
aequale rectae AH adplicetur spatium figura quadrata 
deficiens, in partes incommensurabiles eam diuidet [prop. 
XVIII]. JH igitur in E in duas partes aequales se- 
cetur, et quadrato EH^ aequale rectae AH adplicetur 
spatium figura quadrata deficiens, et sit AZxZH. 
itaque AZ^ ZH incommensurabiles sunt. iam per E^ 
Z, H rectis AF, BJ parallelae ducantur ES^ ZI^ 
HK, quoniam igitur AH rationalis est et rectae AF 
longitudine commensurabilis, AK rationale est. rursus 



17. EH] E e corr. V. 19. hziv P V. 20. /iijxc t] om. V. 
HZ F. ^1« P. E, Z] Z, E PPb, in ras. m. 2 B. 
Bz^] erae. V, TB b. 23. oXov^ supra scr. m. 1 b. 
iaxiv P. 26. aevitykBxqov^ a- del. F. uQa hxC F. 
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6vvs0rdxG} ovv rS iilv AI tcov rsrQdyovov ro AM^ 
rc5 dl ZK tdov dq^rjQ^^^d^o) Ttsgl rrjv avrijv ytovCav 
rriv vno rdiv AOM ro iV^. TtsQl rijv avrijv &Qa 8id' 
(lerQov i0ri ra AM^ NS rsrQdyova, l6ra) avrSv 
5 dLdfisrQog tj OP^ xal xarayeyQatpd^o) ro ^XVt^^- ^^^^ 
ovv ro VTCO rAv AZ^ ZH l'0ov i0rl ro aTto rijg EH^ 
dvdXoyov aQa i0rlv (hg ii AZ TCQog r^v EH^ ovrcjg 
^ EH TtQog rijv ZH. dkX* d)g filv rj AZ TtQog rijv 
EH^ ovrog i6rl rb AI TtQog ro EK, og dl rj EH 

10 TtQog rijv ZH^ ovrog i6rl ro EK JtQog ro ZK' rciv 
aQa AI^ ZK (ie6ov dvdkoyov i6ri ro EK. £6rc dh 
xal rciv AM, NS rer Qaydvov ns6ov dvdXoyov ro MN^ 
xal i6rcv t6ov ro ^sv AI rra AM^ ro 6} ZK ro NtS' 
Tcal ro EK ccQa i'6ov i6rl rw MN. dkXd rp ^iev EK 

15 t6ov i6rl ro A®, r& 81 MN t6ov i6rl ro AS' okov 
ccQa rd AK t6ov i6rl rc3 T^X yvci^ovc xal rm NtS. 
iTtsl ovv okov ro AK t6ov i6rl rotg AM^ NS rsrQa- 
ydvoLg^ ojv ro AK t6ov i6rl np T'QX yvci^ovi xal 
r^ NS rsrQaydvcOj koiJtov uQa rb AB t6ov i6rl rc5 

20 27T5 roms6rc rc5 dTtb r^g AN rsrQaydvtp' rj AN &Qa 
8vvarai rb AB xcdqCov. 

AiyOy ort r^ AN akoyog i6rvv r^ xakovfiivrj ikd66G)v. 

^Ensl yaQ Qr^rov i6ri rb AK xal i6rcv t6ov totg 

djtb rciv AO^ ON rstQdycovoig^ ro aQa 6vyxsi(isvov 

26 ix rciv dnb rdv AO^ ON Qrjrov i6riv. Ttdkvv^ iitsl 
rb AK fii6ov i6rCv^ xaC i^riv t6ov ro AK rd 8lg 
imb rciv AO^ ON^ xb aQa 8ig VTtb rciv AO^ ON iis6ov 

2. Post ZK ras. 1 liti F. 3. tmv] om. BFV. AON 
tp et, Bupra scr. M, b. xo] e corr. in. rec. b. 4. lart] alai P. 
5. 17] in. rec. P. 1. AZ] AH, supra scr. Z, b. njv] 
om. P. 8. AZ] Z in ras. F. 9. ovtmg] ovtmg iatlv ri E,H 
Tcqog triv ZH' dXX' ag (ilv ij AZ nifog triv EH^ ovzoag b. 
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quoniam ^H^ AF longitudine incommensurabiles sunt, 
et utraque rationalis est, ^K medium est [prop. XXI]. 
rursus quoniam AZ^ ZH longitudine incommensura- 
biles sunt, AI ^i ZK incommensurabilia sunt [VI, 1; 
prop. XI]. iam construatur quadratum AM=AIj et 
spatio ZK aequale auferatur NS in eodem angulo 
positum AOM. itaque quadrata AM, NS circum 
eandem diametrum posita sunt [VI, 26]. sit OP 
eorum diametrus; et describatur figura [cfr. uol. I 
p. 137 not.]. iam quoniam AZx ZH = EH^^ erit 
AZ : EH =EH:ZH [VI, 17]. est autem AZ : EH 
= AIiEK, EH:ZH=EK:ZK [VI, 1]. quare EK 
medium est proportionale inter AI^ ZK. uerum etiam 
MN medium est proportionale inter quadrata AM^ 
NS [prop. LIII lemma], et AI = AM, ZK = NS. 
quare etiam EK=MN uerum A& = EK^ AS=MN 
[1,43]. itaque AK = T^X-^- NS- iam quoniam 
est AK = AM+NS, quorum AK=TQX+NS, 
erit AB = 2JT= AN^. ergo AN quadrata spatio 
AB aequalis est. 

dico, AN irrationalem esse minorem, quae uocatur. 
nam quoniam AK rationale est, et AK = AO^ -^- ON^, 
AO^-\-ON^ rationale est. rursus quoniam AK medium 
est, et AK = 2AOxON, 2AOxON medium esi 

iatQ om. V. AI'] supra scr. T b. EH] E e corr. F, 
ras. 2 litt. V. 10. iari] om. V. 11. ^ativ P. 12. Tf- 
tQaymviov] om. V. 13. AI]ArF, NlSl] N in ras. V . 14. 
taov iati] iativ taov F, Haov V. t&] (alt.) to corr. in tov (?) V. 

IB. iatl] om. V. to] tc5 V. 0J B. tc5] coir. ex 
t6 m. 1 V, To P. iatC] om. V. to] t& P. ' 20. t£- 
tQayfovoi] om. V. 22. AH Y. dvoiloyog Fb. 24. toiv] 
tov P. 25. ON tstQayoivoDv V. iati BVb, comp. F. 26. 
iativ] comp. F, iatCFBYh. to JK] om,Y. tm] e corr. V. 
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iotCv, xal inal a6v(iiJLStQ0v iSsix^^ri ro AI t^ ZKy 
d0vfifi6tQOV aQa xal ro ano tfig AO tstQaycDVOv tp 
dnb rijg ON tetQaycivG). al AO^.ON aQa SwdfieL 
sl6lv d0v[i(istQOt noLovdai tb fihv ^vyotsifisvov ix xAv 
6 djc avt&v tstQaydvov ^r^tovy tb 8h Slg v% avxAv 
fis6ov. 71 AN aQa akoyog i6tiv ij xakovfisvri iXd66cov' 
xal Svvatai tb AB %(oqCov. 

\H aQa tb AB %(oqCov Svvafisvrj ikd66Giv i6tCv" 
onsQ iSsi Ssll^ai. 

10 Qf'. 

^Eav xGiQCov nsQis%ritai vnb Qritrjg xal dTto- 
tofirjg nsiintrjgj fj tb xodqCov Svvafisvri [ij] (J^^^^d 
^rjtov fii6ov tb oXov noiov6d i6tiv. 

XcdqCov yccQ tb AB nsQisxs^d^cD vnb Qrjf^g r^g 

15 -4 r xal dnotofirjg nifintrjg trjg AA' XsyOy otv i] ro 
AB xcoqCov Svvafisvri [rf\ fistd Qrjtov fis6ov ro olov 
noiovod i6tiv. 

"E^tcD yccQ ty AA nQo6aQfi6^ov6a fj AH* at ocQa 
AHy HA ^rjtaC sl6i Svvdfisv fiovov 6vfifistQ0iy Tcal ^ 

20 nQo6aQfi6^ov6a ij HA 6vfifistQ6g i6tL fi^^xsc tfj ixxsL- 
fisvrj Qrjty tfj AFj ij Si okrj rj AH t^g nQ06aQfi0' 
^ov^rjg trjg AH fist^ov Svvatat tp dnb d6vfifistQov 
samfj. idv aQa rp tstaQtp fisQSL tov dnb trjg AH 
t6ov naQa trjv AH naQapkrjd^fj iXXslnov sHSsl tstQa- 



1. iatC BVb, comp. F. 2. avfiaBTQOv B, corr. m. 2. aga 
iarC V. rsTQdya^vov] om. V. 3. aavaiistQoi slat Svvdfisi V, 
deinde del. m. 2: Sta to dsvtSQOv d^sa^Qtifia tov fiipXCov. 6. 
AH F. dvdXoyog P, sed corr. 7. AB] B corr. ex T m. 2 F. 

8. iatC B. 9. onsQ ^dsi dft|at] comp. P, om. BFVb. 12. 
w] (alt.) om. FVb, m. 2 B. 13. iatt BV, comp. Fb. 16. 
17] om. FVb, m. 2 B. 20. HJ] in ras. m. 1 b, JH P. 

liT^nsi] om. V. 21. i4 r jLirjxf t V. 22. avfifistQov B, corr. m. 2. 
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et quoniam demonstrauimus, AI et ZK incommensu- 
rabilia esse, etiam AO^, ON^ incommensurabilia sunt. 
itaque AO^ ON potentia incommensurabiles sunt ef- 
ficientes summam quadratorum rationalem^ duplum 
autem rectangulum medium. quare AN irrationalis est 
minor, quae uocatur [prop. LXXVI]. et AN^ = AB. 
Ergo recta spatio AB aequalis quadrata minor 
est; quod erat demonstrandum. 

XCV. 

Si spatium recta rationali et apotome quinta com- 

prehenditur, recta spatio aequalis quadrata recta est 

cum rationali totum medium efficiens. 

Spatium enim AB recta rationali AF et apotome 

quinta AA comprehendatur. dico, rectam spatio AB 

aequalem quadratam rectam esse cum rationali totum 

medium efficientem. 

nam AH rectae AA congruens sit. itaque AH^ 

HA rationales sunt potentia tantum commensurabiles, 

et congruens HA rationali 
propositae AF longitudine 
commensurabilis est, tota au- 
tem AH quadrata excedit 
congruentem AH quadrato 
rectae sibi incommensurabilis 
[defif. tert. 5]. itaque si \AH^ 
aequale rectae AH adplicatur 
spatium figura quadrata de- 
ficiens, in partes incommen- 
surabiles eam diuidet [prop. 

XVIII]. AH igitur in puncto E in duas partes aequales 



E Z 



B 



e I 



H 



K 
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ycivo)^ slg a0vfiii6tQa avxriv SuXet retfii^ad^Gi ovv ri 
^H Slxa xata to E 6rjiiet0Vy xal rc5 and trjg EH 
toov TtaQa triv AH naQa^efikrj^^G) iXlelJtov etSev te- 
tQaycivp xal e6t(o to vtco t<3v ATs^ ZH* a^vfi^etQog 
5 aQa i6tlv rj AZ tfj ZH iirjxeL. xal ixel d^vfiiietQog 
i0tiv fi AH tfj FA fii^xeLj xai eloiv dfKpoteQac QritaC^ 
fii6ov aQa i6tl tb AK. Jtdkiv^ iscel ^ijrij i6tLV rj 
^H xal 6vfi(ietQog t^ AF ii^^xei^ Qrjtov i6ti to ZlK. 
6.vve6tdtG) ovv rc5 lihv AI t6ov tetQdycavov tb AM^ 

10 t& 8e ZK t6ov tetQaycavov dq^rjQi^^d^a) ro NjSl jteQl 
trjv avxriv yoviav trjv vnb AOM' TteQl trjv avtrjv 
aQa SidfietQOv i6ti td AM, NS tetQdycova. i6tci} 
avtciv Sid^etQog fi OP^ xal xatayeyQdfp^cQ ro ^x^^fia. 
oiioiog Sij Sei^Ofiev^ oti rj AN Svvatai tb AB %(OQiov. 

16 AeycOj oti ri AN ri fietd ^ritov fii6ov tb okov 

X0L0V6d i6tLV, 

'ETtel yaQ fii6ov iSeix^rj tb AK xai i6tvv t6ov 
tolg dnb tciv AO^ ON^ ro aQa ^vyxeifievov ix tSv 
dnb tciv AO^ ON ^e6ov i6tiv, ndkiv^ inel Qrjtov 

20 i6ti tb AK xai i6tLV t6ov t^ Slg vnb tAv AO^ ON^ 
xal avtb ^rjtov i6ttv. xal iTtel d^vn^etQov i6tL tb 
AI rc5 ZKy d6vfiiietQov ccQa i6tl xal tb ditb t^g AO 
rw «jro tijg ON' at AO, ON aQa SvvdfieL el6lv dovfi- 
fietQOL 7t0L0v6aL tb filv 6vyxeLiievov ix tSv dit avt&v 

26 tetQaythviQV (ii6ov^ tb Sl Slg vjt avtciv ^rjtov. f^ 
koLTtri aQa fj AN akoyog i6tLV fi xakov^ivrj ^etd 



1. Post diBlBt del. /M-iJitet V. 3. -4H] H e corr. m. 1 V. 

4. Tol corr. ex x6 P. 6. t^] supra scr. m. 1 b. Post 
fi^xst add. Y.(A tJx&odgccv 8ia z&v E, Z, H zij AF {A b) naQciX' 
XriXoi at E@j ZI, HK b, mg. FV. ^6. FA] in raa. V, AVV. 

8. Ante avfiiiBtgog rae. 1 litt. V. aqa iaxi V b, m. 2 F. 9. 
kaxdtm b, taxoi V. 10. xBxqdyoivov'] supra scr. F. t6 iV,^] 
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secetur, et quadrato EH^ aequale rectae ^H adplicetur 
spatium figura quadrata deficiens et sit j4Z X ZH 
itaque ^Z, ZH lougitudiue incommensurabiles sunt. 
et quoniam ^H^ FA longitudine incommensurabiles, 
et utraque rationalis est, AK medium est [prop. XXI]. 
rursus quoniam ^H rationalis est et rectae AF lon- 
gitudine commensurabilis, JK rationale est [prop. 
XIX]. construatur igitur quadratum AM= Aly et 
spatio ZK aequale auferatur quadratum NS in-eodem 
angulo AOM positum. itaque quadrata AM^ NS 
circum eandem diametrum posita sunt [VI, 26]. sit 
OP eorum diametrus, et describatur figura [uol. I 
p. 137 not.]. eodem igitur modo demonstrabimus, 
esse AN^ = AB. 

dicO; AN rectam esse cum rationali totum medium 
efficientem. quoniam enim demonstrauimus, AK me- 
dium esse, etAK = AO^ + ON\ AO^ + ON^ medium 
est. rursus quoniam AK rationale est, et 

AK = 2AOxONj 
hoc et ipsum rationale est. et quoniam AI, ZK in- 
commensurabilia sunt, etiam AO^^ ON^ incommensu- 
rabilia sunt. quare AO^ ON potentia incommensu- 
rabiles sunt efficientes summam quadratorum mediam, 
duplum autem rectangulum rationale. itaque reliqua 



om. Theon (BFVb). 11. vno xmv BFb. AOM %o NS 
{Mls: (p) Theon (BF Vb). 12. iati] hlai in ras. m. 2 V. xa\ 
in ras. m. 2 V. AM"] A in ras. m. 2 V. 18. avyns^fisvov' 
om. V. 19. iart BV, comp. Fb. 21. avvo] to dlg aga vno 
Tcov AO, ON Theon (BFVb). iazi PBV, comp. Fb. 22. 
AI] mut. in ^E m. 2 F, ^E b. 23. ON] (prius) e corr. V. 
26. 7j] om. B. 26. HaXovfiivrf] na- supra scr. m. 1 b. rj 

flSTOC b. 
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$i]rov (i£0ov ro oAov TtoiovCa' xal Svvaxai xo AR 
%mqiov. 

^H tb AB ccQa %(X}qCov dvvafievi^ yLBxa qtixov (ii0ov 
ro oAov notovffd icxiv onaQ aSai SBii,ai. 

6 QS:'. 

^Eav xoqCov ytSQLBxrjxai vno Qfix^g xal aTCo- 
xo^iijg exxrjg^ rj xo %(oqCov Svvaiievri iiexa (ie6ov 
liiffov x6 okov noiovod i0xiv, 

XoqCov yaQ xo AB nBQiB%i6%(o vnb Qi^xijg x^g AP 
10 xal dnoxofi^^g exxrjg x^^g AA' liyo^ oxi rj x6 AB 
%(oqCov Svva(iivri [i^] iiBxd ^i0ov (ii(Sov xo okov noiov0d 

iffXLV. 

"E6x(o yaQ xy AA 7tQO0aQfi6iov0a r^ AH' aC aQu 
AH^ HA ^rixaC sldi SwdyLBi fiovov ^vfiiiBXQOL, xal 

16 ovSsxiQa avxSv ^viifiBXQog ioxi xy ixxev^ivri ^V^V "^V 
AF ii^xBi^ fj Sh oAi^ ri AH xijg ytQO6aQ(io^ov0rjg xrjg 
/JH iiet^ov Svvaxai rc3 dn6 d^vfiiiixQov eavxfj fii^xeL. 
inel ovv ri AH xrjg H/J iiBt^ov Svvaxai rc5 dito devfi- 
(lixQOv eavxij in^xei^ idv &Qa rc5 xexdQXCj (liQei xov 

20 d7t6 xijg jdH l'6ov naQa xrjv AH TtaQa^Xrid^y iXXetnov 
efSei, xexQaycivp, elg d^viiiiBXQa avxrjv SieXet. xexiii^ad^cj 
ovv rj AH SC%a xaxd x6 E [6rjiietov}^ xal ro5 d7t6 xrjg 
EH teov TtaQa xrjv AH naQa§B^XTq0^(o iXXetTtov eHSet 



3. aqa to AB V. of^a] om. PB, m. 2 F. x^qCov 
aQcc B. 4. onsQ i$8i dstlai] comp. P, om. BFVb. 6. 

vw'P. 8. iati BV, comp.Fb. 9. AB] ABTF, 10. sntrjg 
tfjs] corr. ex «xriys m. rec. P. 11. t}] om. BFVb. 
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AN irrationalis est cum rationali totum medium ef- 

ficiens, quae uocatur [prop. LXXVII]. et AN^ = AB, 

Ergo recta spatio AB aequalis quadrata recta cum 

ration&li totum medium efficiens est; quod erat de- 

monstrandum. 

XCVI. 

Si spatium recta rationali et sexta apotome com- 
prehenditur, recta spatio aequalis quadrata recta est 
cum medio totum medium efficiens. 

Spatium enim AB rationali ^F et sexta apotome 
AA comprehendatur. dico, rectam spatio AB aequalem 
quadratam rectam esse cum medio totum medium 
efficientem. 

nam AH rectae AA congruens sit. itaque AH^ 
HA rationales sunt potentia tantum commensurabiles^ 
A d E Z H et neutra earum rationali pro- 

positae AF longitudine com- 
mensurabilis est^ tota autem 
^if congruentem AH quadrata 
excedit quadrato rectae sibi 
longitudine incommensurabilis 
[deflf. tert. 6]. iam quoniam 
AH'^ excedit H^^ quadrato 
rectae sibi incommensurabilis 
longitudine, si \AH^ aequale 
rectae AH adplicatur spatium figura quadrata deficiens^ 
in partes incommensurabiles eam diuidet [prop. XVIII]. 
AH igitur in puncto E in duas partes aequales se- 
cetur, et quadrato EH^ aequale rectae AH adplicetur 

^aXXoiiBvov F, nagapdXXoDpLSv Vb. 22. arjfistov'] om. P. tc5] 
t6 F. 23. Caov] om. V. taov iXXsinov V. 
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TBtQaycivp, xal iffto tb vnb tAv AZ^ZH' a0v(i(i€tQog 
aQa i6tlv rj AZ tfj ZH [11^X61. mg Sl fj AZ TCQog 
tijv ZH^ ovtcjg i6tl to AI TiQog to ZK' a0vfi(AStQov 
aQa i6tl ro AI tp ZK. xal iytel at AH^ AV ^i^tai 

6 Bl6l Svvd{ILBl (lOVOV 6Vllli£tQ0C^ ^b6ov i6tl to AK. 

ndkiv^ iTtsl a[ AFj AH Qi]tai al6i xal d6v(i(i6tQov 
liYixsvy lie6ov i6tl xal to AK. insl ovv al AH^ H/l 
Swdyisi \i6vov 6vii(istQoi st6iv^ d6viiiistQog aQa i6tlv 
fj AH tij HA 111^X61. (og Sh fj AH XQog trjv ifz/, 

10 ovtcog i6tl tb AK ytQog tb KA* d^vfi^stQOv aQa 
i6tl tb AK ta KA. 6vvs6tdtG) ovv rc3 fihv AI 
t6ov tstQdycDvov tb AM^ ta S% ZK t6ov dfpr^QT^^d-G) 
tcsqI triv avtr^v yoviav tb NS' ^bqI triv avt^v aQa 
SidyiStQov i6tt td AM, NS tstQdyova. S6tci> avtmv 

15 SidiistQog f} OPy xal xataysyQdtpd^a) tb ^x^fjf^cc. 6(iotog 
S^q totg iytdvco Ssi^oiisv, ort fj AN Svvatat tb AB 
XOQtov. 

AiycD, otv fi AN [fj] iistd fi£6ov iii6ov tb oXov 
Jtoiov6d i6tiv. 

20 ^Ensl yaQ (ii6ov iSsix^vi tb AK xai i6tiv i'6ov 
totg djtc tfSv AOy ON^ tb UQa 6vyxsiiisvov ix rcofv 
dnb t&v AOy ON iis6ov i6tiv. ndXiv^ insl (i£6ov 
iSstx^yi tb jdK xat i6tiv t6ov rc5 Slg vnb tciv AOj 
ONj xal tb Slg vitb tciv AO^ ON fii6ov i6tiv. xal 

26 iTtsl d^vfi^stQOv iSsix^^f^l tb AK ta AK^ d^vfifistQu 
[aQa] i6tl xal ta ditb tmv AO^ ON tstQdycDva t& 
Slg vnb tmv AO^ ON. xal iitsl d^viiiistQov i6tv tb 



^ 1. dcvnLyLBtqov P, corr. m. 1. 2. ZH] HZ F. 3. AI] 

dnb AI F. 4. iativ P. AI] corr. ex AF m. rec. P. 6. 

AK] corr. ex JK m. rec. P. 6. ndXiv — 7. JK] om. P. 

10. KJ] dK V. 11. KJ] corr. ex JK V. 12. dfprj^^a&m 
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spatium figura quadrata deficienS; et sit AZ X ZH. 
itaque AZ^ ZH longitudine incommensurabiles sunt. 
est autem AZ:ZH = AIiZK [VI, 1]. itaque AI, 
ZK incommensurabilia sunt [prop. XI]. et quoniam 
AH^ AF rationales sunt potentia tantum commensu- 
rabiles, AK medium est [prop. XXI]. rursus quoniam 
AF^ ^H rationales sunt et longitudine incommensu- 
rabiles, etiam ^K medium est [id.]. quoniam igitur 
AH^ Hjd potentia tantum commensurabiles sunt, AH 
et HA longitudine incommensurabiles sunt. est autem 
AH:HA = AK:KA [VI, 1]. itaque AK, KA in- 
commensurabilia sunt [prop. XI]. construatur igitur 
quadratum AM=AI^ et spatio ZK aequale auferatur 
JV,S in eodem angulo positum. itaque quadrata AM^ 
NtS circum eandem diametrum posita sunt [VI, 26]. 
sit OP eorum diametrus, et des^ribatur figura [uol. I 
p. 137 uot.]. eodem igitur modo, quo supra, demon- 
strabimus, esse AN^ = AB. 

dico, AN rectam esse cum medio totum medium 
efficientem. nam quoniam demonstrauimus, AK me- 
dium esse, et AK=AO^ + ON\ AO^ + ON^ medium 
est. rursus quoniam demonstrauimus AK medium esse, 
et AK = 2A0X ON, etiam 2AOx ON medium 
est. et quoniam demonstrauimus, AK et AK incom- 
mensurabilia esse, etiam AO^ + ON^ et 2AOxON 
incommensurabilia sunt. et quoniam AI^ ZK incom- 



t6 N!S} V. 13. nsQi — yooviav'] om. Fb, mg. m. 2 B. avT»}i'] 
(priua) avTTiv triv vno AOM V. to NS] om. V. 14. iati] 
Blei V. tSTQdyoiva] om. V. 16. dvvatai. — 18. AN] mg. 
m. 2 V. 18. ri] (alt.) om. P. 20. ftfov] m. 2 F. 22. 
iati PBVb, comp. F. 24. iat^ PBV, comp. Fb. 26. aqa] 
om. BFVb. 
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AI ta ZKj aeviiiiSTQOv aQa xal ro aytb r^g AO rp 
ano rrjg ON* al AO^ ON aga dvvd^€L sl6lv a^vft- 
yLBrQot noiov0ai ro rs OvyTisCyLBvov ix r(3v dn avr&v 
rsrQaycivcDV (is0ov xal ro Slg vtC avr&v [id0ov irv rs 
6 rd dn* avrciv rsrQaycova d6viiiisrQa t{3 Slg vjt^ avxAv, 
rj aQa AN aXoyog i6riv r\ xalov(iivfi fisrd [ii6ov 
IIS60V rb oXov 7tot,ov6a' xal Svvarai rb AB %cjqCov. 
^H dga rb xcjqCov Svvainivri [isrd fii^ov (ii6ov rb 
oAoi/ yt0L0v6d i^riv oitsQ iSsi Sst^ai, 

10 QS'. 

To- ditb dTtoroiiijg JtaQa Qtirfiv naQafiakXo- 
(isvov TtXdrog noist djcorofirjv ytQdrrjv, 

''E6rc} dTtoroiirj fi AB^ ^rjrrj Sh fi Fz/, xal r^ dytb 
r^g AB l'6ov naQa rfjv F/J naQa^s^kri^^o rb FE 

15 TtXdrog Ttoiovv rfjv FJL' XiycD^ on fj FZ dTtorofii^ i6ri 
ytQcirrj, 

"E6ro yaQ rfj AB ytQo6aQii6iov6a fi BH* at aQa 
AH^ HB ^riraC sl6i SwdiiSL ii6vov ^vfiiisrQoi, xal 
rc5 iihv dytb rrjg AH i!6ov naQa riqv F^d 7taQaPspXfJ6d'a) 

20 ro r®, rc5 Sl ditb rrjg BH rb KA. oXov aQa rb FA 
t6ov i6rl rotg dnb rc5v AH^ HB' av rb FE t6ov 
i6rl r& ditb rrjg AB' Xombv aQa rb ZA t6ov i6rl 
ra Slg tJjro r(Bv AH^ HB, rsr(jn^6^a) fi ZM SC^a 
xard rb N 6riiistov^ xal rjx^^i^ Std rov N rrj F^ 

25 TtaQaXX/rjXog fj NS' sxdrsQov aQa rSv Z^, AN 
t6ov i6rl rc5 V7tb rmv AH^ HB, xal iml rd dstb 



2. ON] (priuB) NOF, 3. ts] fisv BFVb. avy%s£(iBvov] 
m, 2 V. 4. xa/] ins. m. 1 V. hi] «- in ras. V. 6. AN] 
corr. ex AN B. 7. noiovaai (p. 8. x^^qCov] AB BFb, AB 
%(oqCov V. 9. onsQ Udsi dst^cci] : oo P. H. ano] om. b. 
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mensurabilia sunt, etiam AO^^ ON^ incommensurabilia 
sunt. itaque AO^ ON potentia incommensurabiles 
sunt efficientes summam quadratorum mediam et duplum 
rectangulum medium et praeterea quadrata et duplum 
rectangulum incommensurabilia. itaque AN irrationalis 
est cum medio totum medium efficiens; quae uocatur 
[prop. LXXVni]. et AN^ = AB. 

Ergo recta spatio illo aequalis quadrata recta est 
cum medio totum medium efficiens; quod erat demon- 
strandum. 

XCVII. 

Quadratum apotomes rectae rationali adplicatum 
latitudinem efficit apotomen primam. 

Sit-^B apotome, F^ autem rationalis, et quadrato 
AB^ aequale rectae F^ adplicetur FE latitudinem 
efficiens FZ. dico, FZ primam esse apotomen. 

B J? ^^^ ^^ rectae AB congruens 

• • 1 sit. itaque^H)H5rationalessunt 

potentia tantum commensurabiles 
[prop. LXXni]. et rectae FA ad- 
plicetur F® = AH^ KA = BIP. 
itaque totum rA = AlP + HB\ 
quorum FE =AB^. itaque reliquum ZA = 2 AHx HB 
[II, 7]. iam ZM in puncto N in duas partes aequales 
secetur, et per N rectae FA parallela ducatur NIS, 
itsiqvLeZS = AN = AHxHB. et quoniam ^H^ + HB^ 

12. Tcosi P, corr. m. 1. 17. AB] B in ras. V. BH] HB 
e corr. V. 19. AH] corr. ex AJ m. 1 F. 22. ZA] AZ P. 
23. tmvl om. P. ^ 26. Z^] IS^Z F. AN] corr. ex NA V. 
26. To5 ana^ vno V. 

Enclidet, edd. Heiberg ei Menge. m. 20 
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rciv AH^ HB QYixd i6ttv, xa£ i6tL totg dnb tSv AH^ 
HB t0ov t6 ^M, ^ritov aga ietl to AM. xal xaQa 
^ritr^v trjv FA naga^i^Xri^iai nXatog noiovv trp/ PM' 
Qrjftri aga ifftlv ij FM xal 6v(iii6tQog tfj FA (iijxBi, 
5 TtdXLv, inel (ii6ov i6tl to Slg vno tmv AH^ HB^ xal 
Tc5 Slg imo tmv AH^ HB t6ov t6 ZA^ iii6ov aQu t6 
ZA. xal naQa ^rjtrjv trjv FA naQdxsvtav TcXdtog xoiovv 
trjv ZM' Qrjtr^ aga i6tlv fi ZM xal d6vfiiistQog ty 
FA iii^xsi. xcxl iztsl td iilv aTCo twv AH^ HB ^rjtd 

10 iotiv^ t6 Sl Slg imo tciv AH^HB [liaovy d6v(iii€tQa 
aQa i6tl td dito t&v AH^ HB tp S\g vno tmv AH^ 
HB. xal totg (ilv dno tmv AHj HB t6ov i6tl t6 
FAj T{5 Si Slg V710 tmv AH, HB to ZA' d6vfi(utQov 
aga i6tl t6 AM tp ZA. mg Sh to AM XQog t6 

16 ZA^ ovtog i6tlv fj FM TtQog trjv ZM. d6vii(i€tQog 
aQa i6tlv ij FM tij ZM iirixei. xaC sl6tv dfiq^otsgaL 
^r^tai' aC aQa FM^ MZ ^rjtaC sl6v SvvdfisL [lovov 
6v(i(istQ0L' ij rZ aQa dTtotoinq i6tLv. . 
Aiym di^, oti xal TtQcitri. 

20 ^Exsl yaQ t(5v dnb t£v AH^ HB (ii6ov dvdkoyov 
i6tt t6 vTtb tmv AH^ HB^ xaC i6ti tc5 (ihv dnb tijg 
AH t6ov tb r®, [tp Ss dnb ti}g BH t6ov tb KAy 
t^ Sl imb tmv AH^ HB t6 NA^ xal tmv F®, KA 
aQa iis6ov dvdkoyov i6ti tb NA' i6tiv aga mg t6 

25 r® stQbg t6 NA^ oHtog t6 NA xgbg tb KA. dXX^ 
<og (ihv tb r@ TtQbg t6 NA^ oZtc^g i6tlv ^ FK XQog 



1. Sired — 2. HB] mg. m. 2 B. 1. iativl^ iati PBVb, 
comp. F. naC icti totgli totg di V. 3. nagaHSttai Theon 
(BP Vb); 7eaQa§i§X7jtai Bupra add. m. 2 B. 6. tm] corr. ex 
to PV. 8. iattv] iotl naC P. xal davfifistQog] bia b. 10. 
iati BV, comp. b, slai F? (liaa F, et P, corr. m. 1. 11. 
&Qa] om. B. iatCv P. 12. 'naC] %aC iati BPVb. iatC^ 
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rationale est, et z/M= AH^ + HB^^ JM rationale 
est. et rectae rationali Fz/ adplicatum est latitudinem 
efficiens FM. itaque FM rationalis est et rectae F^ 
longitudine commensurabilis [prop. XX]. rursus quon- 
iam medium est 2^HxHB, et ZA = 2AHxHBj 
ZA medium est. et rectae rationali F/l adplicatum 
est latitudinem efficiens ZM, itaque ZM rationalis 
est et rectae Fjd longitudine incommensurabilis [prop. 
XXII]. et quoniam AH^ + HB^ rationale est, 2AHx HB 
autem medium, AW + HB^ et 2 AHxHB incom- 
mensurabilia sunt. et 

FA = AW + HB\ ZA = 2AHX HB. 
itaque z/M, ZA incommensurabilia sunt. est autem 
AM:ZA = rM:ZM [VI, 1]. itaque FM, ZM 
longitudine incommensurabiles sunt [prop. XI]. et 
utraque rationalis est. itaque FM^ MZ rationales sunt 
potentia tantum commensurabiles. ergo FZ apotome 
est [prop. LXXin]. 

iam dico, eandem primam esse. quoniam enim 
AH X HB medium est proportionale inter AW et 
HB^ [prop. XXI lemma], et r® = AH\ KA = BH\ 
NA = AHxHB, erit etiam NA medium propor- 
tionale inter T®, KA. quare r®:NA = NA:KA. 
est autem r®:NA = rK:NM et NA:KA = NM:KM 
[VI, 1]. itaque rKxKM=MN^ [VI, 17] =\ZM^. 

om. BFVb. 13. HB] corr. ex AB m. 1 b, HB taov V. 16. 
f^v] om. B. 18. iati BVb, comp. F. 21. itfrt] (alt.) iauvF. 

T(o] corr. ex ro m. 1 F. 22. t«5 dl vno rmv AH, HB taov ro 
NA, Tc5 dh ano zijg BH taov xo KA' %aC %xX. Theon (BFVb). 

24. NA'] e corr. V. ^axiv — 26. nqog xo NA] mg. m. 
1 P. 26. NA] corr. ex AN V. ovxmg — 26. NA] mg. 
m. 2 B. 26. NA] corr. ex ^2V V. iaxlv'] m. 2 F. ^] 
ras. 1 litt. b. 
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rr^v NM' (og Sh ro NA ytQog to KA^ ovtcog iatXv 
fj NM TiQog trjv KM' ro &Qa vjto t&v FK, KM 
laov iotl ta dytb tijg NM^ tovtieti ta tstdcQtc) [liQei 
rov dni tijg ZM, xal i^el ^v^iietQov ioti ro anb 
5 tfig AH ta ano trjg HB, OviifiBtQov [iett] xal ro F® 
rc3 KA. (hg dh ro FG nQog to KA^ ovtcog fj FK 
n^Qog tijv KM' eviiiistQog aQa iotlv ij ^K tfj KM. 
inel ovv dvo svd^etai aviOoC al0iv aC FM^ MZ^ xat 
rc5 tataQtG) iiiQac tov djco tijg ZM HOov ytaQoc r^i; 

10 FM naQa^i^Xritai iXXatmv atSai tatQaydva) ro vno 
tAv FK, KM, xaC ieti 0viifiatQog f^ FK tij KM^ 
fj aQa FM tijg MZ liet^ov Svvatav rc5 dyto (SvfiiiitQov 
iavtij lirjxac. xaC ietiv fj FM 0viifiatQog ty ixxaLfiivy 
^tjtf] rij r^ iii^xai* fj DCQa FZ dytotofii^ i6tt nQoitri. 

15 To aQa djcb dn:oto^rjg TtaQa ^rjtrjv naQa^akXopLavov 
TtXdtog Tcoiat a^roro/x^v jrpcJriyv onaQ aSai Sat^ai. 

Tb dytb (licrig dytotoiiijg TtQcitr^g ytaQa ^rjtriv 
TtaQaPaXXoiiavov nXdtog Ttotat dTtoto^riv Sav- 

20 tiQav. 

^Ectco ^icrig djtoto^rj TtQcitrj fj ABy ^rjtri Sh fj Fz/, 
xal tp dnb tijg A B tcov naQcc trjv jTz/ naQa^a^XriC^^cD 
ro FE TtXdtog TtoioHv trjv FZ' Xiycj^ oti fj FZ dno' 
rofwj i0ti SavtiQa. 

25 "E0tG> yccQ tfi AB 7tQO0aQii6^ovaa fi BH' at uQa 
AH^ HB ^iaai alol Svvdiiac ^ovov CviiiiatQoi Qr^tbv 
naQii%ovCai, xal rp icav dicb tijg AH taov icaQcc rrjv 



1. mg di — 2. KM] om. F, uidetur fuisse in mg. 2. Post 
prins KM add. xal ms aqcc n ^^ ^Qog xriv NM {MN F), ovrmg rj 
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et quoniam AH^^ HB^ commensurabilia sunt, etiam 
r®, KA commensurabilia sunt. est autem 

r®:KA = rK: KM 
[VI, 1]. itaque FK^ KM commensurabiles sunt [prop. 
XI]. iam quoniam sunt duae rectae inaequales FM^ 
MZj et J ZM^ aequale spatium tectae FM ad- 
plicatum est FKxKM figura quadrata deficiens, et 
FK^ KM commensurabiles sunt, FM^ excedit MZ^ 
quadrato rectae sibi commensurabilis longitudine [prop. 
XVII]. et FM rationali propositae FA longitudine 
commensurabilis est. itaque FZ apotome est prima 
[deff. tert. 1]. 

Ergo quadratum apotomes rectae rationali adpli- 
catum latitudinem efficit apotomen primam; quod erat 
demonstrandum. 

XCVIII. 

Quadratum mediae apotomes primae rectae rationali 
adplicatum latitudinem efficit apotomen secundam. 

Sit^^ mediae apotome prima, FA autem rationalis, 
et quadrato AB^ aequale rectae FA adplicetur FE 
latitudinem efficiens FZ. dico, FZ apotomen esse 
secundam. 

nam BH rectae AB congruens sit. itaque AHy 
HB mediae sunt potentia tantum commensurabiles 

NM TtQog TJiv KM FVb. 3. rovcscTiv P. 4. cviifiSTQog P, 
corr. m. rec. iariv P. 6. iart] om. P. 11. iariv P. 

davfifistQog P. 12. TM] MF e corr. V; KM supra scr. 
r b. MZ] ZM F. davtutuBtQOV b, d- add. m. 2 F. 16. 
naQa (rjti^v] om. V. 16. onsQ ^dsi dsi^at'] comp. P, om. 
BFVb. 21. lAiarj BFVb. 22. Post nuQd del. Qrj m. 1 P. 

rj] FM F. 23. rEj corr. ex rS m. rec. P. 25. B H] 
corr. ex ZH m. 2 V. at aQa] &Qa ^ F. 26. staiv B. 
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r^ TtaQa^spXi^a&Gi ro F® TCkdtog tcoiovv xi]v FK^ 
r& S\ anb t^g HB t6ov to KA nXdxog tcolovv t^v 
KM' oXov aga tb FA taov i6tl totg anb tdSv AH^ 
HB' ^e6ov aga xal tb FA. xal TtaQa ^rjtijv triv F^ 
6 TCaQaxBLtac nXatog icoiovv tijv FM' ^i^r^ aQcc ictlv 
fj FM ml a0v(tii6rQog tfj F^ in^xsv. xal iycsl ro FA 
t6ov i6tl totg anb tmv AHj HB^ Sv to anb tijg AB 
t6ov i6tl tp FEj Xocxbv aQa tb dlg vnb rcSv AHj 
HB taov i0tl t^ ZA. ^ijtbv de [i6ti] tb Slg vnb 

10 tmv AH, HB' ^ritbv aQa tb ZA. xal zaQa ^ijtijv 
tijv ZE TCaQaxectai nXatog noiovv ti^v ZM' ^rjtii aQcc 
i6tl xal fj ZM xal 6v^ii£tQog tfj FA fLi]Kst. insl ovv 
ta filv anb t&v AH^ HB^ tovte6ti tb FA^ [ii6ov 
i6tiVy tb di dlg vicb tmv AH, HB^ tovti6ti tb ZA^ 

15 QrjtoVj a6vii(i€tQ0v aQa i6tl ro FA tp ZA. (og dl tb 
FA nQbg tb ZA^ ovtiog i6tlv ^ FM n^bg tijv ZM' 
d6vii^6tQog aQa 17 FM tfj ZM iii^xsi. xaC sl6tv d[i- 
fpoxsQai ^rjtai' at aQa FM^ MZ ^rjtat s16l dvvdiiSL 
liovov 6v(i(istQ0L' ij rZ aQa dnoto^rj i6tLv. 

20 AiycD Si]j otL xal dsvtSQa, 

Tstybri6^(o yccQ rj ZM dCxa xatd ro iV, xal fjx^^GH 
Slcc tov N tfj FA naQaXXrjXog ri NS' sxdtsQOv &Qa 
tSv ZSy NA t6ov i6tl ta vnb t&v AH^ HB. xal 
insl tcov dnb tciv AH^ HB tSTQaycivcov (ii6ov dvd- 



1. To aga ^c^X^cr^a} 9. ro rS] om. V, supra est ras. 
rX] FK ro r@ Y. 3. FA] FJ b. 4. Post HB add. 
xa/ iari td dnb rmv AH, HB fisaa Ttal taa tco FA Y. 5. 
^ijTTJ] -T?} in ras. P. 6. 17 FM %ai] m. 2 P. 8. iarl rm 
rE] T€5 rE &v 9. ^9. iarC\om. P. 10. aqa] iari %aC V, 
supra add. a^a m. 2; a^a xa/F? OnaC tp). 12. iarCv B. 14. 
iarC PBPV, comp. b. HB (rjrOv V. ZA] TA, supra scr. 
Z, b. 16. ^rirov] om. V. aqa] m. 2 F.^ 16. nQog rol 
Tc5 B, corr. m. 2. iarCv] om. V. 17. davfifi,srQOs — ZitfJ 
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spatium rationale comprehen- 

dentes [prop. LXXIV]. et qua- 

Z N K M drato j4H^ aequale rectae F^ 

adplicetur FS latitudinem ef ficiens 
FKy quadrato autem HB^ aequale 
KA latitudinem efficiens KM, 
quare totum FA = AW -{- HB^. quare etiam FA 
medium est. et rectae rationali F^ adplicatum est 
latitudinem efficiens FM, itaque FM rationalis est 
et rectae F^ longitudine incommensurabilis [prop. 
XXII]. et quoniam est 

FA = AH^ + HB% 
quorum AB^ = FE, erit reliquum 2 AHx HB = ZA 
[11, 7]. uerum 2 AHxHB rationale est. itaque Z^ 
rationale est. et rectae rationali ZE adplicatum est 
latitudinem efficiens ZM. itaque etiam ZM rationalis 
est et rectae FA longitudine commensurabilis [prop. 
XX]. quoniam igitur AW + HB^, hoc est FA, me- 
dium est, et 2 AHxHB^ hoc est ZA^ rationale, FA 
et ZA incommensurabilia sunt. est autem 

rA:ZA = rM:ZM 
[VI, 1]. itaque FMj ZM longitudine incommensura- 
biles sunt [prop. XI]. et utraque rationalis est. itaque 
FM^ MZ rationales sunt potentia tantum commen- 
surabiles. ergo FZ apotome est [prop. LXXIII]. 

iam dico, eandem secundam esse. ZM enim in N 
in duas partes aequales secetur, et per N rectae F^ 
parallela ducatur NS. itaque Z!S!=NA = AHxHB. 



mg. m. 2 F. 18. &Qa] 9, post MZ hab. F. 19. Icrrt BVb, 
00 mp. F. 20. oti laxl Vb. dsvxiqa iativ B. 23. Zia}] 
Z in ras. B. 24. insi] hi B (supra est ras.). 
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koyov i6tc to vnb tcov AH^ HB^ xai i0tiv toov tro 
^Lkv a%b tijg AH rc3 r0y tb S% vnb tmv AH, HB 
ta NA^ tb S^k anb tijg BH ta KA^ xal tAv F®, 
KA aga yiicov avdkoyov ictv tb NA' i6tiv aQa (og 
5 tb r0 Ttgbg tb NA, ovtcog tb NA Ttgbg tb KA. 
cfAA' <bg fiiv tb FG nQog tb NAj ovt(og i6tlv rj FK 
TCQbg triv NM^ cog Sh tb NA ytQbg tb KA, ovtcog 
i6tlv fi NM TtQbg tfjv MK' ag aQa 17 FK TtQog ti^v 
NM^ ovtcog i6tlv fj NM TtQbg triv KM' tb aQa vicb 

10 t&v FK^ KM l'6ov i6tl t& aTtb t^g NM^ tovti6tt 
t^ tBtccQtq} iiiQSc Tot) dnb t^g ZM [xal iTtal 6v^- 
listQov i6ti tb dytb tijg AH t^ dytb t^g BH, 6vii(ie- 
tQov i6tv xal tb F® tp KA, tovti6tiv ri FK ty KM]. 
iTtsl ovv Svo svd^stav avc6oi sl6iv at FM^ MZy xal 

16 Tc5 tstaQtp iiiQSt tov dnb f^g MZ t6ov TtaQcc t^v 
fLsi^ovtt trfv FM naQa^i^kritai iXXstitov stSsL tstQa- 
ycivc) tb V7tb t&v FK^ KM xal sig 6v(i(istQa avtriv 
SiaiQst^ rj ccQa FM f^g MZ itst^ov Svvatai tp dxb 
6viiiiitQ0V iavtij fii^xsL, xai i6tiv ^ 7tQ06aQfi6iov6a 

^O ri ZM 6viifistQog in^xsc t^ ixxstigivrj $rjt^ t^ FAl' r^ 

cLQa TZ dnotoyiri i6ti SsvtiQa, 

Tb aQtt dytb [li^i^g dytotofiijg nQcitrig ytaQa ^rjtriv 

TtaQafiaXXofisvov nkdtog noist dnotoitrjv SsvtiQav* 

oitSQ iSsL Sst^ai, 
26 QO-'. 

Tb dnb fii^rjg dytotofLijg SsvtiQag staQcc 

Qijtrjv aaQafialkoiisvov nXdtog noist daotofirjv 

tQitrjv, 

1. iativ] iati V. taov] supra scr. m. 1 V. 2. t^] in 
raa. V. 3. tc5] tmv mut. in to m. 1 V. to] i^ P. xc»] 
To PV. t&v] Tc5 b. ^ 6. t6 NA] (alt.) mg. m. 2 F. ngog 
tb KA] tb NA q>. Deinde del. m. 1: ali' cog fihv to FG nqbg 
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et quoniam AHxHB medium est proportionale inter 
AH^ et HB? [prop. XXI lemma], et AH^ = r@, 
AHxHB = NA, BH^^KA, etiam NA me- 
dium est proportionale inter F®, KA. itaque erit 
r@:NA = NA:KA. uerum r@:NA = rK:NM, 
NA:KA = NM:MK[YI,ll qvLSLrerK:NM=NM:KM. 
itaque rKxKM=NM^ [VI, 17], hoc est =^ZM\ 
iam quoniam sunt duae rectae inaequales FM, MZ^ 
et ^MZ^ aequale maiori FM adplicatum est spatium 
FKxKM figura quadrata deficiens et eam in partes 
commensurabiles^) diuidit, FM^ excedit MZ^ quadrato 
rectae sibi commensurabilis longitudine [prop. XVII]. 
et congruens ZM rationali propositae FA longitudine 
commensurabilis est. itaque FZ apotome est se- 
cunda [deff. tert. 2]. 

Ergo quadratum mediae apotomes primae rectae 
rationali adplicatum latitudinem efficit apotomen se- 
cundam; quod erat demonstrandum. 

IC. 

Quadratum mediae apotomes secundae rectae ra- 
tionali adplicatum latitudinem efficit apotomen tertiam. 

1) Nam AH^ et BH^ commensurabilia sont, et 
AH^:BH^^r@iKA^rKiKM 
[VI, 1]; tum u. prop. XL 

z6 NA^ ovtoog to NA TtQog zo KA V. 8. NM] N in ras. V. 

9. iartv] om. V. 11. rov] Tfl5 F. xal insi — 13. 

KM] om. P. 12. iari] om. Fb.' Post BH deL ovTtog 
m. 1 V. 13. {ari,] supra scr. m. 1 FV. 14. dvo svd^stai] 
suprascr. m. IF. %al tm] t^ di BFVb. 16. trjg] e corr. V. 

MZ] corr. ex ZM Y. 17. to] mut. in tao m. 2 P. 18. 
ti]g] corr. ex tm m. rec. V. 20. Mg. y^. aavfi,fjLStQog m. 1 P. 

rj] rj |Lii]X€t (p. 22. ngmtrjg] om. P. 24. otcsq ids^ 
dsi%ai] :>— P, om. BFVb. 
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^E6ro iid6rig aTCoto^ SsvtiQa ^ AB, ^iyr^ dh ^ 
Fz/, xal rm &7Co r^g AB t6ov icaQk rriv Fjd xuQa- 
PsfiXT^^d^G) to FE nkdtog noiovv tijv FZ' kiycn^ ort 
il rZ anoto^vi ioti tQ^tij, 
6 "E^tm yaQ trj AB 7CQO0aQii6iov6a fj BH' at &Qa 
AH, HB iii6av slal dvva^i (lovov 6v(i^qoc fii^ov 
7CSQvixov6ac. xal rp [isv ano tr^g AH t6ov ycaQa T171/ 
, r^ TcaQafis^li^^d^o tb FS nXatog tcocovv r^i/ rK^ 
t& S\ dycb t^g BH t6ov icaQO, triv KS icaQa^s^Xiq^d^Q} 

10 ro KA nXdtog ycoiovv triv KM' olov aQa tb FA teov 
iatl totg aTcb tmv AH^ HB \xai i^ri (ii6a ra dnb 
t&v AH^HBY ybi^ov aQa xal tb FA, xal TCaQcc ^tftifv 
rrjv FA TcaQafiipXi^raL nXdrog nocovv rr^v FM^ ^ijr^ 
aQa icrlv fj FM xal d6v(ifisrQog ry TA (ii]xsl, xal 

15 iTCsl okov rb FA taov i6rl rotg dnb rAv AH^ HB^ 
mv rb FE t6ov i6rl ra dxb rijg AB^ Xoljccv aQa ro 
AZ t6ov i6rl r& dlg v%b rmv AH^ HB, rsvfn^^^G) 
ovv fj ZM 8i%a xard rb N 6ri(istov^ xal rij FA nagdk' 
Xrikog fix^^c:) fi NS' sxdrsQOv aQa rmv ZS^ NA teov 

20 i6rl rp vnb rcov AH^ HB, [li^ov Si rb vnb rcSi/ 
AH^ HB' fii6ov aQa i6rl xal ro ZA, xal TCaQa ^riri^v 
rijv EZ naQdxscrai TcXdrog nocovv rijv ZM' ^rjrii 
aQa xal fj ZM xaX d^vyiyLsrQog r^ TA [ii^xst, xal 
insl at AHj HB dvvdyLSi ^ovov sl6l ^vfiiisrQoij dovin- 

26 [isrQog aQa [i6rl] fiTjxsc fj AH rrj HB' d6v(i^STQov 
aQa i6rl xal rb dicb rijg AH ra VTcb r(3v AH, HB, 
dXXd r^ lihv dnb r^g AH 6v[i^srQd i6ri rd dnb t&v 



1. yi,iari BV. dBvzi^u] in ras. V. 4. x^ltri iativ 
BFVb. 9. K9] corr. ex re V. 10. KM] corr. ex KA 
m. 1 F. FA] corr. ex KA V. 11. hcc£ — 12. HB] om. 
FVb, m. 2 B. 13. fritov P. 17. AZ] corr. ex ZA V. 21. 
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Sit AB mediae apotome secunda, F^d autem ra- 
tionalis, et quadrato AB^ aequale rectae F^d adplicetur 
FE latitudinem efficiens TZ. dico, FZ apotomen 
tertiam esse. 

nam BH rectae AB congruens sit. itaque AH^ HB 

mediae sunt potentia tantum commensurabiles spatiiitn 

B Jf medium comprehendentes [prop. 

I ' 1 LXXV]. et quadrato AW ae- 

r Z NK M quale rectae FJ adplicetur FG 

latitudinem efficiens FK^ quadrato 
- autem BW aequale rectae K& 
adplicetur KA latitudinem effi- 
ciens KM. itaque totum FA = AH^ -^- HB^. et 
AH^ -{- HB^ medium est. itaque etiam FA medium 
est. et rationali FA adplicatum est latitudinem ef- 
ficiens FM. quare FM rationalis est et rectae FA 
longitudine incommensurabilis [prop. XXII]. et quon- 
iam est rA = AH^ + HB^, quorum FE = AB% 
erit reliquum AZ = 2AHxHB [11, 7]. iam 
ZM in puncto N in duas partes aequales se- 
cetur, et rectae FA parallela ducatur NS. itaque 
ZS= NA = AHx HB. uerum AHX HB medium est. 
itaque etiam ZA medium est. et rectae rationali EZ 
adplicatum est latitudinem efficiens ZM, quare ZM 
rationalis est et rectae FA longitudine incommensu- 
rabilis [prop. XXII]. et quoniam AH^ HB potentia 
tantum commensurabiles sunt, AH et Hfi longitudine 
incommensurabiles sunt. quare etiam AW et AHxHB 
incommensurabilia sunt [prop. XXI lemma, prop. XI]. 

ZA] corr. ex Ziim. rec. P, mut. in -4Z V. 23. hccQ (primum) 
iaxiv V. 25. iarC] om. P. AH] H in ras. V. t^] om. b. 
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AH^ HBj rc5 di vno rmv AH^ HB ro dlg imo twv 
AH^ HB* dcv[i[istQa aga ictl ta ano tmv AHj HB 
tp dlg vTtb tmv AH^ HB. akka tots lihv aTto tav 
AH^ HB t6ov iotl to FA^ rc5 de dlg vnb tAv AHj 
6 HB t6ov i6tl tb ZA' d^v^fietgov aga i6tl rb TA 
t& ZA, (og di tb TA %Qbg tb ZA^ otJrajg i6t\v ii 
TM TCQog trjv ZM' dcv^fistQog aga ictlv 17 TM rg 
ZM [irjxei. xai elCLV d^tpotegai ^rjtai' al aga TMy 
MZ ^Tjtai eici dvvdfieL ^ovov CviifietQoi' dTtotOfirj 

10 aga eCtlv fj TZ. 

Aey(o Sriy oti xal tQittj. 

^Eitel yaQ Cvii^etQov e6ti tb ditb tfjg AH t& dnb 
trjg HB^ 6v[i^etQov aQa xal ro T@ t& KA* &6te 
xal fj TK ty KM. xal iitel tciv dnb tmv AH^ HB 

16 ^e6ov dvdkoyov i6tv ro VTtb tAv AH^ HB^ xai i6tL 
t(p iiev dnb trjg AH i'6ov tb T®^ t^ dl dnb tijg HB 
t6ov ro KA^ t^ 8% vnb tciv AH^ HB t6ov rb NAy 
xal tAv T&^ KA aQa [ie6ov dvdXoyov i6ti ro NA' 
i6tiv aQa (og tb T0 TtQbg ro NA^ oijt(og ro NA 

20 nQbg tb KA. dkX' cog ^iv tb T0 n^bg tb NAy 
oijtoag e6tlv ^ TK TtQbg trjv NM^ (og dh tb NA ngbg 
tb KA^ ovt(og i6tlv ij NM TtQog tr^v KM' (og aga 
17 TK TtQog trjv MN^ ovt(og i6tlv 17 MN TtQbg rriv 
KM' tb aQa vnb rc5v TK^ KM t6ov e6tl rc5 [anb 

25 t^g MNy tovte6tL tp] tetaQtp [LeQei tov dnb tijg ZM. 
inel ovv 8vo evd^etav avv6oi el6iv al TM^ MZ^ xal 
tp tetaQtG) ^eQec tov dnb trjg ZM t6ov naQa trjv 
TM TtaQafiifikritaL ikXelnov et8eL tetQaydvto xal eig 

1. To] avfifistqov iaxL x6 Theon (BFVb). 2. Post HB 
del. t6 ZA Y. aavfifisTQu — 3. HBj om. P. 2. davfi(iST(fa 
— 6. ZA] mg. m. 1 V. 2. aqa] om. b. iativ aqa V. aaro] 
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uerum AW et AH^ + HB^ AHx HB et 2 AHX HB 
commensurabilia sunt. itaque AH^-^HB^ ei2AHxHB 
incommensurabilia sunt [prop. XIII]. est autem 
rA = AW + HB^, ZA = 2AHxHB. 
quare FA^ ZA incommensurabilia sunt. est autem 
rA:ZA = FMiZM [VI, 1]. quare FM, ZM lon- 
gitudine incommensurabiles sunt [prop. XI]. et utraque 
rationalis est. itaque FM^ MZ rationales sunt potentia 
tantum commensurabiles. ergo FZ apotome est [prop. 
LXXIH]. 

lam dico, eandem tertiam esse. nam quoniam AH^j 
HB^ commensurabilia sunt, etiam r@, KA commen- 
surabilia sunt. quare etiam FK, KM commensura- 
biles sunt [VI, I5 prop. XI]. et quoniam AHxHB 
medium est proportionale inter AH^ et HB^ [prop. 
XXIlemma], etr&=AH^, KA^HB^, NA=AHxHB, 
etiam NA medium est proportionale inter T®, KA. 
itaque FG : NA = NA : KA, est autem 

r®:NA = rK:NM, NA:KA = NM:KM 
[VI, 1]. quaie rK:MN=MN:KM. itaque [VI, 17] 
FK X KM = MN^ = \ ZM\ quoniam igitur duae 
rectae inaequales sunt FM^ MZ^ et ^ZM^ aequale 
rectae FM spatium adplicatum est figura quadrata 
deficiens et eam in partes commensurabiles diuidit, 

vno B. 4. rAl corr. ex FJ m. rec. P. tc5] to V. 5. to] 
(prius) mut. in tc5 V. 7. TM] HF h. ZM\ MZ P, FM b. 

8. Post ZM eras. /*?} V. 9. MZ] ZM F. 12. avfifiBZQog 
P, corr. m. rec. 13. uQct laxi V. KA] TA P. 14. KM 
cvfifistQog icTL V. tmv] (alt.) om. b. 16. iati] (prius) iativ P. 

17. VTto] ano F. 20. tov KA P. 21. NM] MN h(p. 22. 
KA] NK? P. MN F. mg — 23. t^v KM] punctis del. V. 
^ 23. MN] NM V. iativ] om. V. MN] NM V. 24. 
cino — 25. Tc5] mg. m. 1 P. 
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6viifistQa avtriv SvaiQst^ 17 FM aQa xf^g MZ fist^ov 
Svvaxai t^ aTcb 6vn[istQ0v iavtjj. xal ovSstdQa tfSv 
FM^ MZ 6vfi(istQ6g i6ti fii^xsi tfj htxsvfisvti ^rjty rj} 
r^' fi aQa rZ aTCOtOfirj i6tv tQltri, 
5 To ttQa aTcb [is6rig aTCotoii^^g SsvtSQag TCaQa ^triv 
xaQaPccXkofisvov nkatog noist aTCotofirjv tQitrjv' otcsq 
ISsL Sst^at, 

9' 

Tb aTcb sXa66ovog TcaQa ^rjtrjv TCaQafiaXXo- 

10 ^isvov nkdtog icovst aTCotOfiriv tstaQtriv. 

^E6t(o ikd66(ov ri AB^ ^r^trj Sh ij P^, tucI t& dnb 
trig AB t6ov TcaQcc ^ritrjv trjv FA TCaQafis^Xr^^Q^fo ro 
FE TCkdtog xoiovv tr^v FZ' ksy(o^ oti rj FZ a^rorofti} 
i6ti tstdQtrj. 

16 ^E6t(0 yccQ ty AB nQ06aQ(i6iov6a fi BH' at aQa 
AHj HB Svvdfisi sl6lv d6vfifistQ0v notov6av tb ^v 
6vyxsiiLSVov ix rcov dnb tciv AH^ HB tstQaycivcnv 
^ritov^ tb S% Slg vnb tmv AHy HB iis6ov, xal ro 
^lv aTcb tijg AH t6ov naQcc tr\v FA TcaQaPsfikrj^^oi 

20 ro rS TcXdtog noiovv trjv FK^ rca S% dnb trjg BH 
t6ov to KA nkdtog novovv tfjv KM' okov aQa tb 
FA t6ov s6tl totg dTcb tAv AHj HB, xaC i6ti tb 
6vyxsi^svov ix tciv aTcb tAv AH^ HB ^rjtov Qr^tbv 
aQa i6tl xal tb FA, xal TCaQcc ^rjtfiv tfjv Fd naQd- 

25 xsitai TcXdtog tcoiovv tfjv FM' ^ritfj aQa xal 17 PM 
xal 6v[i^stQog tfj FA fii]xsi. xal i%sl oXov tb FA 
t6ov i6tl totg djco tSv AH^ HB^ &v tb FE t6ov s6tl 



1. aviifietQov P. MZ] ZiW P. 3. fninBi] om. b. 4. 
iauv P. 5. Tol corr. ex tco m. 2 F. awd] m. 2 F. nuQct 
^rjTi^v] mg. m. 2 V. 6. onsQ ^Ssi Sst^ai] om. BFVb, comp. P. 
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FM^ excedit MZ^ quadrato rectae sibi commensura- 
bilis. et neutra rectarum FM, MZ rationali propositae 
r^ longitudine commensurabilis est. itaque FZ apo- 
tome est tertia [deff. tert. 3]. 

Ergo quadratum mediae apotomes secundae rectae 
rationali adplicatum latitudinem efficit apotomen se- 
cundam; quod erat demonstrandum. 



B 



H 

-I 



c. 

Quadratum minoris rectae rationali adplicatum lati- 
tudinem efficit apotomen quartam. 

Sit AB minor, F/^ autem rationalis^ et quadrato 
AB^ aequale rationali Fjd adplicetur FE latitudinem 
efficiens FZ. dico^ FZ apotomen quartam esse. 

nam BH rectae AB congruens sit. itaque AH, HB 
potentia incommensurabiles sunt efficientes AH^-^HB^ 

rationale, 2AHxHB autem me- 
dium [prop. LXXVI]. et qua- 
NK M drato AH^ aequale rectae r^d 
adplicetur F® latitudinem effi- 
ciens FK, et KA = BH^ latitu- 
dinem efficiens KM. itaque totum 
FA = AH^ + HBK et AH^ + HB^ rationale est. 
quare etiam FA rationale est. et rationali FA ad- 
plicatum est latitudinem efficiens FM. itaque FM 
rationalis est et rectae F^ longitudine commensura- 
bilis [prop. XX]. et quoniam totum FA^AH^ + HB^ 

# 

11. iXdcamv'] i- m ras. m. 1 P. 14. i(niv P. TSxaQtrj 
iativ V. 15. yccQl m, 2 F. 16. HB] supra scr. m. 1 P. 

19. ^v] om. V. "^ 21. KM] TK b. 26. xa^ om. Fb, 
iativ Y, 



E 



is; A 
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' xA anb tijs AB^ kombv aga ro ZA Hoov 'i6rl rp dlg 
imb rciv AHy HB. rer iirjcd^cj ovv rj ZM 8C%a xaric 
rb N arj^etov^ xal rix^a) dta roiJ N onoriQa tAv FA^ 
MA TCaQakkrjkos r] NS' ixdrsQov aga r&v ZlS^ NA 

5 t6ov iorl rc5 vnb rAv AH^ HB. xal iTCsl rb dlg vnb 
rc5i/ AHy HB [li^ov iarl xal icriv l6ov r& ZA^ xal 
rb ZA aga iib6ov i6rCv, xal naQa ^iyr^i/ r^i/ ZE 
naQaKBirai Ttkdrog tcolovv rrjv ZM' ^rjrrj aga iorlv 
rj ZM xal d^v^^srQog rf} FA (irjxBV. xal insl ro /tt^ 

10 6vyxsCiiBvov ix rmv dnb tdSv AH^ HB ^rjrdv i^riv^ 
rb S^b Slg vnb rmv AH^ HB [ii60Vy d6v^iisxQa [apa] 
i6rl ra dnb nSv AH, HB rc5 dlg vnb rc5v AH^ HB, 
t6ov 8i [i6rL\ ro FA rotg dnb rciv AH^ HB, rc5 8i 
8lg vnb rAv AH^ HB i'6ov ro ZA' d6v[i(isrQov aQa 

15 [i6rl] rb FA rc5 ZA. mg 8h rb FA n^bg rb ZA, 
ovrc3g i6rlv ^ FM n^bg rrjv MZ' d6v[ifisrQog ccQa 
i6rlv ^ FM tfj MZ ^rixsi. xaC s16lv d[i(p6rsQaL ^rjraC' 
al ccQa FM^ MZ QrjraC b16l 8vvd^sv [lovov 6vfi(isrQor 
dnoro^irj aQa i6rlv fj FZ. 

20 Aiyca [tfij], orv xal rsraQrri, 

^Ensl yaQ aC AH^ HB 8vvd(iSL sl6lv d6viifisrQ0L, 
d6v(i[isrQ0v ccQa xal rb dnb rrjg AH ra dno rrjg HB. 
xaC i6ri ra (isv dnb rf}g AH t6ov rb F&^ r^ 8% dno 
trig HB t6ov tb KA' d6viifistQov aQa i6tl tb FG tS 

25 KA. mg 8h ro F® n^bg tb KA^ ovtcag i6tlv ^ FK 
nQbg trjv KM' d6viiiistQog aQa i6tlv rj FK tfj KM 
lirixsL, xal insl tc5v dno tAv AH^ HB (ii6ov dvi' 
Xoyov i6tL tb vnb tAv AH^ HB^ xaC i6tLV t6ov tb 
(ilv dnb trjg AH rc5 FS^ ro 8h dnb trjg HB rc3 KA^ 



arjfis 



1. Tw] (alt.) toav P. 2. ovv] ovv %al P. 3. rov N 
Cov V. 5. Tci5v] om. P. 6. tc5] corr. ex x6 m. 1 B. 
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quorum FE^AB^ erit reliquum ZA = 2AHxHB 
[II; 7]. iam ZM in. puncto N in duas partes aequales 
secetur, et per N utrique I!^, MA parallela ducatur 
NS. itaque ZS = NA = AHx HB, et quoniam 
2 AHXHB medium est et 2 AH X HB = ZA^ etiam 
ZA medium est. et rectae rationali ZE adplicatum 
est latitudinem efficiens ZM. itaque ZM rationalis 
est et rectae FA longitudine incommensurabilis [prop. 
XXII]. et quoniam -^if «+ J/B^rationale est, 2 AHxHB 
autem medium, AH^ + HB^ et 2AHxHB incom- 
mensurabilia sunt. uerum FA = AH^ -^- HB^ et 
ZA = 2AHx HB. quare FA^ ZA incommensurabilia 
sunt. est autem rA:ZA = rM:MZ [VI, 1]. quare 
JTM, MZ longitudine incommensurabiles sunt [prop. 
XI]. et utraque rationalis est. itaque FM, MZ ra- 
tionales sunt potentia tantum commensurabiles. ergo 
rz apotome est [prop. LXXIII]. 

lam dicO; eandem quartam esse. nam quoniam 
AHj HB potentia incommensurabiles sunt, etiam AH^ 
et HB^ incommensurabilia sunt. et F® = AH^^ 
KA = HB^. quare F@, KA incommensurabilia sunt. 
uerum rS:KA = rK: KM [VI, 1]. itaque FK, KM 
longitudine incommensurabiles sunt [prop. XI]. et 



^ 7. katl PBV, comp. Fb. 10. loxi PBV, comp. Fb. 11. 
cLQa] om. P. 13. o b. kati] om. P. 14. to] corr. ex 
Tc5 m. 1 F. 15. iatl] om. P. to] in ras. m. 1 P. Supra 
TA Tw ras. est in V. FA} ZA P. ZA] TA P. 16. ngoq 
rriv] ifj P. ZM F. daviAfietQog — 17. MZ] om. P. 20. 
d^] om. FVb, m. 2 B. 22. aga] iari V. HB] corr. ex 
Bif m. 2 V. 23. To] corr. ex tao m. 1 F. 26. FK] KT P. 

27. tiTjTisi] mg.m. 2 V. 28. to'] (alt.) tw PV. 29. fisv] 
om. V. TflS] To P et V, corr. m. 1. to] tc5 P. t(p] to P. 

Supra KA add. iV m. 1 b. 

Euclides, edd. Heiberg et Menge. III. ^\. 
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to 8h vno tmv AH^ HB tm NA^ t&v aQa FS^ KA 
liicov avakoyov i6ti, tb NA' S6tiv a^a mg tb r& 
nQog to NA^ ovtcng to NA tcqos tb KA. aX)! mg 
[ilv ro r@ TCQog tb NA^ ovtmg i6tCv fi FK TCQbg r^i; 
6 NM^ mg Si ro NA TCQog tb KA^ ovt(og i6tlv 17 NM 
nQog triv KM' mg aQa fj FK TCQbg r^v MN^ ovra^g 
i6tlv fj MN nQbg ri)i/ KM' tb aQa vnb tmv TKj 
KM t6ov ictl tp anb tijg MN^ tovti6tv rc5 rero^^r^ 
^iQ£c roi; aTci tijg ZM. inel ovv 8vo svd^etav avi6oi 

10 £i6LV at JTM, MZ, xal tp tstdQt(p [liQSv tov anb rrig 
MZ t6ov naQO, tiiv FM naQafiifikritav iXXstnov stdsc 
tstQayoivcD rc vnb tmv FK^ KM xal slg a6viiiUTQa 
avtfjv 8iatQst^ fj aQa FM tijg MZ ^st^ov Svvatav r j5 
ano d6v^[iitQov iaircij, xat i6tiv okri fj FM 6vii- 

15 [istQog fii^xsL rg ixxscfiivy ^tjtij tfj FA' ri a^a FZ 
dnoto^iiq i6tv tstaQtri. 

Tb aQa dnb iXd66ovog xal ta iiljg. 

Qa\ 

To dnb tijg [Lstd ^ritov ^i6ov tb oXov 
20 novov6rig naQa ^rjtrjv naQapakXofisvov nXdtog 
noLSt dnotoiirjv nifintrjv. 

"E^tcD fi fista ^ritov [li^ov tb oXov noiov6a fj AB^ 
^rjtfj 81 fi JTz/, xal tp dnb tijg AB t6ov naQa riiv 
FA naQa^s^Xri6^oii tb FE nXdtog novovv tr^v FZ' 
26 Xiyco^ otv fj FZ dnoto^i^ i6tv nifintrj. 

"E^tCD yaQ tij AB nQ06aQii6iov6a fj BH' at aqa 

1. vno] corr. ex dno V. xatv'] (alt.) xA b. 3. NA\ 

AN F. ovroog — 4. NAj mg. m. 2 B. '3. KA] KA' P. 

4. (liv] om. V. i<n:tv]m, 2 F. 6. d)g] xal ag b, mg. V. 

ccQcc — 7. xriv KM] mg. V. 6. ti^v] (alt.) to q>, 8. NM P. 
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quoniam AHx HB inter AH^, HB^ medium est pro- 
portionale [prop.XXI lemma], et AH^=r&j HB^=KA^ 
AHx HB = NA, inter JT©, KA medium proportio- 
nale est NA. itaque F® : NA = NA : KA. uerum 
r@:NA = rK:NM, NA:KA = NM:KM [VI, 1]. 
itaque rK:MN=MN:KM. quare rKxKM=MN^ 
[VI, 17] =\ZM^. iam quoniam sunt duae rectae 
inaequales FM^ MZ, et \MZ^ aequale rectae FM 
adplicatum Q^iFKxKM figura quadrata deficiens et 
eam in partes incommensurabiles diuidit, FM^ excedit 
MZ^ quadrato rectae sibi incommensurabilis [prop. 
XVni]. et tota rM rationali propositae FA com- 
mensurabilis est longitudine. itaque FZ apotome est 
quarta [deflP. tert. 4]. 

Ergo quadratum minoris, et quae sequuntur. 

CI. 

Quadratum rectae cum rationali totum medium 
efficientis rectae rationali adplicatum latitudinem efficit 
apotomen quintam. 

Sit AB recta cum rationali totum medium efficiens, 
FA autem rationalis, et quadrato AB^ aequale rectae 
FA adplicetur FE latitudinem efficiens FZ. dico, FZ 
apotomen quintam esse. 

nam BH rectae AB congruens sit. itaque rectae 

10. %al Tgl Tc5 8b FV. xov^ m. 2 F. 12. x6] rdS b. 14. 
avfifjkitQov rb et V. sed corr. ^ iativ] om. Y q>, 16. fii^nBi,] 
iexi y. 17. xal ta i^fig] naqa ^trjv naQaPaXXofiBvov nXdtog 
noiBi dnotofjkiqv tBtaQtrjv Theon (BFVb). 22. 17] (prius) 
om. V. 28. ^ijTiJ — AB] mg. m. 1 P. t©] e corr. P. 24. 
rJ] jrF. rZ] corr. ex FJ P. 26. TZ] ZF e corr. V, 
AF q>. 26. ydff] m. 2 F. 

2t* 
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AH^ HB ev%Biat Svvdiisi eiclv a6v^[ietQ0i TCOLOvOac 
ro ^lv 6vyxei^evov ix rmv an avr&v retQaycivcjv 
/LteVov, ro dh dlg irx avrmv Qi^rov, xal r^ ^ihv aTCo 
rijg AH t6ov TCaga r^i/ F^ naQafiefikriC^m ro FQ, 

6 roi dl ccTCo rijg HB t6ov ro KA' okov aQa ro FA 
t6ov i6rl rotg ajco r&v AH, HB. ro S% ^vyxeiiievov 
ix rmv axo r&v AHj HB a^a ^i6ov i6rCv* ^i6ov 
aQa i6rl ro FA. xal TcaQa ^rirrjv rfjv FA TcaQaKevrav 
nlarog noiovv rriv FM' ^iyri^ aQa i6rlv rj FM xal 

10 a6viiiierQog rfj F^. xal i%el okov rb FA t6ov i6rl 
rotg &%6 rmv AH^ HBy mv ro FE t6ov i6rl rdl axb 
rfjg AB^ kombv aQa rb ZA 't6ov i6rl rc5 Slg VTcb 
r&v AH, HB. rer ^rJ6^G) ovv fj ZM SC^a xata rb iV, 
xal iJxd^G) Slcc roti N OTCoreQa rmv FA^ MA TCocQak- 

15 XrjXog iy NS' exareQOv aQa rAv ZS, NA t6ov icrl 
rp vTcb rav AH^ HB. xa\ ijcel rb Slg vTcb rmv AH^ 
HB ^rirov i6rv xaC [i6riv^ t6ov rra ZA^ ^rirbv aQa 
icrl ro ZA. xal icaQa ^Tjrriv riiv EZ naQaxeirai 
TcXdrog tcoiovv rrjv ZM' Qrjr^ aQa icrlv ij ZM xal 

20 cv^^erQog rij JTz/ ^rixei. xal iml rb [ihv FA iie6ov 
icrCv^ rb S\ ZA Qrjrovj d6vfi^erQ0v aQa i6rl rb FA 
rp ZA, (og Si rb FA TCQbg rb ZA^ ovroig r\ TM 
TCQbg rijv MZ' d6v^[ierQ0g aQa i6rlv ^ FM rj MZ 
ILYixei. xaC ei6iv d^fporeQai QrjraC' at aQa FM^ MZ 

25 QTjraC ei6c Svvd^ei (lovov ^v^inerQOi' dTCorofiii ccQa 
i6rlv 17 rz. 



3. [liv'] om. V. 5. PoBt Ss ras. 2 litt. V. HB] mut. 
in AB m. 2 P, in ras. V. FA] A in ras. m. 1 P, corr. ex 
A B. 6. t6 Se — 7. dno tcov] ta Sh dno rijg V. 7. iarlv] 
iatC PB, comp. FV; stvav V, supra scr. iaxi m. 1. 8. rAj 
mut. in ^r m. 1 F. 9. FM] VH tp. ^rjtrj] ^17- om. (p. 
11. PE] BA B. 13. ovv\ om. Vqp. 14. xa^ — N] supra 
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AH^ HB potentia incommensurabiles sunt efficientes 

summam quadratorum mediam, duplum autem rectan- 

N KM gulum rationale [prop. LXXVH]. 

et rectae F^ adplicetur r@^AH^j 

KA = HBK itaque totum 

is; GA FA = AH^ + HB\ 

I 1 1 uerum AH^ + HB^ medium est: 

A B H 

itaque etiam FA medium est. et 
rationali FA adplicatum est latitudinem efficiens JTM. 
itaque FM rationalis est et rectae FA incommensu- 
rabilis [prop. XXII]. et quoniam rA = AW + HB\ 
quorum rE = AB\ erit reliquum ZA = 2AHxHB 
[II^ 7]. iam ZM in iV in duas partes aequales secetur, 
et per N utrique Rd^ MA parallela ducatur NS- 
quare ZS=NA=AHxHB, et quoniam 2AHxHB 
rationale est, et 2AHxHB = ZA^ ZA rationale est. 
et rationali EZ adplicatum est latitudinem efficiens 
ZM. itaque ZM rationalis est et rectae TA longi- 
tudine commensurabilis [prop. XX]. et quoniam TA 
medium est, ZA autem rationale, TA et ZA incom- 
mensurabilia sunt. est autem TA : ZA = TM: MZ 
[VI, 1]. quare TM, MZ longitudine incommensura- 
biles sunt [prop. XI]. et utraque rationalis est. itaque 
TM^ MZ rationales sunt potentia tantum commen- 
surabiles. ergo TZ apotome est [prop. LXXIII]. 



8cr. m. 1 P. 17. iativ] om. P. ZA] Z (uel IS}) corr. 
ex N V, item lin. 18.^ 18. £Z] e corr. m. 1 V. 19. ZM] 
(alt.) ZH h, 20. aavfifistQos B, supra a ras. est in V. rA] 
corr. ex FZ b; TZ V, Z eras. 21. iativ] iaxC PBFV, 

comp. b. 23. xTiv'] t6 V. iatCvl iatl nai Vqp. 24. FM, 
MZ aQa V. 
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AH^ HB BV^BiaL dvvdflBL bIcXv a6v^(lBtQ0L 7COLOV0aL 

ro /Ltiv 6vyxBi^Bvov ix tmv an^ avxAv tBtQaydvav 
^b6ov^ td dh 8lg v% avtAv ^i]t6v. xal tp ^hv «jro 
trjg AH (6ov naQa trjv F^ naga^B^kri^d^to to TS, 
6 TQ 8\ ano tijg HB t6ov tb KA' okov aQa to PA 
t6ov i6tl totg aTCo tmv AH, HB. to 8\ ^vyxBi^iBvov 
ix tmv aico t&v AHj HB a^ia iii6ov i6tCv' nieov 
aQa i6tl to FA, xal naQa ^ritriv trjv JTz/ TcaQaxBLtaL 
TcXatog noiovv tr^v FM' Qfitrj aQa i6tlv ^ FM xal 

10 a6v[i^BtQog tfj r^. xal ixBl oXov ro FA t6ov i6tl 
totg dxo tmv AH^ HBy mv to FE t6ov i6tl tS &7Co 
tfjg AB^ koLTcbv aQa tb ZA 't6ov i6tl tp Slg tmb 
t&v AH^ HB. tBt^i]6d^G) ovv ij ZM 8L%a xata tb iV, 
xal ^xd^ci) Slcc tov N OTCotBQa tAv PA^ MA TCaQak- 

16 krikog ri NS' ixdtBQOv aQa tmv Z^, NA t6ov i6tl 
tS vTcb tmv AH^ HB, xal iiCBl ro 8lg vTcb tmv AH^ 
HB ^rjtov i6tL xal [i6tLv^ t6ov ta ZA^ ^rjtbv ccQa 
i6tl tb ZA. xal naQa ^rjtriv tfjv EZ TCaQaxBLtaL 
Tckdtog 7C0L0VV triv ZM' Qritri aQa i6tlv 7] ZM xal 

20 6v^^BtQog tfj FA ^rixBL. xal iiCBl tb (ihv TA \x,k6ov 
i6tLv^ tb 8h ZA Qritov^ d^viiiiBtQOv aQa i6tl tb PA 
tp ZA. (og 8h tb FA TCQbg tb ZA^ ovrojg 17 TM 
^Qbg triv MZ' d6viLiiBtQog aQa i6tlv ^ TM tfj MZ 
lirjxBL. xai b16lv d\jL^>6tBQaL Qrital' al aQa TM^ MZ 

25 Qritai Bi6L 8vvd^BL ^ovov 6v\i\iBtQ0L' d7CotO(iri aQa 
i6tlv ri TZ. 



3. [isv'} om. V. 5. Post di ras. 2 litt. V. HB] mut. 
in AB m. 2 P, in ras. V. rA] A in ras. m. 1 P, corr. ex 
A B. 6. To di — 7. dno t^v] ra Sl uno trjg V. 7. iarlv] 
ictC PB, comp. PV; Blvai V, supra scr. iczi m. 1. 8. I7/1J 
mut. in ^r m. 1 P. 9. TM] FH tp. (rjtT^] $7}- om. (p. 
11. r£] BA B. 13. ovv] om. Vqp. 14. %ai — N] supra 
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AHy HB potentia incommensurabiles sunt efficientes 
summam quadratorum mediam, duplum autem rectan- 
r Z N KM S^^^^ rationale [prop. LXXVII]. 

et rectae Fjd adplicetur r@^AH^j 
KA = HBK itaque totum 



£ — W~@~A FA = AH^ + HBK 

uerum AH^-^- HB^ medium est; 



A B H » 

itaque etiam FA medium est. et 
rationali FA adplicatum est latitudinem efficiens FM. 
itaque FM rationalis est et rectae FA incommensu- 
rabilis [prop. XXII]. et quoniam rA = AH^ + HB\ 
quorum rE = AB\ erit reliquum ZA = 2AHxHB 
[II, 7]. iam ZM in JV in duas partes aequales secetur, 
et per N utrique Rd, MA parallela ducatur N^- 
qudLXG Z!Sl=NA=AHxHB. et quoumm 2 AHxHB 
rationale est, et 2AHxHB = ZA^ ZA rationale est. 
et rationali EZ adplicatum est latitudinem efficiens 
ZM, itaque ZM rationalis est et rectae FA longi- 
tudine commensurabilis [prop. XX]. et quoniam TA 
medium est, ZA autem rationale, TA et ZA incom- 
mensurabilia sunt. est autem TA : ZA = TM: MZ 
[VI, 1]. quare TMy MZ longitudine incommensura- 
biles sunt [prop. XI]. et utraque rationalis est. itaque 
TM^ MZ rationales sunt potentia tantum commen- 
surabiles. ergo TZ apotome est [prop. LXXIII]. 

8cr. m. 1 P. 17. iariv'^ om. P. Z^] Z (uel ^) corr. 
ex iV V, item lin. 18.^ 18. EZ] e corr. m. 1 V. 19. ZM] 
(alt.) ZH h, 20. acvfifiEtQos B, supra a ras. est in V. rAj 
corr. ex FZ b; JTZ V, Z eras. 21. iatHv} iaxC PBFV, 

comp. b. 23. triv] t6 V. iativ'] iatl %al V qp. 24. TM^ 
MZ aqa V. 
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Adyca d^f, ort xal TcifiTCti]. 

^Ofioicog yccQ dsi^o^ev^ otv to vno t(Sv FKM t6ov 
i6tl t^ aTcb trig NM^ tovtiatv rjol tstaQt^ fiigsi roi; 
aieb trjg ZM. xal i^csl a^viifistQOV i6tv to anb v^g 

6 AH r{5 aTcb tijg HB^ tCov dl tb fihv anb ti}g AH 
rc5 r@5 ro 8\ aitb tijg HB t^ KA^ a6v[iiistQ0v ccQa 
to r& t^ KA, mg di tb F® TCQog tb KA^ ovta^g ^ 
FK TCQbg triv KM' dcviifistQog aQa ^ FK tfj KM 
fii^xsL. insl ovv 8vo svd^stav aviOoC sl6iv at FM^ MZ^ 

10 xal rc9 tstaQtp ^iQSi rov dnb tijg ZM t6ov naQa rrjv 
FM TCaQafiipXritac ikkslnov stSst tstQaydvq) xai sig 
dcviifistQa avtrjv diavQst^ rj aQa FM tijg MZ ^ist^ov 
Svvatat tm anb dcvfiiiitQov savtfi. ^^^ ictiv rj nQoO- 
aQiioiovaa fj ZM av^^stQog ty hcxsifiivy ^tfj tfj Fd' 

16 VI aQa rZ dnotoinq icti niyintri' onsQ iSsv Sstl^ai. 

9 

Tb dnb trig iista [Licov fis6ov tb oAoi/ 
noiov6rjg naQcc ^rjf^v naQapaXkofisvov nkatog 
notst dnotofirjv sxtrjv. 

20 "EkStG} rj ^std iiicov ^icov tb oAov notov6a fj AB^ 
^rjtri Sh fj FAj xal tA dnb tfjg AB t6ov naQa tr^ 
FA naQafispXi^^d^ca tb FE nkdtog notovv trjv FZ' 
Xiya>y ott ^ FZ dnoto^rj i6ttv sxtrj. 

"EtStGj yccQ tfi AB nQo6aQ(i6iov6a fi BH' at &Qa 

26 AHy HB Swdfist sl6lv d6v[ifistQ0t notov6at t6 ts 
6vyxsCyisvov ix tAv dn avx&v tstQaycivcav (ii6ov xal 



1. Sri] m. 2 F. 2. FK, KM F V. 4. ^ffw] om. Vq?. 5. 
AH] (alt.) A e corr. F. 6. r®] 9 in ras. m. 1 P. 8. ti}»] 
om. P. JTM] FM P et B in ras. aqa hxlv Vy. KM\ 
FM P et in ras. B. 9. bIoi P, corr. m. 1. 10. ZM] MZ 
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lam dicO; eandem quintam esse. nam similiter 
demonstrabimus, esse rK X KM= NM^ = ^ZM^. et 
quoniam AH^, HB^ incommensurabilia sunt, et AH^ 
= rs, HB^ = KA, r@ et KA incommensurabilia 
sunt. est autem rGiKA = FKiKM [VI, 1]. quare 
FKy KM longitudine incommensurabiles sunt [prop. 
XI]. iam quoniam sunt duae rectae inaequales FM^ 
MZj et \ZM^ aequale rectae FM adplicatum est 
spatium figura quadrata deficiens et eam in partes 
incommensurabiles diuidit, FM^ excedit MZ^ quadrato 
rectae sibi incommensurabilis [prop. XVIII]. et con- 
gruens ZM rationali propositae FA commensura- 
bilis est. 

Ergo rZ apotome est quinta [deff. tert. 5]; quod 
erat demonstrandum. 

cn. 

Quadratum rectae cum medio totum medium effi- 
cientis rectae rationali adplicatum latitu^inem efficit 
apotomen sextam. 

Sit AB recta cum medio totum medium efficiens, 
FA autem rationalis, et quadrato AB^ aequale rectae 
FA adplicetur FE latitudinem efficiens FZ. dico, 
rz apotomen sextam esse. 

nam BH rectae AB congruens sit. itaque AH^ 
HB potentia incommensurabiles sunt efficientes sum- 



P, et V (?), sed corr. m. 1. 13. lavrj u^x€t V. 14. ZM] 
MZ P. 16. onsQ JSst Ssttm] om. BFVb. In hac pag. 
et sequenti multi loci euan. in F. 21. fCUQcc] naga Sritvv Ytp, 
T^v] supra scr. m. 1 V. 22. ri^v] trj b. 24. aQ(jLotovca, 
supra 8cr. ngoa m. 1, F. HB P. 26. Post HB ras. 6 
litt. V. Supra ts scr. fisv m. 1 b. 
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xo dl^ VTth x&v AH^ HB [li^ov xal dtfviiiietQov xa 
aiio xc5v AH^ HB xp 8lg v%b xmv AH^ HB, naga- 
^B^kri6%(o ovv xaga r^v Fjd xp [ihv ajco trig AH 
t6ov xi rS nXaxog xovovv xr^v FKj xp 8h axo tr^g 
b BH xb KA' oXov aqa tb FA tcov i6xl toXg anb tSv 
AHj HB' (ii6ov aqa \i6tX\ xal tb FA, xal Ttaga 
^rixriv triv FA nagdxeitav nXdtog noiovv tr^v TM" 
^ritri aga i6tlv ^ FM xal d6vii[i6tQog rrj F^ fiifxft» 
insl ovv tb FA t6ov i6tl totg inb tmv AH, HBy 

10 c5i/ ro FE tcov rc5 dnb tf^g AB, Xotnbv aga tb ZA 
tcov i6tl rc5 Slg vnb x&v AH, HB, xai i6xv tb 8lg 
vnb t(5v AH, HB [ii6ov' xal tb ZA aqa [ii6ov i6tCv, 
xal naga ^i^tr^v tr^v ZE nagdxsvtaL nXdtog noiovv 
trjv ZM' ^ritri aga i6tlv ri ZM xal d6v[i[istQog tfj 

15 FA fi^^xsL, xal insl td dnb tmv AH, HB d^viiiietgd 
i6xL tp Slg vnb t&v AH, HB^ xaC i6ti totg ^lv dnb 
x&v AH^ HB t6ov tb FA, rc5 81 Slg vnb tc5v AHj 
HB t6ov tb ZA, d6viiiisxQ0v aQa [i6xl] tb FA rc5 
ZA. <bg d^ xb FA ngbg tb ZA, ovt(og i6tlv ^ FM 

20 ngbg xriv MZ' d6viiiisxQog aga i6tlv rj FM tfj MZ 
liijxsv, xaC sl6iv diiq^otsQac ^r^taC. at FM^ MZ &Qa 
QYixaC sl6L SvvdiiSL fiovov 6v[iiistQ0t' dnotofiri &Qa 

i6tiv fi rz, 

AiycD di}, or^ xal sxtr^, 
25 ^Ensl yaQ tb ZA t6ov i6xl rc5 S\g vnb xav AH, 
HB^ tsxiiri^d^cj 8C%a fi ZM xatd ro N, xal rjx^o) did 
xov N xfj FA naQakkriXog f^ NS' ixdtsQOv aQa tAv 

1. pkicov] ^ritov F. ytaC\ xal hi V, Irt 9i BFb. dcvyi,- 

fiBtqu BFVb. tct\ ro P. 5. Post KA add. nXutog noiovv 

tiiv KM mg. m. 2 V. 6. icti'] om. P. 8. i<n£v] iatl nal V. 

10. taov latl Vqp. tm] to (p. 11. iatC] ylvBtai V. ^/^1 

corr. ex 91 m. 2 P. 12. iati PBV, comp. Fb. 16. toig] 
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NK M niaiD quadratorum mediam et 



E is! ® A 



2AHxHB medium et AH^+HB% 
2 AHx HB incommensurabilia 
[prop. LXXVIII]. iam rectae F^ 
A B H adplicetur r0 = AH^ latitu- 

dinem efficiens FK et KA — BH^, itaque totum 
FA = AH^ + HB^, quare etiam FA medium est. 
et rationali F^ adplicatum est latitudinem efficiens 
FM, itaque FM rationalis est et rectae Fjd longi- 
tudine incommensurabilis [prop. XXII]. iam quoniam 
rA = AW + HB^y quorum rE = AB^, erit reliquum 
ZA = 2AHXHB [II, 7]. et 2AHxHB medium 
est. quare etiam ZA medium est. et rationali ZE 
adplicatum est latitudinem efficiens ZM. quare ZM 
rationalis est et rectae F^ longitudine incommensu- 
rabilis [prop. XXII]. et quoniam AW + HB^^ 
2 AHxHB incQmmensurabilia sunt, et 

FA = AW + HB\ ZA = 2AHx HB, 
FA et ZA incommensurabilia sunt. est autem [VI, 1] 
rA:ZA = rM:MZ, quare TM, MZ longitudine 
incommensurabiles sunt [prop. XI]. et utraque ratio- 
nalis est. itaque FM, MZ rationales sunt potentia 
tantum commensurabiles. ergo FZ apotome est [prop. 
LXXIII]. 

lam dico, eandem sextam esse. nam quoniam est 
ZA = 2AHx HB, recta ZM in iV in duas partes 
aequales secetur, et per N rectae F^d parallela du- 

To5 V. djto Tav] om. P. 17. FA — 18. taov to] om. b. 

18. ict£] om. P. 19. to] (alt.) om. P. ZA] corr. ex 

Zz/? F. 20. vnv] om. P. MZ] in ras. V. MZl corr. 

ex ZM V. 21. &Qa] om. Y. 22. etai.v P. iotiv uqa B. 
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ZS^ NA tcov ictl tp vjto tmv AH, HB. xal inal 
at AHf HB dwdfiev slalv d6vii[istQ0Lf dtfv^^tQov 
aga iotl ro dnb tr^q AH tp djco r^g HB, dkXcc r£ 
filv dTcb r^s AH t6ov ictl tb FS, r^ 8\ dnb 
6 r^g HB tcov iotl tb KA' daviiiistQov aga ictl tb 
r@ tp KA, Ag di ro F® xgbg ro KA, ovr aig ietiv 
rj FK Ttgbg r^v KM' d6vii[istQog aga iotlv fj FK 
tri KM. xal ixsl tmv dytb tciv AH^ HB [is^ov dvd- 
Xoyov i6ti tb vitb t£v AH^ HB^ xai ictv rp ^%v dnb 

10 tfig AH tcov tb r&^ rc5 8\ dnb rijg HB tcov rb KA^ 
rc5 8% vnb rcov AH^ HB taov ro NA, xal rmv aqa 
rSy KA iiicov dvdXoyov ictv tb NA' i6tiv aga mg 
tb r0 ngbg tb NA, ovtcog tb NA ngbg tb KA. xal 
^id td avtd 71 FM tijg MZ (ist^ov 8vvataL rc5 dnb 

15 davfifiitQov iavty. xal ov^stiga avtSv ^v^iistQog 
icti ty ixxsifisvi] ^iyrg ty Fjd' ij FZ aQa dnorofiri 
icttv sxtrj' onsQ i8sv 8sl^av, 

q/. 

^H tfj dnotoiifj [ii]xsi 0v(i[istQog dnoto^i^ 
20 i(Jtc xal tfi td^sv fj avrif. 

''EtJtcD dnotofirj rj AB, xal tij AB (ii]xsv Ov^iAsrgog 
i'0t(D rj r^' Xiy(Oy otv xal ij F^ dnotofii^ i6rv xal 
ty td^sv ij avf^ tij AB, 

*Ensl yaQ dnotoiLiq i6tvv rj AB^ ictca avtij nQoO- 



2. stal avfifiSTQOi b. 4. ro dno xrig r0 P. 5. iazi^^ 
om. V. 6. xai\ corr. ex to m. 2 P. 8. dnb tmv] om. P; 
vno xmv Bupra 8cr. a m. 1 b; vnb tmv ins. m. 2 F. 11. tco 
9s vno — NA] mg. m. 2 V. tm] to Y. AH] H e corr. V. 
taov iat£ P. 12. NA]N b/ 18. NA] (prius) A, aupra 
add. N m. 2, F. 14. ra avtd] corr, ex tavta V. MZ] 
corr. ex ZM Y. 15. davfiiistQov] corr. ex avfifistQov m. 2 B. 
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catur iVS'. ii&qxie ZS==^NA = jiHxHB. et quoniam 
AH, HB potentia incommensurabiles sunt, jiW et 
HB^ incommensurabilia sunt. est autem FS — AH^, 
KA = HB^. quare FS, KA incommensurabilia sunt. 
est autem reiKA^TKiKM [VI, 1]. itaque FK, 
KM incommensurabiles sunt [prop. XI]. et quoniam 
AHxHB medium est proportionale inter AH^ et 
HJJ2 [prop. XXI lemma], et re = AH^, KA = HB^, 
NA = AHxHB, etiam NA medium est proportionaFe 
inter FS, KA. itaque FS : NA = NA :KA. et eadem 
de causa [cfr. p. 326, 9 sq.] FM^ excedit MZ^ qua- 
drato rectae sibi incommensurabilis [prop. XVIII]. et 
neutra earum rationali propositae F^ commensura- 
bilis est. 

Ergo rz apotome est sexta [deflf. tert. 6]; quod 
erat demonstrandum.^) 

CIII. 

Becta apotomae longitudine commensurabilis apo- 
tome est et ordine eadem. 

Sit AB apotome, et rectae AB longitudine com- 
mensurabilis sit F^. dico, FA quoque apotomen esse 
et ordine eandem ac AB. 

nam quoniam AB apotome est, jB^ ei congruens 



a 



1) In B figura haec est ' ! . deinde in mg. 

y ^ C 

adiicitnr nera addito iv aXXo}. 



.?—,' 



16. rj] J in raa. m. 1 F. 17. ZnsQ i9ei Sst^oii] comp. P, 
om. BF Vb. 21. cviifistgog ^atm in^TLSt BFb. 23. ^] m. 
2 P. 24. nqoaccQpLoiovaa iatm avty Y. aur^ 17 Fb. 
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ccQiiotovaa fj BE' ccC AE^ EB aga ^rixal sl6t 8wd(i€i, 
fiovov 6v[iiiBtQ0i. xal rp rijg AB xqos rr^v T^ X6y& 
6 avrog ysyovhco 6 rijg BE nQog r^v -^Z* xal 6$ 
*iv *&Qa JtQog sv^ navra [i0vl] XQog ndvra ' i0riv aga 

5 xal 6g oXri fi AE JtQog okriv rr^v FZj ovrcog rj AB 
XQog rrjv F^. 6v(iiisrQog di fj AB rfj F^ fii^xst' 
CvfilisrQog aga xal f^ AE (isv ry FZ, ^ dh BE r^ 
z/Z. xal at AE, EB ^r^rai sl6v dvva^t ikovov iTv(ir- 
lisrQOi' Tcal al FZ^ Z/1 aga Qrjrai sC6l dvvdiiSL giovov 

10 0v^iisrQOc [dnoro[ifi aQa i0rlv fj FJ. 

Aiyon drj^ orf xal tfj rd^si fj avrfj ry AB]. 
^EjcsI ovv i0riv mg fi AE otQog r^v FZ^ ovtwg fj 
BE JtQog rfjv AZ^ ivaXXa^ dga i0rlv mg fj AE ^Qog 
rfiv EB^ ovrcog f^ FZ JtQog rfjv Zz/. ^rot dfi fi AE 

15 rfig EB fist^ov dvvarav rp dno 0v(i(isrQov iavtrj § 
rdl djto d0viiiisrQov. sl [ilv ovv f] AE rf^g EB ^st^ov 
dvvarav ra dno 0v(i(isrQov savrfj^ xal 17 FZ f^g ZA 
fisttov SvvYi0sraL rc5 dnb ^viifiirQov saxrtfi. xal si 
^lv ^vfifisrQog i0riv f^ AE ry ixxsiiiivy ^r^ry fti^xsiy 

20 xal fj rZj sl di f^ BEy xal fj AZ^ sl dh ovSatSQa 
rtDV AE^ EBj xal ovdsrsQa rdv FZ^ Z/l. sl S% f\ 
AE \rrig EB] [ist^ov Svvarai tp dxo d0V(i(iitQov 
iavrfj, xal f^ TZ rr\g ZA yist%ov Svvifisrai r» drco 
d^vyiyiirQov savrfj. xai sl fisv ^v^iiisrQog i^rcv fi AE 

25 rg ixxsifiivy ^rirfj [ii^xsi,^ xal ij FZ, sl Ss f^ BE, xal 

1. 7i BE'] avtiQ Ti EB (p. AE] om. 9, A B. 3. 0] (prius) 
om. (p. z/Z] Zz/ B. 4. icrn om. P. IWv &(fa] om. 
V 9. 5. oXri aga V. 7. «9«] 09« iati V(p (del. V). %ai] 
om. (p. filv AE y(p (post AE hab. (liv ©. BE di BFb. 
ty] supra scr. V m. 1. 8. JZ] ZJ BF. xal aC] ^aC 
sioiv af V, at Si B. *^<^*] om. V. 10. dnotoaiq — 11. 

AB] om. P. 12. ovv] yag Theon (BPVb). AE] corr. ex 
EA V. 13. tr^v] om. B, m. 2 F. ZJ F. aqa] om. V. 
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sit. itaque AE^ EB rationales sunt potentia tantum 
A B E commensurabiles [prop. LXXIII]. 

' ^ ' fiat BE:JZ = AB:r^ [VI, 12]. 

r J Z quare etiam ut unum ad unum, 

ita omnia ad omnia [V, 12]. itaque AE : FZ = j4B : FJ. 
uerum AB^ Fzf longitudine commensurabiles sunt. 
itaque etiam AE, TZ et BEy jdZ commensurabiles 
sunt [prop. XI]. uerum AE^ EB rationales sunt po- 
tentia tantum commensurabiles. itaque etiam FZ^ 
ZA rationales sunt potentia tantum commensurabiles 

[prop. xin]. 

lam quoniam est AE:rZ = BE:AZ, permutando 
[V, 16] est AE:EB = rZ:Z^. AE^ igitur EB^ ex- 
cedit quadrato rectae aut sibi commensurabilis aut 
incommensurabilis. iam si AE^ excedit EB^ quadrato 
rectae sibi commensurabilis; etiam FZ^ excedet ZA^ 
quadrato rectae sibi commensurabilis [prop. XIV]. et 
siue AE rationali propositae longitudine commensu- 
rabilis est, etiam FZ ei commensurabilis est [prop. 
XII], siue BE, etiam AZ [id.], siue neutra rectarum 
AE, EB^ etiam neutra rectarum FZ, ZA [prop. XIII]. 
sin AE^ excedit quadrato rectae sibi incommensura- 
bilis, etiam FZ^ excedet ZA^ quadrato rectae sibi 
incommensurabilis [prop. XIV]. et siue AE rationali 
propositae longitudine commensurabilis est, etiam FZ 

14. Sfj] om. P, di BV. 15. tm] corr. ex tov m. 2 P. 16. 
Ante si ins. xa^ (?) m. 2 P. «q e corr. V. 17. davfifiitQOv 
B, corr. m. 2; a- supra add. m. 2 P. Trjg] x^i P. 18. 
deviiiiitffov B, et P, sed corr. 19. JE] A@ e corr. P. 20. 
rZ] Zr F. 21. ovdBti^] ovd^stiQuF. 22. trjg EB] mg. m. 
1 P. Svvoctai] supra add. Tjas m. 2 P, SvviqosTai b. avfi- 
(litQov P, corr. m. 1. 23. tfjg] corr. ex tij V. 
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G}g dl ij rz TtQos tijv Z^d^ ovtoig to «jto r^g FZ 
XQog xo v%b xmv FZy Z/f\^ iiftvv aqa xal Gtg tb ano 
tijg AE TtQog tq imb t&v AE^ EB^ ovt(og tb anb 
trjg rZ JtQbg tb vnb tmv FZ, ZA [xal ivaXXal^ mg 

6 tb dnb ti\g AE TCgbg tb anb ti^g FZ^ ovt cog tb vxo 
tciv AEj EB n^bg tb vnb tAv FZ^ ZA\. av^fietQOV 
6h tb anb tijg AE tw dnb tijg FZ' 6vii^6tQov aQa 
ictl xal tb vnb t&v AE, EB t& vnb tmv FZ^ ZA. 
etts ovv ^ritov icti ro vnb tciv AE, EB, ^i]tbv Satai 

10 xal tb vnb tmv FZ^ ZA^ stts [li^ov [i6tl] ro vnb 
tmv AE, EB^ [liaov [ifftl] xal tb vnb t&v fZ, ZA, 
Micrig ccQa dnoto^ij i6ti,v fj Fd xal tij td^si ij 
avtij tfj AB' onsQ Idsi dst^ai. 



QS . 

16 ^H tri ikdc0ovL 6v^^stQog iXd6(5(ov iotCv. 
"jEcyrc} yaQ iXd^dov 17 AB xal tij AB 6v(iiistQog 
71 Fjd' ksycDy otv xal rj F/l ikd66G)v i6tlv. 

rsyovitG} yccQ td avtd' xal insl aC AE, EB dv- 
vdfiSL sC6lv d^v^i^tQOv^ xal al FZ^ Zz/ aQa dvvdiisv 

20 sl6lv d6v[iiistQ0v, insl ovv i6tiv mg ri AE nQog tr^v 
EBy ovrog rj FZ nQog trjv Zz/, i6ti.v aQa xal mg tb 
dnb tijg AE nQog tb dnb tijg EBj ovtog tb dnb tijg 
rZ nQbg tb dni tijg ZA. 6vv%ivti aQa i6tlv (hg td 
dnb tciv AE^ EB nQbg tb dnb r^g EB^ ovvG^g td 

26 dnb tAv rZj ZA nQog ro dnb tijg Z/1 [xolI ivalXd^* 



1. rZ] (alt.) Zr F. 2. cos] om. 9. 4. nai — 6. Z/i\ 
om. P. 6. x&v] (aJt.) om. b. 9. BB] B in ras. m. 1 P. 
^atai] iari Theon (BPVb). 10. iotl] om. P 11. iatf] 
om. P. 12. iiiari BVb. 13. onsif ^Sbi dst^ai] comp. P, om. 
BF Vb. 15. rg] corr. in trjg m. 2 F, trjg b. iXaaaovi] iXaacov 
F m. 1, iXdaaovos b, F m. 2, Deinde del. inq^ei F. 16. yao] 
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quoniam e^i AEiEB = FZiZJ [V, 12; V, 16], erit 
etiam [prop. XXI lemma] 

AE^ : AEXEB^ TZ^ : FZ X Z^. 
uerum AE^, FZ^ commensurabilia sunt. itaque etiain 
AExEB, rZxZzl commensurabilia sunt [V, 16; 
prop. XI]. siue igitur AExEB rationale est, etiam 
rZxZ^ rationale est [def. 4], siue AExEB me- 
dium est, etiam FZxZzl medium est [prop. XXIII 
corolL]. 

Ergo r^ apotome est et ordine eadem ac ^iB 
[prop. LXXIV — LXXV]; quod erat demonstrandum. 

CV. 

Becta minori commensurabilis minor est. 
Sit enim AB minor et rectae AB commensurabilis 
FA. dico, etiam Fz/ minorem esse. 

_„ nam fiant eadem. et quoniam AE, EB po- 

tentia sunt incommensurabiles [prop. LXXVI], 
etiam FZ, Z^ potentia incommensurabiles 
sunt [prop. XIII]. iam quoniam est AEiEB 
T^ ^rZ.Z/l [V, 12; V, 16], erit etiam 
AE'' : EB^ = rZ^ : Z^ [VI, 20 coroll.]. itaque 
etiam componendo [V, 18] est 
AE^ -f EB'^ : EB^ = FZ^ + ZA^ : ZA\ 



om. Theon (BPVb). 17. Tz/] (prius) F e corr. m. 1 F. 

iari PBV, comp. Fb. 18. avra toig nQOxsQov V. 19. 
rZ] Z e corr. m. 1 b. 20. t?Jv] om. Bb. 21. v^v] m. 2 F. 

23. ZJjiJZ B. iarlv] supra scr. m. 1 V. raj corr. ex 
t6 m. 1 V. 24. tmv'] triQ P. ovtod Bb. 25. Zd] (prius) 
supra Bcr. m. 2 F (Z incertum est). xal ivaXXd^] om. P. 
Deiu del. dis to dnb tijg BE nQog to dno tiig ZJ, ovtatg td 
dno tciv AEj EB nQog td dno toSv FZ, Zd Y, 

Euolides, edd. Heiberg et Menge. m. ^2. 
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ovfifistQOv ds i6xL ro a%o rijg BE tp ano xiig z/Z* 
evfilietQOv aga xal tro CvyxeCfi^svov ix tAv a^o twv 
AE^ EB tstQayoivcJv tS 6vy7cst[isvp ix tmv dx6 rmv 
rZy Z^ tstQaydvcDv. ^ritov 8i iiftL ro OvyxsCyisvov 
5 ix tc5v djco tSv AE^ EB tstQaymvmv' ^tov aQa 
ictl xal to 6vyxsC[isvov ix tmv dxo tmv PZ, Z/l 
tstQaycivmv, naXvv^ insC i6tLv mg ro djeo t^g AE 
XQog ro vno tmv AE, EB^ ovtmg to d%b t^g FZ 
XQog to vno rcov FZj Z/l^ Cviiiistgov dh ro dni tijg 

tO AE t^Qaymvov rc5 djto tiig FZ tstQaymvpj 6v(jir- 
[istQov aQa iiftl ocal ro vjto tmv AE^ EB t^ weo xmv 
rZ^ ZA. (licov dh to vTto tmv AE^ EB' fiieov 
aQa xal tb imo tmv FZ^ ZA' at FZ, ZA aQa dv- 
vd^SL slolv dov^fistQOL 7C0L0v<faL to ^hv 6vyxsCiuvov 

15 ix tmv d% avtmv tstQaymvmv ^ijroi/, ro d' wr' avtmv 
lis6ov, 

^Ekd66mv aga ictlv ij FA' otcsq idsi 8sti,aL. 

qS\ 

^H tij [istd ^i^rot) ybicov ro oAov Teovov^in 
20 6h^(istQog (istd Qijtov (lioov ro oAoi/ noLOvcd 
ictiv. 

^Ekstm (ista ^ritov (is6ov tb oAoi/ noiov6a tj AB 
xal tij AB ^viifistQog f FA' Xiym^ ort xal f} FA 
(istd ^iyrov [lioov tb oXov noioijod ictvv. 
25 *'E6tm yaQ tjj AB nQo6aQii6iov6a fi BE' aC AE^ 
EB aQa dvvd(iSL slolv d0v(i(istQOL noioHeai tb lihv 
0vyxsC[isvov ix tmv dnb tmv AE^ EB tstQaycivmv 



1. icuv P. To] corr. ex tm m. 1 F, ex tcc (?) V. dZ] 
ZJF. 3. tBtQciymvov Pb et comp. ins. m. 1 V. 4. FJ, 
JZ h. 5. Qfitai F, sed corr. 6. iati] bIcI F. 7. x6] 



ELEMENTOKtJM UBER X. 339 

uerum BE^j /17} commensurabilia sunt. itaque etiam 
AE'^ + EB^ et TZ'^ + ZJ^ commensurabilia sunt 
[V, 16; prop. XI]. uerum AE^ + ^jB^ rationale est 
[prop. LXXVI]. itaque etiam TZ^ + Z^^ rationale 
est [def. 4]. rursus quoniam est 

AE^ :AEXEB = TZ^ iTZxZA 
[prop. XXI lemma]; et AE^, TZ^ commensurabilia sunt, 
etiam AEx EB, TZ XZA commensurabilia sunt. 
AExEB autem medium est [prop. LXXVI]. quare 
etiam TZ XZA medium est [prop. XXIII corolL]. 
itaque TZ^ ZA potentia incommensurabiles sunt effi- 
cientes summam quadratorum rationalem, rectangulum 
autem medium. 

Ergo TA minor est [prop. LXXVI]; quod erat 
demonstrandum. 

CVL 

Becta rectae cum rationali totum medium efficienti 
commensurabilis recta est cum rationali totum medium 
efficiens. 

Sit AB recta cum rationali totum medium efficiens 
et rectae AB commensurabilis TA. dico, etiam TA 
rectam esse cum rationali totum medium efQcientem. 

nam BE rectae AB congruens sit. itaque AE^ EB 
potentia incommensurabiles sunt efficientes AE^-^-E&^ 



om. V. 9. Post Zz/ add. %a\ IvaVkiJi BFb. 13. a^a itn\ 
%ai BFb. Zz^] (alt.) Z in ras. m. 1 B. 17. omq iSsi 
der|at] comp. P, om. BFb. De additamento in V n. app. 
nr. 24. 19. noiovcjj firjtioQ F. 20. Ante fistu add. xal 
avTf} BFb, m. 2 V. noiovaa to oXov b. 22. noiovaa to 
ZXov V. 24. t6 oXov (licov b. 25. BE] E e corr. m. 1 P. 

22* 
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fteVoi/, t6 d' vn avt&v ^tov, xal ta cEvtcc xaxB- 
exevdcd-m. 6[ioi(X}g dfi dsi^ofiev totg jtQotSQOv, oti, at 
rz^ Z^ iv t^ avtA k6yqj slal tatg AE^ EB^ xaX 
CviiiistQov i6tL to 6vyx€i(uvov ix tmv ano tAv AE^ 
6 EB tetQaydvojv tp 6vyxsiiiivp ix tmv dxo tAv FZ^ 
ZA tstQaycivojVj to dl vjtb tmv AE^ EB t^ vnb 
tmv rz^ ZA' m<ft€ xal at FZ^ Z/l dwdfiai sl6lv 
d6v[i[istQ0L X0LOv6aL to fihv avyxsiiisvov ix tAv dxb 
tAv rz^ ZA tstQaycivcov (li^ov^ to 8* vt^ ecvtav 
10 pi^rrfv. 

^H FA aQa (istd ^ritov (licov tb okov noiovcd 
iotiv oxsQ idsi Sst^ai. 

9t'. 
^H trj (istd (lioov [liffov tb oXov xoiov6y 

15 (Sv[iiistQog xal avf^ fistd fii^ov fiicov ro oAoi^ 
7COLov6d iatLV. 

''E6tcD [istd ^i6ov ^ioov tb oXov novov6a fi AB^ 
xal tfj AB i6tcD eviiiistQog fj FA' liyco^ oti xal ^ 
r^ ^std ^ioov fiioov ro oAov jcoiov^d ifStiv. 

20 "EtStoi yaQ ty AB nQo<faQ[i6^ov6a fi BE, xal td 
avtd xats^xsvdad^cD' al AE, EB aga SwdfiSL sielv 
dev^listQOL noLov6av t6 ts 6vyxsi[isvov ix td5v dn* 
avtmv tstQaycivcDV ^i0ov xal •ro vn airt&v ^kieov 
xal itL d6v(i(istQ0v to OvyTcsi^svov ix tciv dn* avtcov 

25 tstQaycivcDv tai vn^ avtciv. xai sIclv^ dtg idsijfi^^ 
at AE^ EB aviinstQOL tatg FZ^ Zz/, xal tb ^vyxsi- 
(isvov ix t&v dni tmv AE^ EB tstQaycivcDv t^ ^vy- 



3. rco] e corr. V. doCv B. 4. to] xo (liv Bb, fiiv 
supra flcr. m. 2 F. 6. roiv FZ — 6. EB] mg. m. 2 B (xmv 
AE, EB etdam in textu snnt a m. 1). 6. d' Fb. 12. Sntif 
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jA -r medium, AEx EB autem rationale [prop. 
LXXVll]. et eadem comparentur. similiter 
igitur atque antea [p. 336, 20 sq.] demon- 
strabimus , esse FZ : Z^ = AE : EB , et 

J-E -^ AE^+EB^,rZ^+ZA^ Q.cAExEB,rZxZA 
commensurabilia esse. quare etiam JTZ, ZA 
^ potentia incommensurabiles sant efficientes 

rZ^-^-ZA^ medium, FZxZA autem rationale. 
Ergo FA recta est cum rationali totum medium 

efficiens [prop. LXXVII]; quod erat demonstrandum. 

cvn. 

Recta rectae cum medio totum medium efficienti 
commensurabilis et ipsa recta cum medio totum me- 
dium efficiens est. 

Sit AB recta cum medio totum medium efficiens, 
et rectae AB commensurabilis sit F/J, dico, etiam 
FA rectam esse cum medio totum medium efficientem. 
"A -r nam BE rectae AB congruens sit, et 
eadem comparentur. itaque AEj EB potentia 
incommensurabiles sunt efficientes summam 
quadratorum mediam et rectangulum medium 
'^^ praetereaque summam quadratorum rectangulo 
incommensurabilem [prop. LXXVIII]. sunt 
~Z autem, ut demonstratum est [p. 334, 14 sq.],, 
AE^ EB rectis jTZ, Z^ commensurabiles, et 
AE^ + EB^, rZ^ + Z^^ ac AExEB, FZ X Z^ 



B 



idsL Sst^atj comp. P, om. BFb. De V u. app. nr. 26. 14. 
noiovan iirinBi F. 18. IWo)] om. BFb. 21. a^a] m. 2 
euan. F. 25. avtov F. 
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7C€i(iiva} ix xtiv aTCo tmv FZ^ Z^, tb Sh imo tmv 
AE^ EB rc5 vjto tciv TZ, Z^' xal at FZ, Z.d aga 
SvvdfiBi al6lv a^viifietQoi noiov^ai to te 6vyx6i(i£vov 
ix t(ov an avtmv tetQaycivmv (ii6ov xal ro im' avtmv 
5 (li^ov xal Sti a6v(i(iBtQov t6 6vyxsi(i6Vov ix t&v an 
avt&v [rfrpayaJi/roi/] t& vn avtmv, 

^H r^ aga (ista (ii6ov (lioov to oXov Jtocoved 
i6tLV' on€Q SSbi SBt^ai.. 

10 *An6 ^ritov (ii6ov aq)aLQOV(iivov ^ ro XocTtov 
XcoqIov Svva(kivri (lia Svo dkoymv yivatai ijtoi 
dnoto(iri rj ikd66mv. 

^Ano yicQ ^ijtov tov BF (ii6ov dq)fjQiq6^ai ro BA' 
liyoj oti 71 ro komhv Swa(iivri to EF (lia Svo 

15 dkoycDV yCvBtai. rjtoi dnoto^irj rj ikd^ocnv. 

^Exxsi^d^oi yccQ ^rjtri rj ZH, xal tp (ihv BF t6ov 
naQcc trjv ZH naQa^B^Xi/i^^G} oQd^oyciviov naQaXkriXo' 
yQa(i(iov ro H®, tp Sh AB taov dq>riQri6^co ro HK* 
komov aQa to EF t6ov i6tl tp A@. insl ovv Qritov 

20 f*^v i6ti to Br^ (ii6ov Sl ro BA, t6ov S\ to (ilv BF 
rc5 if0, to Sh BA t^ HK, ^rjtov (ihv aQa i6tl ro 
i/®, (ii6ov Sh ro HK. xal naQa Qrjtriv trjv ZH 
naQdxBLtai' ^rjtri (ihv aQa ri Z® xal 6v(i(iBtQos ty 



1. t6 9i — 2. %af\ xng. m. 2 P. 3. rfi] om. P. 6. re- 
xgaYavmv] om. F. 8. ons(f ^Sbi, dsL^ai] comp. P, om. BFb. 

10. PoBt (rjtov del. %ocl P. 11. yiyvstai BFb. 12. ildt- 
rcov PVb. 13. Bri in ras. V. U. Xotnov xf>^Q^ov BPb. 

tb Er dvvaiiEvrj BFb. 15. Xoyonv P, corr. m. 2. yi- 

yvBxai BPb. iXatttov B. 17. Post naQa^BQXriad^oi del. x6 
HB m. 1 P, ras. 4 litt. V. 18. z/B] e corr. V, Bz^ P. 19. 
Erj TE B. Ae] GAF. 20. fiiv] (prius} om. b. 21. 
qriTov] bis b. 23. naQayiBivtai. BP. aga iatlv BFb. 
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commensurabilia. quare eidam FZy XA potentia in* 
commensurabiles sunt efficientes summam quadratorum 
mediam et rectangulum medium praetereaque summam 
quadratorum rectangulo incommensurabilem. 

Ergo Tjd recta est cum medio totum medium ef- 
ficiens [prop. LXXVIII]; quod erat demonstrandum. 

cvm. 

Spatio medio a rationali ablato recta reliquo spatio 
aequalis quadrata alterutra rectarum irrationalium est 
aut apotome aut minor. 

nam a spatio rationali BT medium auferatur E^. 
dico^ rectam reliquo ET aequalem quadratam alter- 
utram rectarum irrationalium esse aut apotomen aut 
minorem. 

ponatur enim rationalis ZH^ et spatio BT aequale 
rectae Zif adplicetur rectangulum H@^ spatio autem 
AB aequale auferatur JHJC. itaque reliquum ET=A®. 

iam quoniam BT ra- 
tionale est, Bzf autem 
medium, et BT= H@, 
B^ = HK, H® ratio- 
nale est^ HK autem 
medium. et rationali 
Z H adplicata sunt. 
itaque Z® rationalis 
est et rectae ZH lon- 
gitudine commensura- 
bilis [prop. XX] ^ ZK autem rationalis et rectae ZH 
longitudine incommensurabilis [prop. XXII]. quare 
Z@, ZjRT longitudine incommensurabiles sunt [prop. 
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ZH iiTjxBiy ^tit^ dh fi ZK Kttl ciaviifistQog t^ ZH 
liiptsv' dovfiiietQog &Qa i&tlv ii Z& tij ZK ftijxe^ al 
Z®y ZK aQa ^tai €l6i SwaiiSL [lovov 6vmistQ0i* 
djtoto^ri aQa i6tlv ^ K&y 3tQo6aQ(i6iov6a 6h avf^ 19 
5 KZ. iftOL dfi fi @Z t^g ZK (ist^ov ivvatai tp axo 
6v(indtQov ^ ov. 

jdwd^d^O) TtQ&tEQOV tp djtO 6Vllfl6tQ0V, XaC i6tLV 

oXri fi ®Z 6vfifietQog ty ixxsifiivy Qtitjj fiT^xst rg ZH' 

djtotofi^ aQa itQmtri i6tlv ^ K@, to d' vxb ffitilg 
10 xal ditotofi^g JtQcitrig JtsQLSxofievov fi dwapLsvti ano^ 

rofiif i6tiv, fi aQa to A@j tovtieti to EF^ SwafUvv^ 

dnotofiiq i6ttv. 

El dh fi ®Z trjg ZK fist^ov Svvatav t& dno cufvfgr 

fiitQov iavt^f xai i6tiv okri fi ZB 6vfifistQog vQ ix- 
15 XBifiivy ^ritfj fii^xsL tfj ZH, djtotofi^ tstaQtri iasrlv fi 

KB. to S' vjto ^rif^g xal dTtotofirig tstaQtrig nsQi- 

sxofisvov fi Swafiivri iXd66(ov i6tiv' oitSQ iSsv deflir^. 

Q^\ 

^Aito fii6ov ^ritov dq^acQOVfiivov aXkat Svp 
20 akoyoi yivovtav ^toc fii6rig djtotofiri TtQoirri ^ 
fiStd ^ritov fii6ov to 0A01/ %oiov6a, 

^Ajto yaQ fiB6ov tov BF ^rjtov dqydQrj^d^o) tb Bzf. 
kiyG)^ otv fi ro Xomov to EF Swafiivri fiia Svo dXoywv 

1. Zff] (prius) ffZ P. 2. Post fn^nsi. (alt.) add. na^ 
bIciv dficp6t€Qai QTjtal b. 3. Z&] &Z BF. eiaiv P. 4. 
88] 9' P. 6. ZK 9.^ 81^] P, 8s BFbj, et^supra scr. m. 2 V. 

6^Z] Z6^ b. 6. davfiiistifov P. 17 ov] savr^ rj t^ dtco 
dav(i(iitQov BFb. rj — 7. avfifistQov] mg. m. 1 P. 7. tm" 
corr. ex t6 m. 1 b, m. rec. P. devfifiitffov P. 8. Si, 
corr. ex Z© V, Z0 F. 9. di BFb.^ 10. nsqisxofisvov 
om. BFb. 11. ^] ins. m. 1 B. ro] (prius) ins. fia. 2 V! 

13. ®Z] in ra8. b, Z0 F. tijg] tr^i b. avfifiitQov V, corr. 
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XUI]. itaque Z@j ZK rationales sunt potentia tantam 
commensurabiles. quare K& apotome est [prop. 
LXXril], KZ autem ei congruens. iam @Z^ excedit 
ZK^ quadrato rectae aut commensurabilis aut incom- 
mensurabilis. 

Frius excedat quadrato commensurabilis. et tota 
@Z rationali propositae ZH longitudine commensu- 
rabilis est. quare K@ apotome est prima [de£ tert. 1]. 
recta autem spatio comprefaenso recta rationali et 
apotome prima aequalis quadrata apotome est [prop. 
XCI]. ei^o recta spatio A@^ hoc est EFy aequalis 
quadrata apotome est. 

sin @Z^ excedit ZK^ quadrato rectae sibi incom- 
mensurabiliS; et tota Z@ rationali propositae ZH 
longitudine commensurabilis est, K@ apotome est 
quarta [deff. tert. 4]. recta autem spatio comprehenso 
recta rationali et apotome quarta aequalis quadrata 
minor est [prop. XCIV]; quod erat demonstrandum. 

CIX. 

Spatio rationali a medio ablato aliae duae rectae 
irrationales oriuntur aut mediae apotome prima aut 
recta cum rationali totum medium efficiens. 

A medio enim BF rationale auferatur Bjd, dico, 
rectam spatio reliquo EF aequalem quadratam alter- 
utram rectarum irrationalium esse aut mediae apotomen 

m. 2. 14. 9Z BF, 16. ZH] corr. ex Z0 m. 1 F. dno- 
xoari aqa BFb. 16. Ss B. 17. Post iativ add. <^ uQa zb 
(om. b) -4(9, tovzBGxi xb EF, Swafisvrj iXdaaoiv iaxlv BF, mg. 
m. 1 b. onB^ idst dsi^aL] comp. P, om. BFb. 19. Post 
dno add. tov b, m. 2 F. 20. ylyvovxat, B. i^iari B. 22. 
dn6\ corr. ex vno V. dno — BJ] bis b. 23. ^Ca] om. b. 
Xoymv b. 
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yivecai. ritov ^i^riq ajrorofi^ nQdttj ^ fiBta ^rjtov fid6ov 

To oXov 7COlOV6a. 

^EKXsi^d^m yccQ ^tii fi ZH, xal naQa^^Xiqa^m 
o^olmq ta %fOQla. i0ti S^ axokovd^mg ^tfj (ihv rj ZB 
5 xal d6vfiii6tQ0s tfj ZH iirjxsi, ^^'■^^ ^^ V ^^ ^^ <ft^fi- 
lietQos ty ZH (i^qxer at Z©, ZK aga ^tai s16l 
Swd^BL fiovov 6v(iiietQ0L' dTtotOfiri aQa i6t\v ri K0j 
7CQo6aQii6^ov6a d^ tavtrj fi ZK. ijtOL dij fi &Z t^ 
ZK fiet^ov Svvtttai tp djto 6vfi(iitQ0V iavtrj iq rcS 
10 aTto d6vfifiitQ0v. 

Ei fihv ovv ri &Z r^g ZK fist^ov Svvaxai tA dico 

6vfifiitQ0V iavtfjf xai i6tiv ^ 7CQ06aQfL6%ov6a fj ZK 

6vfifutQog tfj ixxsifiivy ^ritfj yLrfxsi tfj ZHj dTtotOfir^ 

SsvtiQa i6tlv fj K®. ^ijr^ Sl fj ZH' S6ts fj to A&^ 

15 tovti6ti to EFj Svvafiivri fii6ris dycotofirj TCQmtj i6tiv. 

Ei S^k fi &Z tf^g ZK fist^ov Svvatai t^ dyco d^vfi- 

fiitQOV, xai i6tiv fi %Q06aQfk6%ov6a f} ZK 6vfifA6tQog 

tfj ixxsLfiivrj ^rjty fii^xsL tfj ZH, djcotofiri Tcifimri i6tlv 

fl K&' &6ts fi to EF Svvafiivi] fista ^rjtov (ii6ov 

20 ro oAoi/ 7C0L0v6d i6tLV' ojcsq iSsL Sst^aL. 

ql\ 
^Ano fii6ov fii6ov dtpaLQOvfiivov d^vfifii- 



1. yCyvBxat Bb. fifai? Bb. 4. ^cziv P. d^] corr. 
ex Sb m. 2 B, Si Fb. 6. xat] om. tp. ZH] ZI b. ZKB. 

6. Z9] GZ F. slaiv P. 8. avr^ BFb. ^j}] di BV. 

©Z] in ras. m. 1 b. 10. avfifiizQov V, corr. m. 1. 11. 
&Z] Z9 Y. 14. Post Zff add. ro Sl vno (rirrjg %al dno- 
xoiirjg dsvtiQag 17 dvvaiiivrj (liarjg dnotofirj iati nQcitri h, F 
mg. m. 2. 15. tovtiativ P. fiiarj BF. iati nQoottj V. 

16. &Z] in ras. V, Z© P. 17. liaQ lat7TJ, %ai BFb. 18. 
jitijxet] om. b. 19. K&] &K F. Post ET deL zo^Q^^ 

m. 1 P. 20. oTtSQ idsL dst^ai] comp. P, om. BFb. 22. 

(liaov] (alt.) supra scr. m. 1 P, (liaov supra scr. m. 2 F. 
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primam aut rectam cum ration&li totum medium effi- 
cientem. 

ponatur emm rationalis ZH, et epatia similiter 

adplicentnr. itaque eodem modo [p. 343, 19 sq.j se- 

„ 2 r a 'Quitur, Z@ rationalem esBC 

et rectae Z^ lougitudine in- 

commensursbilem, KZ autem 

rationalem et rectae ZH Iod- 

gitudine commensurabilem. 

itaque Z@, ZK ratiomiles 

Bunt potentia tantum com- 

mensorabileB [prop. Xm]. 

ergo K@ apotome est [prop. 

" "^ LXXni], ei autem congruens 

ZK. iam &Z' ezcedit ZK' qnadrato rectae aut sibi 

commensnrabilia aut incommeuBurabilis. 

iam si &Z* excedit ZK* quadrato rectae sibi com- 
mensurabilis, et cot^pmens ZK rationali propositae 
ZH loi^tudine commensurabilis est, K@ apotome est 
secunda [de£f. tert. 2]. ZH autem rationalis est. quare 
recta spatio ji@, boc est EF, aequalia quadrata mediae 
apotome est prima [prop. XCII]. ain @Z' excedit ZK^ 
quadrato rectae incommensurabilis, et congruens ZK 
rationali propositae ZH longitudine commensurabilis 
est, K@ apotome est quiuta [de£f. tert. 5]. quare recta 
spatio Er aequalis quadrata recta est cnm ratiouali 
totum medium efficiena [prop. XCV]; quod erat de- 
monstrandum. 

CX. 
Spatio medio a medio ablato tott iucommenaurabili 
reliquae duae irrationales oriuntur aut mediae apo- 



348 STOIKEK^ »'. 

r^ot; rS oAgi at XoLJtal dvo aXoyoL y^vovra^ 
fjroi ^i6riq djtoro^ri dsvriQa ^ fifra ii£6ov 
fi€6op rd okov %oiov6a. 

^AqniQYi^^a yaQ (hg inl rav XQOxsLfiivfov xara- 

5 ygaqxSv axo fii^ov rot) B F ^i6ov ro Bjd a6vfiiierQov 

rcS oAfi}* Xiyo^ ort i] ro EF SwafLivri fiia i6rl dvo 

akoycnv f^rov fii^i^g axorofirj SsmiQa f^ fisra fii6ov 

fii6ov ro oXov noiov6a, 

^Ensl yccQ fii6ov i6rlv ixdrsQOv rc3v BF^ B^^ xal 

10 d^vfifisrQOv ro BF rp B/i^ i6rai dxokovd^fog Qrjr^ 
ixatiQa rSv ZS, ZK xal d^vfifisrQog ry ZH fnqxsu 
xal ixsl d^vfifisrQov i6ri ro BF rc5 Bjd^ rovrcW^ ro 
H@ rp HK, d6vfifi€rQog xal f^ ®Z rfj ZK' aC Z®y 
ZK aQa ^raC sl6i dwdfisi fiovov 6vfifisrQ0i' dno- 

15 roft^ aQa i6rlv fj KB \XQ06aQfi6t,ov6a 81 ri ZK, rjrot. 
dfi rj Z® rijg ZK fist^ov Svvarai rp dxo 6VfifiirQ0v 
^ rp dxo d6vfifiirQ0v iavrfj]. 

El fihv Sri fi Z& rrjg ZK fist^ov dvvarav r» dnb 
6vfifiirQ0v iavrfjj xal ov^sriQa rc3i/ Z&^ ZK ^vfir- 

20 fisrQog i6rv rfj ixxsvfiivy ^ijrg fiijxsv rfj ZH^ dnorofiri 
rQlrri i6rlv fj K0, ^r^rfi 8\ fj KA^ ro d' vno ^rjr^g 
xal dnorofirjg rQhrjg nsQvsxofisvov OQd^oyoivvov dXoyov 
i6rvv^ xal fj dvvafiivri avro aXoyog i^rvv^ xaXstrav dh 



1. yCyvovxtti B. 2. fi,iari Bb. b, B/f] B % corr. V. 6. 
kazCv 6. 7. /ie<n7 Bb. yLBxa] iiSTa tov P. 12. iattv P» 
Deinde add. vnoKSLtai P, et V, sed del. 13. xa^] i(fri %aC hy 
iativ %ai B. at] xal r\ b. Z©] 6JZ FV. 14. ZK\ 

0K F. 15. iatCv\ om. Bb. nQoaaqfioiovaa — 17. iavxnA 
om. P, mg. V. 16. di}] 8e BV. 18. ^^5] ovv BFb. ZB^ 
0Z B. ZJC] Z postea ins. V. 19. ovdstSQa V. xmv 
corr. ex TflS m. 2 V. Z0] 0Z Bb et in ras. V. 20. iati 
om. Fb. 21. KA] corr. ex KA m. 2 F. d'] 8i BFb. 23. 
iati PBV, comp. Fb; item alt. 
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tome secunda aut recta cum medio totum medium 

efficiens. 

Auferatur enim ut in figuris iam propositis [p. 347] 

a medio BF spatium medium B^ toti incommensu- 

rabile. dico^ rectam spatio jE^JT aequalem quadratam 

alterutram esse rectarum irrationalium aut mediae 

apotomen secundam aut rectam cum medio totum 

medium efficientem. 

nam quoniam utrumque BF, B/J medium est^ et 

BF^ Bjd incommensurabilia^); similiter concludemus 

[p. 342, 19 sq.], utramque Z0, ZK rationalem esse 

et rectae ZH longitudine incommensurabilem [prop. 

XXn]. et quoniam BF, BJ, hoc est if@, HK, in- 

commensurabilia sunt, etiam ®Zj ZK incommensura- 

biles sunt [VI, 1; prop. XI]. itaque Z@, ZK ratio- 

nales sunt potentia tantum commensurabiles. ergo 

K@ apotome est [prop. LXXIII]. 

iam si Z0^ excedit ZK^ quadrato rectae sibi com- 

mensurabiliS; et neutra rectarum Z@, ZK rationali 

K ^ propositae ZH longitudine 

commensurabilis est, KS apo- 

tome est tertia [defif. tert. 3]. 

uerum KA rationalis est, 

rectangulum autem recta ra- 

tionali et apotome tertia 

comprehensum irrationale est, 

et recta ei aequalis quadrata 

irrationalis est, uocatur autem mediae apotome se- 

1) Cum uerba nal dcviiiisrQOv to BF rco BJ lin. 9—10 
uihil faciant ad demonstrandmu id, quod sequitur, non immerito 
ab Augusto omittuntur. Gregorius omisit ^OTai lin. 10 — reo 
Bd lin. 12. 
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ftd^rjs asrorofi^ dsvrsQa* &6tB fi to AS^ tovtitSrt tb 
EFy Swa^ivri ^d6ris anotofii^ i6ri dsvtiQa, 

El 8\ riZB r^g ZK fist^ov Svvatai tp aico d^vfi- 
[litQov iavtfj [^'^xBv]y xal ovd^BtiQa tSv ®Z, ZK 
5 OviiiistQog i6tv tij ZH iiiqxBi^ aTtotofi^ BKtfj i6%lv ij 
K@, tb d' vnb Qfitrjg xal dTeotOfirjg sxtrjg fi 8vva- 
fiivi^ i6tl fiBtic fiiaov fii6ov ro oXov noiov6a, ti tb 
A® aQa, tomi6ti to EF^ dvvafiivri fiBta fii6ov fii6ov 
ro oAoi/ koiov6d i6tiv' ojtBQ idsL Sst^ai, 

10 QLa\ 

^H aTCOtofiri ovx i6tiv fi avtri rg ix dvo 
ovofidtmv. 

"E6tGi dnotofiri ri AB' kiyfo^ oti ri AB ovx i6ttv 
17 avtri r^ ix Svo ovofidtmv, 

16 Ei yccQ dwatovy i6t(o' xal ixxBi6^m ^ritri ij ^F, 
xal tp dnb trjg AB t6ov naQa triv JTz/ naQa^B^kTq^^tD 
oQ^oymviov tb FE nkdtog noiovv triv ^E, ijtBl 
ovv dnotofLri i6tiv fi AB, dnotofiri jtQcitri i6tlv ^ z/jB. 
i6t(o avty jtQ06aQfi6^ov6a fi EZ' at ^dZ^ ZE aQa 

20 ^ritai si6i dwdfiSL fiovov 6vfifiBtQ0L^ xal ri AZ t^g 

ZE fist^ov Svvatai rcS &nb 6vfifiitQ0v savt^^ xal fi 

AZ ^vfifiBtQog i6tL tfi ixxBLfiivfi ^ritjj fiiqxsL tfj AF. 

ndkiVy insl ix dvo ovofidtov i6tlv fi AB^ ix dvo aQa 

1. dnoTOfiTi aiarj B. SansQ FV. to] om. b. tovt- 
iariv B. toI 17 to Bb. 2. iiiarj B. ioTlv dnoTOfiij Fb. 

8. Z@] 0Z Bb et in ras. V. avpLfiiTQOv V, corr. m. 1. 4. 
ft^x£(] om. PV. ovdsTiQa FV. 6. iaTi] om. Bh tp. 6. 
9i Bb. 7. iaTi] iaTiv 17 BFb. 17] mcTB ri BFb, et e corr. V. 

8. apa] del. V, om. BFb. TovTicT^v PB. Ante to add. 
^ m. 2 i\ 71 (lETci F. 9. onBff ^9si dsi^at] comp. P, om. B. 

11. T^] snpra scr. m. 1 b. 13. ^ ^BI (alt.) om. q>, 15. 
z/r] in ras. m. 1 P. 16. ^i^ti^v n}v BFb. In seqaentibns 
mnlta renouata et enan. in F. 18. a^a nQmTi^ b. 19. avrv] 
avT^ rjh. 21. dcviifiiTQOV B, sed d- eras. 23. aga] om. Bd. 
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cuuda [prop. XCIII]. ergo recta spatio A®, hoc est 

EF, aequalis quadrata mediae apotome est secunda. 

sin Z&^ excedit ZK^ quadrato rectae sibi incom- 

mensurabilis^ et neutra rectarum SZj ZK rectae ZH 

commensurabilis est longitudine, K® sexta est apotome 

[deff. tert. 6]. recta autem spatio comprebenso recta 

rationali et apotome sexta aequalis quadrata recta 

est cum medio totum medium efficiens [prop. XCVI]. 

ergo recta spatio A®^ hoc est EF^ aequalis quadrata 

recta est cum medio totum medium efficiens; quod erat 

demonstrandum. 

CXI. 

Apotome eadem non est ,ac recta ex duobus no- 
minibus. 

Sit AB apotome. dicO; AB eandem non esse ac 
rectam ex duobus nominibus. 

nam, si fieri potest, sit. et ponatur rationalis jdF 
et quadrato AB^ aequale rectae FA adplicetur rect- 
angulum FE latitudinem efficiens AE. quoniam igitur 

. ^ AB apotome est, AE apotome- 

„ „ est prima [prop. XCVII]. sit 

■'Z EZ ei congruens, itaque AZ^ 
ZE rationales sunt potentia 
tantum commensurabiles^ et AZ^ 
excedit ZE^ quadrato rectae sibi 
commensurabilis, et AZ rationali 
propositae AF longitudine com- 
mensurabilis est [defif. tert. 1]. 
rursus quoniam AB ex duobus 
nominibus est^ ^E ex duobus nominibus est prima 
[prop. LX]. in JEf in nomina diuidatur^ et z/JEf maius 
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6vo[idta}v XQoitri i6tlv fj jdE. dtyQfj^d^o} €ig xa ovo- 
fiata xata tb H, xal i6t(o fiBt^ov ovofia to ^H' at 
^H, HE aga ^rital alai SwifiSL f^ovov 6v(i^stQ0ij 
xal fi /JH tijg HE fiet^ov dvvatai tp ajtb 6v^fkitQ0v 

5 iavtfjj ocal to fut^ov rj /JH ^vfifistQog &ftL ty ixKSi- 
fiivy ^tij fiiqxBi ty ^F. xal 17 z/Z aga ty ^H 6vfi' 
fiBtQog i6tL fiiqxBv' xal kovnfj aQa ^ HZ ^vfi/istgog 
i6ti tfi jdZ fifpcsv. [iTCsl ovv ^vfifistQog i6tiv fi ^Z 
ty HZy ^iyr^ di i6tiv fi ^Z, ^ritfi aga i6tl ocal iy 

10 HZ. insl ovv ^vfifistQog ietiv ^ z/Z tq HZ /xijx^t] 
d6vfifiBtQog Sl fj AZ txi EZ fiiqxsv' d6vfif»stQog apa 
i6tl xal fi ZH tri EZ fnjxsL. at HZ^ ZE aqa 
^ritaC [^Bl6i\ Swdfisi fiovov 6vfifiBtQor dTCotofifi aga 
i6tlv fj EH. dXXd xal ^rjtiq' ojtSQ i6tlv ddvvatov. 

15 ^H aQa djtotofit ovx iotvv i^ avtfi tfj ix dvo ovo- 
fidtfov' OTtBQ iSsi Sst^av. 

[UoQL^fia]. 

^H dnotofifi xal at fkst avtfjv aXoyoL ofits 

tfj fii6y ovts dXXi^XaLg sl^lv at avtaC. 

20 Th fihv yccQ djtb fii^rjg naQa ^ritfjv itaQafiakko- 

fiBvov nXdtog noLst ^ritfjv xal d6vfifiBtQov ty^ na^ 

rjv naQaxsLtaLj fn^xsL, to Sh dno dnotofLYig naQa ^rft^v 

1. ovofidttov aqa Bb. iaxl ntfdti^ F?, nqmxri supra scr. 
m. 2 V. diTjQi^iLivTi b, mg. m. 1: yg. dLrjQTJahoi. 4, HE] 
EH F. Tc5] to q). 6. to fistiov] P, et V, supra scr. 17; 
om. b, rj (i8ii(ov B; om. 9, sed post dH lacuna est 6 litt 

7. Ante (nq%et del. t^ iyiiiSLfiivji ^ijt^ /iijxet t^ ^^/F m. 1 b. 

Xoin^ agcc xfi BFV. H7A in ras. m. 1 b; ZHF, seq. ras. 
1 litt. 8. iaxt Tjf] ioxiv ^ BVb et supra scr. fj tp. insC — 
10. jHZ (prius)] om. P, mg. V.^ 9. ffZ] Z ante ras.^ 1 litt. V. 

iaxLv] om. V. Post Qrjxii in mg. m. 1 add. fifi%8i davn- 
fisxQog m. 1 b. iaxlv B, om. V. 10. insC — f^xe^] om. 
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nomen sit. itaque z/H, HE rationales sunt potentia 
tantum eommensurabiles, et ^H^ excedit HE^ qua- 
drato rectae sibi commensurabilis^ et maius nomen 
\JH rationali ptopositae jdF longitudine commensu- 
rabile est [deiF. alt. 1]. itaque etiam ^Z rectae jdH 
longitudine commensurabilis est [prop. XII]. quare 
etiam reliqua HZ rectae ^Z longitudine commensu- 
rabilis est [prop. XV]. uerum /JZj EZ longitudine 
incommensurabiles sunt. quare etiam ZH^ EZ lon- 
gitudine incommensurabiles sunt [prop. XIII].* itaque 
HZj ZE rationales sunt potentia tantum commensu- 
rabiles. EH igitur apotome est [prop. LXXIII]. uerum 
eadem rationalis .est; quod fieri non potest. 

Ergo apotome eadem non est ac recta ex duobus 
nominibus; quod erat demonstrandum. 



Apotome et irrationales eam sequentes neque mediae 
neque inter se eaedem sunt. nam quadratum mediae 
rectae rationali adplicatum latitudinem efficit ratio- 
nalem et rectae, cui adplicatum est, longitudine in- 
commensurabilem [prop. XXII], quadratum autem 
apotomes rationali adplicatum latitudinem efficit apo- 
tomen primam [prop. XC VH], quadratum autem mediae 
apotomes primae rationali adplicatum latitudinem efficit 
apotomen secundam [prop. XCVIII], quadratum autem 

PV. 11. £Z] mnt. in ZE V. aga iat£] Si in ras. 4 

litt. cp. 12. iax^v F.- Post fiTfxe^ add. %ai elai ^rixai mg. 
m. 2 B. 13. daiA om. PV. 14. EH] corr. ex HEY.HE 
V^ EN tp, J6. ^J (alt.) om. b. 16. onsQ iSn d«r|ae] comp. 
P, om. BFb. 17. noQiaiba] om. P, ^ty' BVb, pia' P. 21. 
T^] XI b. 22. a^ro] om. F. 

Enclidea, edd. Heiberg et Menge. m. 23 
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jtaQaPakkoiievov TcXdtog noiat aaorofirjv TtQcirijVj rb 

dl anb iie6fjg aTCoronijg TtQcirrig naQa Qrjrriv naQccfiaXr 

Xofuvov nkarog noiBt djtorofiriv detrciQav^ ro 8h aTto 

^66ri5 dnoro(irjg SsvtiQag naQa ^ririjv naQafiakko ^uvov 

5 nkdrog noiet dnorofiriv rQirrjVy ro dl dno ikdetsovog 

naQa Qrjrriv naQafiakkofievov nkdrog nout dnotoiiriv 

rsrdQrriVj ro ds dno r^g fisrd ^iyrotJ fii6ov zb okov 

noLOv6rig naQa Qr^rriv naQafiakkofisvov nkdrog nout 

dnorofiriv nifintriVj ro dh dnb rrig fierd fii6ov fii6ov 

10 rb okoif noiov6rig naQa ^rirriv naQafiakkofisvov nkdrog 

noiBt dnorofiriv sxrrjy. inel ovv rd slQrifiiva nkdrri 

diaq)iQ6L rov re nQcitov xal dkkijkfov, rov fihv ngcirov^ 

oti QTitij i6tLVj dkkrikmv Sh^ inel ry rd^si ovx b16\v 

at avtaij drjkovy d}g xaV avral at akoyoi 8iaq>iQov6iv 

15 dkkrjkcov, xal insl didBixrai ^ dnorofiri ovx ov6a ^ 

avrri rrj ix dvo ovofidrcov^ noiov6L 8% nkdrri naQa 

^rirriv naQafiakkofiBvat at fisra rriv dnorofi^^v dnozofidg 

dxokovd^mg ixdarri rfj rd^Bc ry xad'* avriji/, at dl 

fiBrd rriv ix Svo ovofidrmv rdg 'ix dvo ovofidtcav xal 

20 avtal ry rd^Bc dxokov^og^ stBQai aQa b161v at fiBtd 

rr]v dnorofiriv xai IkBQai at fisrd rriv ix Svo ovofidrcov^ 

(og slvai rfj rd^BL nd6ag dkoyovg Ty^ 

Mi6riv, 

!Ex Svo ovofidtcaVy 

25 ^Ex Svo fii6c9v nQcitriv, 

'Ex Svo fii6cav SsvtiQav, 

MBL^ovay 

^Pritbv xal fii6ov SvvafiivriVj 

1. to Si — 3. dsvTSQav] mg. m. 1 V. 6. iXdTTOvog Bb, 

comp. F. 9. fiBtd] om. F. 11. ovv} corr. ex ov m. 1 P. 

12. TtQcotov] (prins) in ras. V. 13. insl] ozi B. 17. 

naQOL^aXXoiiBva F, corr. m. 2. at] om. P, supra scr. m. 1 V, 
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mediae apotomes secundae rationali adplicatum lati- 
tudinem efficit apotomen tertiam [prop. XCIX], qua- 
dratum autem minoris rationali adplicatum latitudinem 
efficit apotomen quartam [prop. G], quadratum autem 
rectae cum rationali totum medium efficientis rationali 
adplicatum latitudinem efficit apotomen quintam [prop. 
GI]; quadratum autem rectae cum medio totum medium 
efficientis rationali adplicatum latitudinem efficit apo- 
tomen sextam [prop. GII]. iam quoniam latitudines, 
quas diximuS; et a prima et inter se dififerunt; a prima, 
quia rationalis est, inter se autem^ quia ordine eaedem 
non sunt, adparet, ipsas quoque irrationales inter se 
differre. Et quoniam demonstrauimus, apotomen eandem 
non esse ac rectam ex duobus nominibus [prop. GXI], 
et rationali adplicatae rectae irrationales apotomen 
sequentes latitudines efficiunt apotomas secundum suum 
quaeque ordinem, irrationales autem rectam ex duobus 
nominibus sequentes rectas ex duobus nominibus et 
ipsae secundum suum quaeque ordinem, aliae sunt 
irrationales apotomen sequentes, aliae irrationales 
rectam ex duobus nominibus sequentes, ita ut omnes 
XIII irrationales ordine hae sint: 

1. Media. 

2. Becta ex duobus nominibus. 

3. Ex duabus mediis prima. 

4. Ex duabus mediis secunda. 

5. Maior. 

6. Becta spatio rationali et medio aequalis quadrata. 

fiiv B, at fiiv b, fiiv supra add. m. 2 F. 19. zag i% dvo 
ovofidtoov] om. y» 20. ctVTcig b. slaiv &Qa V. 21. at] 
om. F. fistd} %atu F. 

23* 
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^vo fii6a dvvafisvriVy 

Mearjg ajtotofiiiv TCQcittiVf 
Mi6riq aTCotoiAfjv devtiQav, 
6 'EXd00ovay 

Meta ^rjtov (ii6ov ro oAoi/ noiov6aVj 
Mata (ii0ov (ii6ov to oXov noLOvaav. 

To ano gritijg Ttaga trjv ix dvo ovofjtdtov 

10 TcaQa^aXXofievov nXdtog Tcoiet dnotoyi^Y^Vj r^g 

ta ovofiata 6v(iiAetQd i0tL totg trjg i% Svo ovo- 

fidtiov 6v6fia6L xal itc iv t^ avtp X6yaij xal 

itL fj yLvo^ivrj aTCotoiArj trjv avtr^v e^ev td^Lv 

ty ix dvo ovofidtdDV, 

16 ^E6t(o ^rjtri fihv ^ A^ ix dvo 6vo(idta)vdl ^ Br, 

rig iiet^ov ovofAa i6t(o rj ^F^ xal t^ djco trjg A t6ov 

S6t(o tb vno tfov BFy EZ' kiyto^ otc r EZ a^orofiif 

i6tcVj rig id 6v6(Aata ^VfAfAet Qd i6ti totg FAj AB^ 

xal iv t^ avt& X6ypy Tcal itc ^ EZ tr^v avtrjv e^ei 

20 tdl^LV tjj BF, 

"E6t(o yccQ ndXLV rp dno trig A t6ov to vtco tmv 
BA, H. inel ovv ro vno tmv BF^ EZ t6ov i6tl rp 
V7c6 tAv BAj Hy i6tLV aQa (og rj FB TCQog ti^v B^^ 

De his 13 irrationalibus cfr. Martianus Capella YI, 720. 



6. iXdttovcc BFb. 8. pe(5'] om. b, gia F, qiS" BV. 11. 
ts laxi F. 12. ovofiaaiv PBF. 16. dh ovoiidtmv V. 16. 

j r] rj F. 17. B r] rs F. is. Im] iativ P. r^'] r 

e corr. V. JB] J supra scr. m. 2 V. 19. td^iv ^let V. 

?|€ft] ixsi BFb, in B supra scr. J m. 2. ^ 22. B^] ^ e 
corr. V, JB F. rd] tm PV. toa] mut. in to m. 1 P, to V. 

23. Post tmv ras. 1 litt. P. FB] B F F.' 
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7. Recta duobus spatiis mediis aequalis quadrata. 

8. Apotome. 

9. Mediae apotome prima. 

10. Mediae apotome secunda. 

11. Minor. 

12. Recta cum rationali totum medium efficiens. 

13. Recta cum medio totum medium efficiens. 

CXIL^) 

Quadratum rectae rationalis rectae ex duobus no- 
minibus adplicatum latitudinem efficit apotomen^ cuius 
nomina nominibus rectae ex duobus nominibus com- 
mensurabilia sunt praetereaque in eadem proportione, 
et praeterea apotome ita orta eundem ordinem babebit 
ac recta ex duobus nominibus. 

Sit A rationaliS; BF autem ex duobus nominibus^ 
cuius maius nomen sit ^F, et sit BFx EZ = A^. 
dicO; EZ apotomen esse^ cuius nomina rectis F^, ^B 
commensurabilia et in eadem proportione sint, et prae- 
terea rectam EZ eundem ordinem habere ac BF. 

nam rursus sit B^xH=A^, iam quoniara est 
BrxEZ = BAxH, enirB:B^ = H:EZ[Yl,16]. 

Bi — I \r H\ 1 



E Z 

K I 1 1 1 ® 



uerum rB>BA. itaque etiam H>EZ [V, 16; V, 14]. 



1) Dubito, an haec propositio et seqnentes Euclidis non 
sint. sed de hac re alibi niderimuB. 
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ovtcog ^ H TCQog trjv EZ. (isC^CDV dh ^ FB r^g B^' 
^eiimv &Q(K, iotl xal rj H t^g EZ. i6tco tfj H tevi 
f} ES* i0tiv aga mg f^ FB TCQog tiiv B^d, ovr(og f^ 
@E JCQog tfjv EZ' Siekovti aga ietlv mg fi F^ xgog 
6 tfiv B^^ ovtdDg fi 0Z TCQbg tfjv ZE. ysyovdto} (bg 
f^ SZ TCQog tijv ZEy ovtcag ^ ZK jcgbg tf^v KE' Tcal 
okri &Qa fj 0K TCQog oXriv r^ KZ idtiVy mg fj ZK 
ngog KE' log yag ?i/ tciv fiyovfiivov TCQog Ih tSv 
iTCo^evoVj ovtcDg anavta ta fiyovfieva nQog aTCavta 

10 ta inofieva, (hg di fj ZK TCQbg KE^ ovtcog idtlv f^ 
r^d Tcgbg tfiv ^B' xal (og aga f^ 0K ngbg KZ^ ovtcog f^ 
r^ ngbg tfjv ^B, 6vfi(istQov Sl tb ano t^g F^ tp 
anb trjg ^B' 6v^^£tQ0v aQa iatl xal tb anb trjg GK 
t^ aTcb trjg KZ, xaC iativ (hg tb avcb tr^g GK Tcgbg 

16 tb aTcb tf^g KZ^ ovtog fi 0K TC^bg tf^v KE^ iicsl al 
tQStg al 0Kj KZ^ KE dvdXoyov sl6cv, 6vfifistQog 
aQa ij &K tfj KE ^'qxsr &0ts xal fi 0E tfi EK 
6v(i^stQ6g i6ti iii^xsL. xal insl tb dnb trjg A taov 
iatl rc5 vTcb t(Sv E0, B^d^ ^rjtbv di iati tb dicb t^g 

20 ^9 Qrjtbv aQa iatl xal ro VTcb tAv E0, B^. xal 
TCaQa ^ritf^v tfjv B^ naQaxsitaL' Qrjtf^ aQa iatlv f^ 
E0 xal avfifistQog tfj B^ (ii^xsl' Sats xal fi avfi- 
(istQog avty f^ EK ^rifq iatL xal avfifistQog tfj B^ 
^i^xsL. insl ovv iatLv (hg ij FzJ nQbg ^B^ ovtcog fj 

26 ZK nQog KE^ al 8s F^j ^B Svvd^i^sL [lovov sial 



1. iieCSatv — 2. IWfl)] in ras. V. 1. FB] BF F. 2. 
icti] om. V. 3. FB] BF PV. 4. x^v] om. Bb. 6. t^v] 
om. Bb. ^B FVb. trjv] om. BFb. yeyoy^Tco — 6. 
ZEl om. b. 6. rijv] om. BF. ZK] KZ B. t»Jv] om. 
BFb. 7. nQog] bis qp. 8. t^v KE FV. mg ya^] om. P, 
snpra scr. V. rdov] om. P. riyovfisvov P. 10. x^v KE V. 
11. JB] BJ F. triv KZ BFb. 12. z/B] e corr. V, 
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sit E® = H. itaque rB:BJ = SE:EZ. qfuaxe diri- 
mendo [V,17] rj:BJ=®Z:ZE. &BLt®Z:ZE=ZK:KE. 
quare etiam &K:KZ = ZK:KE] nam ut unum prae- 
cedentium ad unum sequentium; ita omnia praecedentia 
ad omnia sequentia [Y, 12]. est autem ZK:KE = 
rJ:^B. quare etiam ®K:KZ = rJ:JB. uerum 
Fjd^, jdB^ commensurabilia sunt [prop. XXXVI]. 
itaque etiam &K^y KI? comm^nsurabilia sunt [VI, 20 
coroll.; prop. XI]. est autem ®K^ :KZ^ = SK^KE^i 
quoniam tres rectae ®K^ KZ^ KE proportionales sunt 
[V def. 9]. itaque QK^ KE l^ngitudine commensura- 
biles sunt [prop. XI]. quare etiam ®E^ EK longi- 
tudine commensurabiles sunt [prop. XV]. et quoniam 
A^ = E®X.BJ^ et ^ rationale est, etiam EGxBJ 
rationale est. et rationali B^ adplicatum est. itaque 
ES rationalis est efrectae B^ longitudine commen- 
surabilis [prop. XX]. quare etiam EK, quae ei com- 
mensurabilis est, rationalis est [def. 3] et rectae B^ 
longitudine commensurabilis [prop. XII]. iam quoniam 
est r^:^B = ZK:KEj et T^, ^B potentia tantum 
commensurabiles «sunt, etiam^ZJT, KE potentia tantum 

BJ F. 13. eX] rj q>. ^ 14. KZ] ZA in ras^ V. ^ 16. 
Post KZ add. idsix^ Yo^Q ^S V r^ TCQog JBj ovtms ^ ZK 
ngog KG, dXXa %al mg tj FJ itQog dB^ ovztog tj @K ngog 
KE. TQeig ovv svd^siai slaiv dvdXoyov nQmrri iihv ri ®K, 8sv' 
xsQa 8\ ri KZ^ tqIvti ^ KE. ^axiv ovv mg xo dno tfjg nQtotrig 
nQog ro dno trjg SevtiQag eldog, ovtmg rj nQmtr} nQog trjv tQCtrjv, 
tovtictiv mg t6 dno GK nQog to dno KZ b. trjv] om. b. 

16. slai BVb, comp. F. 17. aQa iatlv BFb. eiC] K 
e corr. Y. . Post /li^xs» add. %a\ 8i8X6vti b, m. 2 F. mats'] 
-ra e corr. V. EK] EG h. 19. E&] GE V. iativ L. 

20. iativ L. JB LBFb, e corr. V. 21. JB BF. 22. 
Post mats ras. 1 litt. V. 23. iativ L. JB F. 24. mg] 
om. L, Bupra scr. m. 2 B. 26. ZK] corr. ex ZH m. 2 F. 

8s] m. 2 F. r^] z/r F. slaiv L. 
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0v^fi£tQOty xal cc£ ZK^ KE dvvdiiev fwvov €i6l ^vii- 
fietQOi. Qtitii dd ietiv fj KE' ^fltrj uQa i6tl xal ^ 
ZK. al ZK^ KE aga ^tal dwdpLSi ^icvov sl^l 6vfir- 
aetQOL' aTtotofiTj aQa iatlv ri EZ, 

5 ^toc dh ^ r^ t^g ^B fiet^ov Svvatat t^ dxo 
ovfi(istQov iavty ^ tp d%o davfJLfiitQOV, 
^^Ei (i£v ovv fi r^ r^g ^B fkBliov dvvatai t^ dxb 
avfifiitQov [iavty]^ xal ri ZK trjg KE [ist^ov dwij- 
astav tp dno 6v(i(iitQ0v iavtfl. xal ai fihv 6v(ifLStQ6g 

10 i6tLv fi r^ tfj ^siiiivji §fitfj (npcst^ xal ^ ZK' ai 
Sh ii BJ^ xal ^ KE' d dh ovSatiQa tmv r^, ^B, 
xal ovSstiQa tSv ZK^ KE. 

Ei 81 fj r^ tfig ^B fist^ov dvvatai t^ dno d0Vfir- 
fiitQOv iamijj xal ^ ZK f^g KE fut^ov Svvij^stai 

15 r^ dno d6vii(iitQov iavtij. xal si ^ihv fi T^ 6v(ir- 
(iBtQog i6ti tfj ixxBiyiivri ^rjtfj (11^X61, xal f^ ZK' ei 
S\ fi B^y xal fi KE' ai S% ovSstiQa tAv Fjd^ jdB^ 
xal ovSstiQa t&v ZK^ KE' &0ts dnotofi^q i&tw fi 
ZE, rig td ovofiata td ZK^ KE 6v(i[istQd i6tv totg 

20 trjg ix Svo 6vo(idt<Dv 6v6fia6v totg F^^.^B xal iv 
rcS avta k6yG)j xal tf^v avt^v td%iv»i%Si tfj BF' oxsQ 
iSsi Sst^ai. 

To dno Qritijg TcaQa dnotOfAriv naQafiaXko- 

26 ^svov jckdtog jcoist trjv ix Svo 6vo[idtav, r^g 

1. KE uQa LBF. 2. Poet KE add. «al avfi^etffog xy B/J 
lii]%Bi LBFb. iativ aQu V. iativ LPB. 3. ZK] (prius) 
KZ BFb (de L non liqnet). Deinde add. %al aviip^xQog vg 
F/i iii^%si LBFb. Sritai daiv L, ^rjxai elai BFb. elaQ 
om. LBFb. 4. EZl ZE in ras. V. 6. zm] supra scr. m. 
rec. V. avfifieTQov V, sed corr. 8. davfifiirQov L, et V, 
sed d' eras. iavt^] om. P. ZX] KZ B. 11. BJ] mut. 
in JB Yy JB h. ' ov&etiga P. 12. %ai — 13. JB] mg. 
m. 2 F. 12. ov&stiQa P. KE] E in ras. m. 1 P. 13. 
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commensurabiles sunt [prop. XI]. nerum KE rationalis 
est; itaque etiam ZK rationalis est. itaque ZHT, KE 
rationales sunt potentia tantum commensurabiles. ergo 
EZ apotome est [prop. LXXIII]. 

lam.r^^ excedit z/B^ quadrato rectae aut sibi 
commensurabilis aut incommensurabilis. 

si igitur FzJ^ excedit ^B^ quadrato rectae com- 
mensurabiliS; etiam ZK^ excedit KE^ quadrato rectae 
sibi commensurabilis [prop. XIY]. et siue F^ rationali 
propositae longitudine commensurabilis est^ etiam ZK 
ei commensurabilis est [prop. XI ^ XII ], siue B^, 
etiam KE [prop. XII], siue neutra rectarum F^, z/B, 
neutra rectarum ZK, KE. sin lU* excedit ^S^ qua- 
drato rectae sibi incommensurabilis, etiam ZK^ ex- 
cedit KE^ quadrato rectae sibi incommensurabilis 
[prop. XIV]. et siue F^ rationali propositae longi- 
tudine commensurabilis est, etiam ZK ei commensu- 
rabilis est, siue BzJ, etiam KE^ siue neutra rectarum 
F/J^ /JBy neutra rectarum ZKj KE. ergo ZE apotomq 
est, cuius nomina ZK^ KE nominibus F^^ JB rectae 
ex duobus nominibus commensurabilia sunt et in eadem 
proportione, et eundem ordinem habet kq BV [deff. 
alt. et tert.]; quod erat demonstrandum. 

cxm. 

Quadratum rectae rationalis apotomae adplicatum 
latitudinem efficit rectam ex duobus nominibus, cuius 

z/B] B^? L. 14. %al — 16. Uvvq'] om. P, mg. m. 2 V. 
16. icttv L. Ante ZK eras. H V. ' 17. ov&Bxiqa V. 18. 
ov^^xBqa PV^ (non P). ' maxB\ -» in ras. V. 19. ra] (alt.) 
om. P, m. 2 V. iaxiv L. 20. ix] i% xmv V. ovo^aiv 
LPBP. 21. ix^t xciiiv LBPb. J5ri BB P. 28. ^t/] 
PL, Qi§' P, Qid' b, Qis' BV. 24. naQoi aga L. 



362 STOIXEISiN *'. 

tcc ovo^ara 6v(i(istQd i6ti totg tijg ajeotofji^g 
6v6^a0L xal iv t^ avtm X6y^j iti 8\ ^ yLvo- 
lidvri ix Svo ovoiidtov tr^v avtiiv td^LV ixei 
tfi aTCotOfiij. 
5 "E6t(X) ^ritri fih/ ^ A, djtotofiri 81 rj B^y xal tp 
dno t^g A l6ov i^tca tb imb tAv BA^ K0y &6ts tb 
dnb tijg A ^rjtrjg nagd tr^v B^ dnotoiiriv TCa^a^ak- 
X6iisvov Tckdtog noist tr^v K®' kiyio^ or^ ix 8vo 6i/o- 
(idtcov i0tlv rj KSy '^g td 6v6fiata 6viifist(fd i6tL 

10 totg trjg £z/ 6v6iia6L xal h^ tS avtm k6yo9j xal iti 
fi K® triv avtrjv i%si td^LV tfj B^, 

"E^tci} yaQ t^ B^ 7eQo6aQ(i6tov6a rf ^F' aC BF, 
r^ uQa ^rjtaL s16l 8wdfiSL ii6vov ^vfi^istQOL. xal t^ 
dnb tfjg A t6ov i6t(o xal tb imb tmv BF, H. ^r^tbv 

16 81 tb dnb tijg A' Qr^tbv aQa xal tb vTtb tmv Br, H. 
xal TcaQa ^rjtriv tr^v BF xaQa^sfiXritaL' ^rjftri aQa i6tlv 
r^ H xal 6v(i(istQog ty BF ^rixsL. ijcsl ovv tb vicb 
tAv BFy H t6ov i6tl tp vTcb tSv BA, K®, dvdkoyov 
aQa i6tlv mg ^ FB iCQbg B^y ovtag rj KG XQbg H. 

20 (iSL^ov 8i fi BF tijg B^' (isi^cov aQa 9cal fj K0 trjg H. 
xsL^d^co tij H t6ri ri KE' 6v^iistQog aQa i6tlv r; KE 
tij BF fti^xsL. xal insC i6tLv mg f^ FB XQbg B^^ 
ovtoig fl 0K TCQbg KE^ dva^tQi^^avtL aQa i6tlv mg fi 
BF TCQog tfjfv P-^5 ovtog f] K0 TCQog 0E. ysyovitca 

26 (og fj K0 JCQbg &Ej ovtcog fj &Z nQog ZE' xal koLTCri 



1. ItfTiy L. 2. ovofueaiv PLBF. ytyvofiivri LBb, ys- 
voiiivri PYqp. 3. ix^i] supra add. £ jn. 2 B. Q. AjAB b. 

mazs] -£ in ras. Y. 7. BJ] JB a>. 8. noistv LFb, e 
corr. m-. 1 B. Srt] ott %a£ PY. 9: iaxi] iaxtv L. 10. oyo- 
fiaaiv PLBF. ^xi\oxi LBFb. 11. «ga* LB. 13. Blaiv L. 

14. %al] ora. LBFYb. 16. H] m. 2 F. 18. iaxtv PY, 
om. LBFb. 19. TB] BT PY. 20. xrig] (prius) n^og b. 
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nomina nommibaa apotomes commenBurabilia sunt et 
in eadem proportione, et praeterea recta ex duobus 
nominibuB ita orta eundem ordinem babet atque apotome. 
^ ^ Sit ^ rationalis, B^ autem apo- 

tome, et sit B^ x K® = J:', ita ut 
quadratum rectae ratioualis ^ apotomae 
^ it^ adplicatum latitudiuem efficiat K&. 
dico, K8 ex duobus nominibua esse, 
caius nomina nominibuB rectae Bjd 
commensurabilia sint et in eadem pro- 
portione, et praeterea K@ eundem or- 
dinem habere ac B^. 
nam ^T rectae BJ congruens sit itaque BF, FJ 
rationales sunt potentia tantum commensurabiles [prop. 
LXXIII]. sit etiam BrxH = A'^. uerum ^ rationale 
est. itaque etiam BFxH rationale est. et rationali 
Br adplicatum est. itaque H rationalis e^t et rectae 
BF longitudine commensurabilis [prop. XX]. iam 
quoniam est BrxH-^ B^XKe, erit [VI; 16] 
rB:Bjd-=K®:H. est autem Br>B^. itaqae 
etiam K@>H [V, 16; V, 14]. ponatur KE = H. 
itaque KE, BF longitudine commensurabiles sunt. et 
quoniam est rB:B.J = @KiKE, conuertendo [V, 19 
coroll.]e8tSr:r^ = «"e:®fi. &a,t K^-.^E^^^Z-.ZE. 
itaque etiam KZ-.ZS^Ke-.^E^Br-.F^ [T, 19]. 
uerum BF, P^ potentia tantum commensurabiles sunt. 
itaqae etiam KZ, Z@ potentia tantum commeusara- 



aga iotl BFb. 21. KE] e corr. T, EK P, 22. i^» Sd 
BFb. 23. tiiv KE BFb. 25, Kff] corr. ex. KH m. 2 F. 
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aga rj KZ XQog Z0 i6tiv^ 6g ri K0 JiQog ®E, rovr- 
s6riv [mg] fi BF ngog F^. al 6^ BF^ FJ 8vvei(i6t 
(lovov [si^l] 6viifAetQ0L' xal al KZ^ Z0 aga df}vd(is$ 
fiovov €i6l 6vfL(iEtQov. . xal insl i6tiv mg r^ K® TCQog 

6 SE, fi KZ TtQog Z0, aXX' atg ^ K0 TtQog ®E, ^ 0Z 
TtQog ZE^ ocal (hg aQa 17 KZ XQog Z0, ^ ®Z T^dg 
ZE' &6t6 xal dg ij nQdtr^ XQog tijv tQitrjVj to aTto 
trjg TtQcitrig TtQog ro ano t^g dsvtiQag' xal mg aQa 17 
KZ TtQog ZEy ovtmg to a^sto tfjg KZ TtQog ro djto trjg 

10 Z@. 6vfi(istQ0v di i6ti ro anb tfjg KZ tS axo trjg 
ZS' at yaQ KZ^ Z0 Swdfiec 6i6l 6vii(i6tQ0L' 6vyir- 
[istQog &Qa i6tl xal fj KZ trj ZE (iijx6L' &6t6 rj KZ 
Tcal tfi KE 6vfifi6tQ6g [i6tL] fiijx6L. ^rjtri Si i6tLV fj 
KE xal 6v(i(i6tQog tfj BF (npc6L' ^tri aQa xal ^ 

15 KZ xal 6v(i(i6tQog tfj BF (ii^x6l. xal i%6i i6tLv mg 
fj BF TtQog r^j ovrcog fj KZ nQog Z®^ ivaAXd^ c>g 
fl BF TtQog KZ^ ovtmg fj /IF nQog Z0. 6v(i(i6tQog 
Sh fj BF tfj KZ' 6viiii6tQog aQa xal fj Z0 ty F^ 
(ifjxti. at BFj r^ 8\ Qrjtal 6i6L Svvd(i6L fiovov ^vfjL- 

20 fi6tQ0L' xal al KZy Z& aQa Qrjtai 6i6L Svvd[i6L fjLovov 
6v(i(i6tQ0L' ix Svo ovofidtmv i6tlv &Qa fj K@. 

Ei [ihv ovv fj BF trjg F/l fiet^ov SvvataL rc5 dno 
6vfifistQov iavtij^ xal fj KZ r^g ZG fiet^ov dwi^66tai 
tS dnb 6vfifiitQov iavtfj. xal 6i fih/ 6vfifi6tQ6g i6tLV 

25 fj BF tfj ixx6L[iivfj ^rjtij firjx6L^ xal fj KZ, 6l dh fj 

1. Z&] ez F et in ras. V. &E] corr. ex ZE V. to«t- 
iativ — 2. ngog] in ras. V. 2. dg] om. P, Bnpra scr. V. 

8i] om. BF. FJ] FJ, JEBF. 3. Bia£] om. PV. avfi' 
fisTQOi -— 4. siai] mg. m. 2 B. 3. KZ] ZK P. 6. ZG] 
@Z iu ras. Y. 0Z] in ras. m. rec. B. 6. Z&] in ras. m. 
rec^ B, "0Z b. ovtoig rj^ B. 0Z] 'Z© b. 7. ZEl EZ F. 

mate] -e in ras. V. <og] m. 2 F. ovtmg to BFd. • 8. 
nQootrig] eras. F. Tcgog — dsvtigceg] mg. m. 2 F. 9. ZE] 
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« 

biles sunt [prop.XI]. et quouiam est K&:SE = KZ:Z&, 
KS:®E = 0Z:ZEy erit etiam 

KZ:Z0 = SZ:ZE. 

« 

quare etiam ut primum ad tertium, ita quadratum 

primi ad quadratum secundi [V def. 9]. itaque etiam 

KZ:ZE = KZ^:Z&, uerum KZ^, Z®^ commensu- 

•rabilia sunt; nam KZ^ ZS potentia commensurabiles 

sunt. itaque etiam KZ^ ZE lobgitudine commensu- 

rabiles sunt [prop. XI]. quare etiam KZ, KE longi- 

tudine commensurabiles sunt [prop. XV]. KE autem 

rationalis est et rectae BF longitudine commensura- 

bilis. itaque etiam KZ rationalis est ef rectae BF 

longitudine commensurabilis [prop. XII]. et quoniam 

est Br:rj = KZ:Z@^ permutando [V, 16] est 

Br:KZ = ^F: Z®, uerum BF, KZ commensura- 

biles sunt. itaque etiam Z0, ^F longitudine com- 

mensurabiles sunt [prop. XI]. BFj F^ autem ratio- 

nales> sunt potentia tantum commensurabiles. itaque 

etiam KZ^ ZS rationales sunt [def. 3] potentia tantum 

commensurabiles [prop. XIII]. ergo KS ex duobus 
nominibus est [prop. XXXVI]. 

lam si BF^ excedit F^^ quadrato rectae sibi com- 

mensurabilis^ etiam KZ^ excedit Z®^ quadrato rectae 

sibi commensurabilis [prop. XIV]. et siue BF rationali 

propositae longitudine commensurabilis est, etiam KZ 

corr. ex Z0 P. 11. yccQ] ccqu B. 12. ry^tijg Vb. aGts'] 
-8 in ras. V, Sats %a£ b. 13. itfw] om. rV. 14. dav^- 
fistQog b. 16. nQog] (prius) bis b. 17. Qvtong — 18. KZ' 
bis F. 17. dr] rj P. 18. ZG] in ras. V, ©Z P. rJ 
in ras. V, Jr P. 19. a£] at ds V. di] om. FV, JE Bb. 
20. %a£ — 21. K@] mg. m. 1 V. 20. KZ] K® B. 21. 
dvo aQa BFb. ^ aQa] om. BFb. 22. FJ] BJ PFb et B 
eras. V. * 28. daviitiEtQov F, sed corr. 24. davfifistQov P. 
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r^ ^vfi^stQog i6ri tij ixiC€i(iivy ^ritij (ii^xsLy xal r^ 
Z®, si 8h ovdstsga tmv BFy F^, ovSstsQa xAv 

KZ, Z0, ^ . 

El 8% ri BF trjs P^ iisitov Svvatai tp uTtb 

6 a6v^^itQov iavtijj xal rj KZ t^g Z® ^st^ov dvi/ij- 
6staL tp a%o dcviiiiitQOv savtij. xal sl ^\v ^vfifistQog 
i6tiv ri BF tij i7cxsL(iivy ^tij (ii^xsi, xal f^ KZ, si 
S% ri rj, xal fi Z@, si ds' ovSstiQa tmv BFy T^, 
ovdstiQa tmv KZ^ Z®. 
10 ^Ex dvo aQa ovofidtcov i6t\v r^ Jf ®, r^g td ovofLata 
td KZj Z® iSviifistQa [i6ti] totg tijg djcotoiiijs ovo- 
fia6L totg BF^ F^ xai iv tp avt^ loycij xal ixL f^ 
K0 tij BF trjv avtrjv s^sl td^LV otcsq iSsL dst^ai. 

qlS\ 

16 'Edv x^Q^^'^ TtsQLixritaL VTto dTtoto^iijs xal 
tijg ix Svo ovo^dtGHv^ rjg td ovo^iata 0vyL' 
fistQd ti i6tL totg tijg dnoto^^^g 6v6(ia6L xal 
iv tp avr^ X6ya)y rj to %coqCov Svva^ivr^ ^tjzi^ 

i6tLV. 

20 nsQLSxi6%(o ydQ x(oqlov to vno tmv AB^ F^ vno 
dTtotoiiijg tijg AB xal tijg ix Svo 6voyLdtmv f^s -T!^, 
^S (ist^ov ovoiia S6t<o to FE^ xal i6t(o td 6v6(iata 
tijs ix Svo 6vo^dtG}v td FEy E/l 6vii(istQd ts rotg 
f^g dnoto^iiig 6v6(ia6L totg AZ^ ZB xal iv tS avt^ 

1. rd] z/r B et e corr. V. 2. BT — tmv] postea add. 
m. 1 P. Post TJ add. %aC b, m. 2 F. 4. dvvrixai, Bb. 

5. avfiiiit^ V, sed. corr. KZ] Z e corr. V, KJ P. Z®] 
^Z in ras. V. 6. avfifiixQov V, sed corr. 7. iativ'] m, 
2 F. 8. Z0] ®Z F. rd %a£ b. 11. avfifista B. iati] 
om. P, supra scr. V. ovoftaaiv B. 13. BT] BJ PPb. 

Ztcsq idsi dsi^ai] om. BFb. 14. qls' b et e corr. P, 

Qi^' BV. 17. ts] om. BFV. ovofMcaiv PFB. 19. iatt 
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ei commensurabilis est [prop. XII], siue F^ rationali 
propositae longitudine commensurabilis est, etiam Z0 
ei commensurabilis est [id.], siue neutra rectarum BF, 
r^j etiam neutra rectarum KZ^ Z0 [prop. XIII]. 
sin BI^ excedit F^^ quadrato rectae sibi incommen- 
surabilis, etiam KZ^ excedit Z0^ quadrato rectae sibi 
incommensurabilis [prop. XIV]. et siue BF rationali 
propositae lougitudine commensurabilis est, etiam KZ 
ei commensurabilis est, siue Fz/, etiam Z0 [prop. XII], 
siue neutra rectarum BFy F^, neutra rectarum KZy Z0. 
Ergo K0 ex duobus nominibus est, cuius nomina 
KZj Z0 nominibus apotomes BF^ FJ commensura- 
bilia sunt et in eadem proportione, et praeterea K0 
eundem ordinem habet ac BF [cfr. deffi alt. et tert.]j 
quod erat demonstrandum. 

CXIV. 

Si spatium comprehenditur apotome et recta ex 
duobus nominibus, cuius nomina nominibus apotomes 
et commensurabilia sunt et in eadem proportione, 

recta spatio aequalis quadrata ratio- 

A S 2t •■ • -j 

I \ — I naus est. 

r E J Spatium enim ^B X FJ com- 

I 1 1 ^ 

jfj, , prenendatur apotome AB ei recta ex 

0, j duobus nominibus F^, cuius nomen 

K A M i^aius sit FE, et FE, E^ nomina 

'"^ " ' rectae ex duobus nominibus nominibus 

apotomes j4Zj ZB et commensurabilia sint et in eadem 

B, comp. PVb. 20. ya^] corr. ex to m. 1 V. 22. ^<ttq)] 
(prius) BCTi BPb. 23. EJ] J e corr. m. 1 b. re] m. 2 B. 
24. ovofiaaiv B. 
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Xoyp^ xal ifSxG} fj ro imo xAv AB^ F/l Svva^isvt] rj H' 
Xiyco, ori ^rjti^ i6tiv ij H. 

'ExxsLad-m yccQ ^rjtii fj ®, xal t^ aico rijg & t6ov 
TcaQo, trjv r^ 7CaQafiefiXfJ6d'a} nkatog noiovv triv KA' 
5 aTtotofiii aQa iOtXv fi KA^ rjg ta ovofiata i6ta} ta 
KM^ MA avfifistQa totg tijg ix 8vo ovofidtatv 6i/6- 
fia0c tolg FE, E/d xal iv tp avtm loy^. akXu xal 
ai FEy E^ 6v(ifi6tQ0L ti el6L tatg AZ^ ZB xal iv 
rc5 avt^ Xoyca' i6tiv aQa (og fj AZ TCQog tf\v ZB, 

10 ovtcog fi KM TCQog MA. ivaXka^ aQa i6tlv mg fj AZ 
^Qog tfjv KMy ovtmg fj BZ TCQog tfjv AM' xal komfi 
aQa fi AB TCQog komfjv tfjv KA itftcv mg fj AZ 
TCQog KM. 6vfifi6tQog 8i fj AZ tij KM' iSvfifistQog 
ccQa 'i6tl xal fj AB ty KA. xaC i6tiv (og fj AB XQog 

16 KA^ ovtG)g ro vtco tSv FA^ AB iCQog to vtco tmv FA^ 
KA' iSvfifietQov ccQa i0tl xal ro vtco t&v Fd^ AB 
tm vTCo tdv FA. KA. tdov Sh to vtco tmv FA. KA 
rc5 avco tfig @' 0v^^6tQov aQa i6tl ro vtco t&v FA^ 
AB tp aTCo t^g 0. rc5 8h vtco t&v FA^ AB t6ov i6tl to 

20 dno tijg H' ^vfAiAstQOv aQa i6tl ro dico trjg H rp 
aTCo tijg ®. ^rjtov 81 tb d%o tijg S' ^rjtov aQa i6tl 
xal ro dxo tijg H' ^ritri aQa i6tlv fj H xal 8vvuxai 
th vTCo rc5i/ FAy AB. 

^Eav aQa %oqIov TCSQcixrjtaL vjco dicotoii^g xal tijg 

25 ix 8vo ovo^Aatcov^ rjg td dvofiata 6vfifistQd i6ti totg 
tfig djcoto^ijg 6v6^a6L xal iv tS avtA k6y(p^ f] ro 

%(oqIov Svva^Bvi] ^i]ti^ i6tiv. 

• ^^— ^— — — ^— 

1. 17] om. BFb. ^] e corr. V. H] HA b. 3. 0] 

(prius) B& F. 4. t»}vJ^ (prius) m. 2 F. 6. r^g Ix] in 

xmv V. 7. dXXd — 9. X6y(p\ mg. m. 1 F. 8. rotq b. 9. 
AZ] corr. ex ^F V. 11. BZ] ZB B. 12. ijl (prius) post 
ras. 1 litt. F. 13. nQog — ^Z] om. F. rifv KM BFb. 
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proportione, et sit H^ = AB X Fz/. dico, H ratio.- 
nalem esse. 

ponatur enim rationalis 0, et spatium quadrato 
€>^ aequale rectae F^ adplicetur latitudinem efficiens 
KA, itaque KA apotome est, cuius nomina sint 
KMy MA commensurabilia F£, EJ nominibus rectae 
ex duobus nominibus et in eadem proportione [prop. 
XCII]. uerum FE^ E^d etiam rectis AZ^ZB et com- 
mensurabilia sunt et in eadem proportione. itaque 
AZiZB = KM: MA. quare permutando [V, 16] 
AZ:KM=BZ:AM, itaque etiam AB:KA = AZ:KM 
[Yj 19]. uerum AZ^ KM commensurabiles sunt [prop. 
XII]. itaque etiam AB, KA commensurabiles sunt 
[prop. XI]. est autem AB:KA = rJxAB:rJx KA 
[VI, 1]. itaque etiam FJxAB et F^xKA com- 
mensurabilia sunt [prop. IX]. uerum Fz/ X KA = 0^, 
itaque Pz/ X AB et 0^ commensurabilia sunt. est 
autem H^ = F^xAB, qaare H^^ 0^ commensura- 
bilia sunt. uerum &^ rationale est. itaque etiam H^ 
rationale est. quare H rationalis est; et spatio 
r^XAB aequalis est quadrata. 

Ergo si spatium comprehenditur apotome et recta 
ex duobus nominibus, cuius nomina nominibus apotomes 
et commensurabiiia sunt et in eadem proportione, 
recta spatio aequaiis quadrata rationalis est. 

14. kctCv B. AB^ KM avft(i6tQog aqa iatl nal rj JB cp 
(et F?). 16. triv KA BFb. ovto) B. FJ] ante lacunam 
2 litt. F, ^r b. AB] JB h. nQog to] om. tp. 16. to] 
m. 2 V. ^ 17. tmv] (prius) om. P. 18. 0] 0Z B, sed corr. 

19. (XTCo] corr. ex vno m. 2 F. tm] corr. ex to m. 1 F. 

to] corr. ex rm m. 1 F. 20. to] xal rd BFb. 22. ^rjtrj] 
corr. ex Qritov V. 26. iativ P. 26. ovopbccaiv PB. 27. 
iatt BV, comp. Fb. Deinde add. otcsq ^dsi Sst^ai F. 

Enolides, edd. Heiberg et Menge. m. 24 
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Kal yiyovev ii^tv xal dLa rovtov ^avBQOv^ oti 
dvvatov B6tL Qrjtov xcjqlov v%o akoymv Bvd^BLiBv tcbqL' 

BXBCd^aL, OTtBQ B^BL SBt^aL, 
6 QIb\ 

^Ano fiB6r}g anBLQOL aXoyoL yCvovtaL^ xal 
ovdB^ia ovSB^La zAv iCQotBQOv Yi avtiq, 

"Eato) ^icri ii A' kiyOj otL cctco r^g A &7C6vqol 
aXoyoL yCvovtaL^ xal ovSBfiCa ovSs^La t<3v XQOtBQOv 

10 fi avtri. 

'EKXBCad^ci) Qrjtrj fi B^ xal rc5 vtco tmv 5, A t6ov 
B6tG) to a%o t^g r* akoyog uQa i^tlv ij F' to yccQ 
vnb aXoyov xal Qritrjg aXoyov i6tLV, xal ovSBfiLu t<3v 
TCQotBQOv fj avtr^' ro yaQ aic ovSBfiLag toiv TCQotsQov 

15 naQcc Qrjtriv naQafiaXXo^Bvov TcXatog TCOLBt iiicfrjv. tcccXlv 
Srj rc5 vtco t<Bv B^ F t0ov ictco tb dnb f^g z/' aXoyov 
ccQa ictl tb dnb trjg z/. aXoyog ccQa i0tlv fj ^' xal 
ovSBfiLa tmv nQotBQOv tj avrij* tb yccQ dn ovSB^Ldg 
t<DV nQotBQOv naQcc Qritijv naQafiaXXoiiBvov nXcitog 

20 noLBt trjv r. b^ioCog Srj trjg tOLavtrjg td^BOfg in anBLQov 
nQoPaLvov6rig tpavBQov^ otL dnb tfjg [li^rig ansiQOL 
aXoyoL yCvovtaL^ xal ovSBfiCa ovSBfiLa t^v nQotSQov 
rj avtri' ZnBQ SSbl SBt^aL], 

1. noQicna] mg. PV, om. BFb. 4. otcsq idsi dsi^ai] 
om. BFb. 5. qis'] om. V, peg' b et corr. ex qi8' F, ptf B. 

6. yiyvovxai B, y Bupra add. m. 1 P. 7. ovBs^ila'^ om. 

PFVb. Post nQOxsQov add. Ss-aaxQimv dloycav m. rec. F. 

9. yiyvovtai PFB. ovdsyLCu] om. PF Vb. 10. 17] hnv rj BF. 

11. Ante B ras. 1 litt. B. B, A] A, B F. 12. karca] m. 2 F. 

To] (prius) Tc5 F. 13. iatC PB, comp. FVb. 14. dno B. 

16. aXoyov —17. J (prius)! om. F V. 17. ictCv P. to — iaTiv] 
om. P. aXoyog — 18. avr?]] in ras. m. 1 F. 18. ano B. 

30 x-^r 
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Corollarium. 

Et hinc quoque nobis adparuit, fieri posse, ut 
spatium rationale rectis irrationalibus comprehen- 
datur. — quod erat demonstrandum. 

cxv. 

A media irrationales infinitae multitudinis oriuntur, 
et nulla eadem est atque uUa priorum. 

Sit A media. dico, ab A irrationales infinitae 
multitudinis oriri et nullam eandem esse atque ullam 
priorum. 

ponatur rationalis B, et sit F^=sBx^. itaque 
T irrationalis est [def. 4]; nam spatium recta irratio- 

^ ' ' nali et rationali comprehensum 

B ' ' irrationale est [prop. XX]. nec 

^' '• • eadem est atque uUa priorum; 

^i , neque enim uUius priorum qua- 

dratum rectae rationali adplicatum latitudinem efficit 
mediam. rursus sit z:/^ = B X F. itaque ^^ irrationale 
est [pf op. XX]. quare /1 irrationalis est [def. 4]. nec 
eadem est atque uUapriorum; neque enim uUius priorum 
quadratum rectae rationali adplicatum latitudinem ef- 
ficit F. iam hac ordinatione similiter in infinitum 
progrediente adparet, a media irrationales infinitae 
multitudinis oriri^ et nuUam eandem esse atque uUam 
priorum; quod erat demonstrandum. 

20. T^ff zoiavzTii^ xoig rrjg ccvtrjg 9. 21. nQoBalvovaai B, corr. 
m. 2. 22. yCyvovraiB. ovds(i£a^ om. PFVb. 23. otcsq ^9si 
dst^ai] om. BFb, comp. P. Seq. additamenta quaedam, u. app. 
In fine libri EvnXsiSov 6xoi%sCaiv T P, xsXog xov T x&v EvnXsCSov 
axoixslcav m. 2 B, xsXog xov T x&v EvnXsCdov Gxoi%sl<ov xf^g 
Gsoavos iTidoasoag F, EvyiXsidov Xoyog T xijg Ssoivog kiidoasiog b. 

2 0xrt} 24- 
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1. 

Ad libr. X prop. 1. 
"AXkoDg ro a' ^soiQrnia. 

*Exx€i6^(o dvo lisydd^rj avi6a xa AB^ F' xal dTCsl 
eXaccov iotv rb F, noXXanXaCia^ofisvov iotai Jtorh xov 
AB iisyad^ovg iist^ov, ysyovixGH (hg xo ZM xal dtg- 
6 Qi]6^(x} Eig \xa\ taa rw F, xal icxG) xa M&^ 0H^ HZ^ 
xal aTCo xov AB dq>yQTic^(X} (iBt^ov ^ ro rjfiitfv xb 
BE^ xal aitb xov EA (let^ov tj xb fliiL6v xb E^, xal 
roiJro dsl yLvic^co^ eong at iv X(p ZM SLaiQeCeig t6ai 
yevcovxai xatg iv rc5 AB SiaiQiceCLV, yeyovir(o6av 

10 &g at BEj EJ, ^A^ xal x^ JA axa6xov xAv KA^ 
ANj NS i6x(o taovj xal xovxo yivicd^^o^ mg at Siai' 
Qiceig xov KS toai yivcovxaL xatg xov ZAf. 

Kal inel xb BE fiet^ov rj xb rjfiLCv i6xv xov BA^ 
xb BE (iet^6v i6xv xov EA* noXXp aQa [let^ov iaxi 

16 rov d A. dXXa xb ^ A t6ov i6xl rc5 SN* xi BE ccQa 
liet^ov icxL xov NS» ndXLV^ iTtei xb EJ ^iet^ov rj xb 
r}^L6v i6xL xov EA^ fiet^ov i6xi xov /lA, dXXa xb 
/^A i6XLV t6ov rc5 N A' xb EJ uQa fiet^ov i6xc xov 

1. Post dcpociQovfiivoc p. 6, 10 habent BFVb, mg. m. 1 
postea add. P. 



1. t6 a ^BtoQriyLci] om. V, xb avto BFb (mg. a B). 2. 
nsta^o) V. 3. tXattov F. 6. td] (prius) om. P. F] corr. 
ex A B. xal tatm] om. FVb. HZ] IZ F. 6. ^] m. 
2 P. 7. BE] in ras. V. xa^ — E^] mg. m. 2 V. Ea] 



1. 

Ad libr. X prop. 1. 
Aiiter primum theorema. 

Ponantur duae magnitudines inaequales AB, F. 
et quoniam est F < ABj multiplicata aliquando F 

A zi E B r D^^ior ^^^ magnitudine AB, fiat 

I— « — I 1 I 1 ZiVi et in partes magnitudini F 

j^ 5 2, aequales diuidatur, et sint M0, 

,_, , , &Hj HZ, et ab -^J5 auferatur 

KANS BE maior dimidia et ab EA 

maior dimidia E^j et hoc semper deinceps fiat, donec 
diuisiones rectae ZM diuisionibus rectae AB numero 
aequales sint. sint BE^ E^, A A^ et sit 

KA^AN^N^= ^^A, 
et hoc fiaty donec diuisiones magnitudinis K^ diui- 
sionibus rectae ZM numero aequales sint. 

et quoniam J5jB> ^5^, Jerit BE^EA. itaque 
multo magis BE>^A. uerum AA — SN, itaque 
BE>N!S. rursus quoniam EA>^EA^ erit E/J>AA. 
uerum AA = NA. itaque EA > NA. itaque tota 

AE F, 8. dsQ om. BFVb. yi^yvie^m P. 9. diai^ioBci 
BFVb. 10. TwJ corr. ex ro m. 2 V. \\, yiyviGd^m tp, aoff] 
%tog av Ytp, afj om. q>. 12. yivovrai Pqp. ratg'] sCg 
tdg q>, 13. BA\ corr. ex ^B m. 2 V. 14. t6'\ xh di B, 
rov €p. liFTi] (prius) om. F. 16. xov — yLBiiov^ om. B. 

17. xov dA — 18. tcov] xo EA — fiBtSov 8i icxt xo JA 9. 

18. tcov icxC Vb. Ed] in ras. V. 
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NA. oAoi/ aQa ro ^B iist^ov ioti xov SA. tcov 
8\ tb ^A rc5 AK, oAoi/ uQa xo BA iist^ov i6xi 
xov SK, akkcc xov BA fiet^ov i6xi x6 MZ' nokl6 
aQa xo MZ ^st^ov ioxi xov SK xal insl xa SN^ 
6 NAj AK loa akkr^koiq ioxiv^ s6xi di xal xa M0, ®H^ 
HZ i'6a akkriXoLgj xal i6xiv l6ov xo itXri^og xAv iv 
rd MZ xa TtXi^^si xmv iv xp SK^ ioxiv aga cog x6 
KA 7CQ6g To ZH^ ovxoDg x6 KS nQ6g x6 ZM, ^st^ov 
8\ xo ZM xov KIS' fist^ov aQa xal x6 HZ xov AK. 
10 xaC i6xv xb /Lt^i/ ZH t6ov rc5 F, ro S\ KA x^ AJ' 
x6 r aQa (ist^ov iexi xov Azi' otcsq iSsi Sst^aL, 

2. 

Ad libr. X prop. 6. 
^AXXcog xb ^'. 

Avo yccQ ^sys^Yi xa A^ B JtQ6g aXXrjka Xoyov ixsxm^ 
ov aQi,d^ii6g r JtQog aQtd^ii6v x6v A' XsycQ^ oxc 6v^- 

16 ^sxQa i6xv xa (isyid^rj, 

X>6ai yccQ si6LV iv rc5 F (lovddsgj sCg xo6avra t6a 
8LriQri6^G) x6 A^ xal svl avxdiv t6ov i6x(o x6 E* §6xlv 
aQa mg 7] ^iovag TtQog x6v F aQc^^oVj x6 E TtQbg ro A» 
i6xL 8s xal (og 6 r TtQbg xbv z/, ro A TtQbg rd B' 

20 Sl^ t6ov aQa i6xlv (og rj (lovag TtQbg xbv ^, ro E 
nQbg xb B, ^sxQst dh xal fj ybovag xbv A' (istQst 
aQa xal x6 E xo B. [isxQst Sh xal x6 E x6 A^ insl 
xal ri (lovag x6v F' xb E aQa sxccxsqov xAv A^ B 

2. Post miui p. 22, 2 BFVb, mg. m. 1 P. 



1. JB] BJ F. 2. rd] (prius) zm B. tw] tov b. 3. 

To] corr. ex rov m. 1 F. 4. (letiov iati to MZ b. 5. AK^ 

KA in ras. V. 6. HZ] ZH F. rmv iv tm MZ] m. 2 Vl 

7. Tc5] (alt.) taov t& PBFb. ^K] IS! in ras. V. 8. rd] 
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^ B> SjI, est autem J A = AK. itaque tota 
BA^tSK. uerum MZ>BA. itaque multo magis 
MZ > SK et quoniam SN = NA = AK, et 
M@ = ®H = HZj et numerus partium rectae MZ 
numero partium rectae SK aequalis est, erit 

KA:ZH=KS:ZM 
[V, 15]. est autem ZM>X/S. itaque etiam iiZ>^ir 
[V, 14]. et ZH=r, KA=A^. ergo r> A^] 
quod erat demonstrandum. 

2. 

Ad libr. X prop. 6. 
Aliter propositio VI. 

Duae enim magnitudines A, B rationem inter se 
habeant, quam numerus F ad numerum z/. dico, 
magnitudines commensurabiles esse. 

nam quot sunt in F uni- 
tates, in totidem partes ae- 
quales diuidatur Ay et uni 
^^ ~' ^^ ' earum aequalis sit E. itaque 

1: r= E:A [V, 15]. uerum etiam F: A = A:B. 
itaque ex aequo est [V, 22] 1 : ^ = E: B. unitas 
autem A metitur. itaque etiam E magnitudinem B 
metitur. uerum etiam magnitudinem A metitur Ey 
quoniam unitas numerum F metitur. itaque E utramque 
Aj B metitur. ergo A, B commensurabiles sunt, et 

(primum) om. F.^ ^^1 corr. ex SIK m. 2 V. 10. JJ]AV 
e corr. 12. ro] t6 avzo F. 16. stai F. 18. xov A PB. 

19. Tov] x6 F V, om. b. A] B tp. ro] tov B. B] A F. 

21. zovB B. xat] om. FVb. -^] m. 2 F, seq. aQi&iJLOv 
corr. ex aQLd-fi6g. 22. iiBXQSt: 8i — ins£] om. PB, ifistQsi 
6s nal ro A, ijtel xal 17 fiovag xov F mg. m. 2 B. 
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iiBtQBt' xd A^ B ccQa 6v^^6rQa i6tiv, xai i6riv ccvrAv 
xoLvov liitQOv ro E' oTtBQ ISbl SBt^aL 

3. 
Ad libr. X prop. 9. 
^AXXoDg to O"'. 
^ETtsl yccQ iSviiiiBtQog i6tLV ri A tfj B, Xoyov ixBi^ 

6 ov agid-fibg TCQog &ql%'il6v. i%it(o^ ov 6 F TtQog tov 
/1, xal 6 r iavTov fihv nokkanXa^ia^ag roi/ E jtOLBCto)^ 
dh r tov ^ TCokXaTcka^LaOag rov Z TtOLBCtoHy 6 Si 
z/ iavtov 7CoXkanka6La0ag tov H TtOLBCtco. ijtsl ovv 
6 r iavtov iihv 7tokkanka6Ld6ag rov E TtB^oCrjTiBV^ 

10 roi/ Sh ^ itokkaitka^La^ag rov Z nBnoCrjxBVj i6tvv aQa 
mg 6 r TtQog tov z/, tovti6tLV (og fi A TtQog rriv jB, 
[ovrcoff] 6 E JtQog roi/ Z. akk^ mg r] A TCQog r^v jB, 
ovt(og ro ano tr]g A TCQog rb vicb rc5i/ A^ B' i6tLV 
aQa (og tb dicb t^g A JCQbg ro vnb t&v A^ 5, ovro^ 

ib E TCQog tbv Z. TcdkLV, ijCBl 6 z/ iavtbv Ttokka- 
7cka6Ld6ag tbv H jCBJCoCr^xBV ^ b Sh F tbv ^ Tcokka- 
7cka6Ld6ag tbv Z TCBJtoCrjxsv , i6tLV aQa (og b F TtQbg 
tbv Ay tovti6tLV (bg fj A TtQbg tfjv jB, ovros 6 Z 
TtQbg tbv H. dkk^ (og fj A TtQbg tfjv B, ovtcog tb 

20 vTcb tAv A^ B TCQbg tb djtb trjg B' i6tLV aQa (hg to 
V7tb rc5i/ A, B XQbg ro d^tb tfjg B, ovtoug 6 Z titQbg 
tbv H, dkk* (og ro djtb tfjg A TtQbg tb vnb tmv A^ B, 
ovt (og fjv b E TtQbg tbv Z* Sl t6ov aQa (og ro dicb 
tfg A nQbg tb dnb tf^g jB, ovt(og 6 E n^bg tbv H. 

26 i6tL Sh ixdtBQOg tmv JS, H tBtQdycovog' 6 fiiv yocQ E 

3. Post dQi^ncv p. 32, 3 BFVb, mg. m. 1 P. 



1. iaztv] (prius) iati BV, comp. Fb. 2. wtsq ^dsL dst^ai] 
comp. F?, om. BVb. 3. to ^'] om. B. 6. F n(f6s vbv J\ 
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communis earum mensura est E; quod erat demon- 
strandum. 

3. 

Ad libr. X prop. 9. 

Aliter propositio IX. 

Nam quoniam J, B commensurabiles sunt, rationem 
habent, quam numerus ad numerum [prop. VI]. sit 

A: B = F: d ^ et F se ipsum 
multiplicans efficiat E^ F autem 
numerum ^ multiplicans Z, ^ 
autem se ipsum multiplicans H, 
iam quoniam est F X F = E, 
^' ' rxJ = Z, erit r:^ = E:Z 

^' ' [VII, 17 j, hoc est E : Z = ^ : B. 

uerum A : B = A^ : Ax B. itaque 
A^: AXB = E:Z. rursus quoniam est ^ X ^ = H, 
rxd = Z, erit r:J = Z:H [VII, 17], hoc est 
A : B = Z: H, uerum A : B = A X B : B^, itaque 
AXB:B^ = Z:H, erat autem A^:AXB = E:Z, 
itaque ex aequo [V, 22] A^:B^ = E:H. uerum uterque 



ToCa ngog rov J xiaaagcc F, sed corr. m. 1. 1. 6 81 F tovl 
xov di BFVb. noiskoi] om. BFb. 9. nsno^rjyis b. 10. 
tov] (prius) corr. ex ov m. 1 V. 12. ovTmg] om. P. ovttog 
— trjv B] oro. B. 20. iativ uQa (og to vno tcov ^, B nQog 
to dno t^g B mg. b. 22. dno f^g A ngog to] m. 2 V {tov pro 
T^s). B", A' F. Deinde del. m. 2 ngog to dno tijg B V. 
23. Z] mut. in H F. Post aga add. iativ b, m. 2 F. 26. 
iativ B. 
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ano tov r i6tLVj 6 81 H dnb tov jd' to aTcb r^g A 

aga TCQog tb anb rijff B koyov i%Bi>^ ov tstQaywvos 

aQLd^^bg TCQbg tstQayovov aQLd^^ov, otcsq SSsv Sst^ai, 

^AkXa Sri ixBtco ro dnb trjg A TtQbg ro dnb r^g B 

5 Aoyoi/, oV tstQayovog dQid^^bg 6 E TtQbg tstQuyiovov 

aQid^^bv tbv H' Xayci}, ort evfiiietQog iotiv ri A rfi B. 

^E6t(o yaQ tov (aIv E nXevQa o F^ tov S\ H b ^^ 

xal r tbv ^ ^oXka7cXa6id6ag tbv Z noiaCtco' ot jE, 

Z, H aQa 5|ijg b16cv dvdXoyov iv t& tov F XQog tbv 

10 z/ XoyoD, xal inel t£v dnb t£v A^ B iib6ov dvdXoyov 
i6tc ro vTcb tSv A^ B, tmv S\ E^ H o Z, i6tiv aQa 
mg ro d^cb tijg A TCQbg tb vnb t&v A^ B, ovrcog 6 
E TCQbg tbv Z. &g S\ tb vicb tcav Aj B TCQog ro d^Jtb 
tfjg B, ovtcog 6 Z TCQog tbv i/, dXX* (og ro d^cb t^g A 

16 TCQbg tb vTcb tmv A^B^ ovtcog ^ A JCQog triv B. al 
A^ B aQa 6v\K\iBtQol b16cv' Xoyov yaQ Sxov6tv^ ov 
dQL^^ibg 6 E TCQbg dQLd^iibv tbv Z, tovti6tiv ov 6 F 
nQbg tbv A' cog yaQ b F TCQbg tbv A^ b E JCQbg tbv Z* 
6 yaQ r iavtbv filv 7CoXXanXa6id6ag tbv E TCBTCoirjxsv^ 

20 ror S\ A 7CoXXa7cXa6id6ag tbv Z nBTCoirjXBV i6tLv aQa 
Sg b r TCQbg tbv A^ b E TCQog tbv Z. 

4. 
Ad libr. X prop. 10. 
Tfj aQa 7CQ0tB^B£6rj Bvd^Bia tfj ^i^r^, ag?' i]g iq^afuv 
td fiitQa XapipdvB^d^aL ^ olov r^ A^ 7CQo6BVQritav Sv- 
vdyiBL fihv 6viiiiBtQog ^ A, tovti6tL ^rjtfi SvvdyLBL fiovov . 



4. Post ^ E p. 34, 5 PBFb; mg. m. 1 V, add. ns^fisvov. 



3. dgi^nogl comp. corr. ex comp. ngog m, 1 F. 6. Post 
B add. (triiisc V, m. 2 B. 7. fi>ev] om. b. 6] (prius) ^ 

corr. ex 6, supra scr. 6 F; 17 b. 10. tav] corr. ex rd B. 
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E^ H numerus quadratus est; est enim E=r^j H=^^. 
ergo A^iS^ rationem habet, quam numerus quadratus 
ad numerum quadratum; quod erat demonstrandum. 

lam uero A^iB^ rationem habeat, quam numerus 
quadratus E ad numerum quadratum H, dico, A ei B 
commensurabiles esse. 

sit enim F latus numeri E^ z/ autem numeri H. 
et sit rx z/ = Z. itaque E^ Z^ H deinceps pro- 
portionales sunt in ratione Fi^ [^HI, 11]. et 
quoniam esi A^:JxB = AXB: B^ eiE:Z = Z:H, 
erit A^:AXB = E:Z, est autem ^XB: 5^ = 2: Jf 
ei A^ : AX B = A : B. ergo A^ B commensurabiles sunt ; 
rationem enim habent, quam numerus E ad numerum Z 
[prop. VI], hoc est F : /1. nam F: /:! = E:Z\ est 
enim rxr=E^ rxA = Z [VII, 17]; quare 
r:J = E:Z^) 

4. 
Ad libr. X prop. 10. 

Ergo ad rectam propositam rationalem, unde diximus 
mensuras sumi [cfr. p. 2, 10 not. crit.], uelut A^ in- 
uenta est /d potentia commensurabilis, hoc est ra- 
tionalis potentia tantum commensurabilis, irrationalis 

1) Hae ambages, tog Sb lin. 13 — H lin. 14 et oog ydq 
lin. 18 — tw Z lin. 21, a Gregorio in codd. deesse dicuntur; 
in meis tamen omnibns legiintur. 

11. iffri] bIoiv P. 16. dai V, comp. Fb. yaq] m. 2 F. 17. 
ov] om. F. 18. Z] e corr. m. 1 b. 19. Post T ras. 1 litt. F. 

nsno£rj%s V. 21. ovToog a E V. Post Z add. onsg k'dsL 
Ssi^cci FV. 22. nqoarsd-s^ari PV. Qrirjj] qri- eras., deinde 
mg. m. rec. ns^fjisvov. nQoasvQrivtai, p. 34, 3 — ri E p. 34, 5 B 
addito oTtsQ ^Ssi dsC^ai et deleta reliqua parte propositionig. 

23. otovsC BVb, yp. olov iartv rj A mg. Fb. nQoarivQrixoti 
BFb. 24. li.h'] ^ovov B, nlv 17 F. 
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6v^fi€rQog^ aXoyog di 17 E. aXoyovg yuQ ^ad^oXov 
xaket rag xal ^rjxei xal dvvdyiaL aCviiiiizQOvg tij Qi]ry. 

5. 
Uulgo X, 13. 

Eig rb ly' AiJ/Lifta ix rrjg slg aroTtov aTtaycoy^g, 
^Eav fi dvo (isyidi]^ xal ro [ilv (JviiiierQOv rj rc3 
5 avtcS, ro 81 ersQOv a6v^^erQ0v^ devfiiisrQa Scrat rd 
(leyid^ri. 

"E6t(o yaQ Svo iieyid^rj rd j4^ B, akXo S% ro F, 
xal ro ftii/ A r^ r 6viiii£rQ0V £6t(a^ ro 8\ B rc5 F 
d6vfi^£tQov. Xiyci}^ ott xal to A tA B doviiiistQov 

10 £6tLV. 

El ydQ i6ti 6v^^£tQov ro A rm B^ i6rt S% xal 
ro r rA A^ xal ro F aQa rc3 B 6vii^£rQ6v i6rtv 
07t£Q ovx vn6x£trai.^ 

6. 
Ad libr. X prop. 18. 

^Prjrdg ydQ xaX£t rdg rij ixx£tiiivrj §r}rfj rjrot fi^^x^t 
15 xal Swd(i£t 6viiiiirQ0vg rj ^xal Svvd(i£t [lovov, sM 
Sl xal dlXat ^vd^^tat^ at (ii^x£i ftlv d6vfifi£rQo£ £l6t rfj 
ixx£t^ivrj ^rjrfj^ Svvd(i£t Sh ftoi/01/ 6VfAfi£rQ0ty xal Std 
rovro ndXtv kiyovrat ^rjral xal 6v(i[i£rQ0t \rCQbg dX- 
Xi^Xag^ xa%'^ o ^rjraC^ dkXd 6v[i^£rQot TCQbg dkXijXag 

5. Post dst^ai p. 38, 6 BFVb, mg. m. 2 P. 6. Post 
avfA(i,stQog p. 58, 3 PBFVb. 



1. ovfifiSTQog] om. V, m. rec. P. ^^1 yuQ F. 2. Post ^ijrjf 
. ovxmg P. 3. slg x6 ty'] om. F Vb. slg — dnayooYrjg] 
^S' F, ty' in ras. B, mg. iv aXXm lijfina; in F numerus eras. 
4. dvo fisys^rj jj F. x& avxm] postea add. F m. 1. 6. 
V BFb. 8. r'] (prius) yafLfLa F. 11. aavfi.fi,sxQov F, sed 
a- eras. 12. F] (prius) corr. er A Y. A] corr. ex T V. 



eras 
mg 
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autem E; irrationales enim omnino uocat rectas rationali 
incommensurabiles et longitudine et potentia. 

5. 
Uulgo X, 13. 

Ad prop. XIII lemma ex reductione in absurdum. 

Si duae magnitudines sunt^ et altera commensura- 
bilis; altera incommensurabilis eidem magnitudini est; 
magnitudines incommensurabiles erunt. 

sint enim A^ B duae magnitudines^ 
alia autem -T, et ^, F commensurabiles 

-B "^ sint, 5, r autem incommensurabiles. dico, 
-A etiam j4^ B incommensurabiles esse. 

nam si J, B commensurabiles sunt; et etiam F, A 
commensurabiles sunt, etiam Fj B commensurabiles 
sunt [prop. XII]; quod contra hypothesin est. 

6. 
Ad libr. X prop. 18. 

Bationales enim uocat rectas rationali propositae 
commensurabiles aut longitudine et potentia aut po- 
tentia tantum. sunt autem aliae^) quoque rectae, 
quae rationali propositae longitudine incommensura- 
biles sunt, potentia autem tantum commensurabiles ; 
quare rursus uocantur rationales et inter se commen- 
surabiles, quatenus rationales sunt, commensurabiles 
autem inter se aut longitudine et potentia aut po- 



1) Hoc quid sibi uelit, non intellego. 



£] ^? P. doviifistQov F, sed corr. 16. 7ta£] (alt.) om. b. 
16. siaiv aav|Lift£Tpot F. Biaiv B. 
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ijtOL iirjxev drilad^ xal dvvdfiSL fj Swdfiei iwvov. xal 
ai ^\v (n^xei^ Xiyovxai, xal avxal ^vjftal [irjxsL evfi- 
^etQot inaxovoiLBvov^ oxi xal dvvdiiSL' sl Si Swd^ui 
inovov TCQog dkX7]kas siisl aviifiSTQOL^ IsyorrcaL Tcal 
5 avzal ovrcDg ^i^ral Swdfisi ^iovov 6v(ifisrQ0i, ozt 8\ 
ai ^fjral 6v(i(isrQoi sIolv^ ivrsv^sv SriXov* inel yaQ 
QTjrai si6iv at rij ixxsL^iivy ^ijt^ 6vfi(isrQ0L^ ra Si rm 
airc^ aviifistQa xal dXki^XoLg iiSrl Cvii^srQa^ at aQa 
QTiral evfi^srQOL si6LV, 

7. 
Ad libr, X prop. 20. 
10 Arjfi^a. 

^H Swaiiivfi aloyov xodqlov akoyog icriv, 
/Jvvdod^c^ yocQ 7] A aXoyov ^(oqlov^ rovrierL ro 
dno rrig A rsrQaycovov t6ov i6roD dkoyo) xmQicD, Xiyco^ 
orL 7] A akoyog icrLV, 
16 Ei yccQ i6raL ^r^rri ri A, ^rirov i6raL xal x6 ajr' 
avrrjg rsrQccycDvoV ovrog ydQ [i6riv] iv rotg oQOLg. 
ovx i6rL Si' aXoyog aQa i6rlv ri A' onsQ iSsL dst^aL, 

8. 
Ad libr. X prop. 23 coroUarium. 

Ei6l Ss TtdkLV xal aXXaL sv^staL^ at fii^xsL filv 



7, Post s^rig p. 60, 13 PBFVb. 8. Post avtifiBZQoi 

p. 68, 22 PV, mg. m 2 B. 

l.^xa^l (alt.) om. b. 2. ^TjTail om. V. 3. sl] om. b. 

5. ovzmgj om. BFVb. Post avii(isTQot del. siaiv m. 1 P. 

oTi — 6. siaLv] mg. m. 1 P. 6. ivTSvd^sv] iv- in ras. m. 
1 P. d^Xov ivTSv^sv F. iitsi] oti b, mg. m. 1 yq. insl 
yccQ Sia To ^i' Tov i . 9. siaivj slai b, siaiv onsg i9si 
dsi^ai V. 11. *if] om. V, add. wim.B', iaTi BV, comp. 
Fb. 13. taov ^aTot)] supra scr. m. 2 V; om. BFb. aXoyco 
XODQio)] corr. ex aXoyov ^ffrco V, aXoyov taTta Bb, iaTon aXoyov ^. 
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tentia tantum. et si longitudine commensurabiles sunt^ 
et ipsaie rationales longitudine commensurabiles uo- 
cantur, subaudito, eas potentia quoque commensura- 
biles esse; sin potentia tantum inter se commensu- 
rabiles sunt, et ipsae sic rationales potentia tantum 
commensurabiles uocantur. rationales autem commen- 
surabiles esse, hinc manifestum est: quoniam enim 
rationales sunt, quae rationali propositae commensu- 
rabiles sunt, et quae eidem commensurabilia sunt, 
etiam inter se commensurabilia sunt [prop. XII], 
rectae rationales commensurabiles sunt. 

7. 

Ad libr. X prop. 20. 
Lemma. 

Recta spatio irrationali aequalis quadrata irratio- 
nalis est. 

nam ^^ spatio irrationali sit aequale. dico, A ir- 
rationalem esse. 

A\ 1 nam si A rationalis est, etiam A^ 

B\ 1 rationale erit; ita enim in definitio- 

r 1 nibus est [def. 4]. at non est. ergo 

A irrationalis est; quod erat demonstrandum. 

8. 
Ad libr. X prop. 23 coroU. 

Sunt autem rursus aliae^) quoque rectae, quae 



1) Sc. praeter rationales, de quibus u. app. nr. 6. 

15. UxoiC\ iezi V. 16. hcxiv\ om. BFVb. 17. loziv B. 

«9«] m. 2 F. n A ^^"^^v BFVb. otts^ Ubi tfetgatl 

om. B. 18. tlciv P. ^lal ds — p. 386, 7. dvvdfisi (prius)] 
punctis del. V (cfr. p. 69 not. crit.). 

Euclides, edd. Heiberg et Menge. m. 25 
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a6V(llUtQ0L Slei Zfl flitSrjy dvvdfl6L 8i flOVOV 6Vflll€tQ0lj 

xal kiyovtat naXvv fie6ai Sta tb 6vfifi6tQ0t elvac dv- 
vdfisi v^ f^s6ri Ttal 6vfifistQ0L Jtgog dXXi^lag^ xad^d 
fieeat^ dXXd 6vfifistQ0t JtQog dXX^^Xag ^tOL fiiqKSi driXaSii 
5 Ttal SvvdfiSL rj dvvdfist fiovov. Ttal sl fihv fii^xsij Xi- 
yovtai xal avtav fii6av fii^KSL ^vfifistgoL STCOfidvov tovy 

OXL Xal SwdflSL' Sl S^k SwdflSL flOVOV Sl6l 6Vflfl£tQ0Lj 

XiyovtaL Tcal ovtcog fii6aL SwdfiSL fiovov 6vfifi€tQ0L. 

"OtL 8\ at fii6aL HvfifistQoi sI^lv^ ovtmg Ssmtiov. 

10 ijisl at fiiiSaL fii<Sy tLvl 6vfifistQoi sl6LVy td Sh tS 

avtp evfifistQa Ttal dXXi^XoLg i6tl 6vfifistQa, al aQa 

fii^at 6vfifistQoC sl6Lv, 

9. 
Ad libr. X prop. 27. 

^vo dQLd^fidiv Sod^ivtcav iv koytp bitOLpovv xal 
15 ccllov tLvog Siov JtOLiJ6aL mg tov aQLd^fibv TCQog tbv 
dQLd^fibv ovt(og tovtov TtQog akXov tLvd. 

^E0ta)6av oC Sod^ivtsg Svo dQLd^fiol oC AB^ T^ 
Xbyov ixovtsg JtQbg dkXi^lovg bnoLovovVf alXog di tLg 

6 FE, Sst Jt0L7J6aL tb TtQOXsCflSVOV. 

20 ^AvaysyQd(p^(o yaQ vjtb tciv ^Fy FE naQaXXriXo- 
yQafifiov OQd^oydvLOv tb ^E, xal t^ JE C6ov xagd 
tbv AB naQafisfiXr^^^ca naQallriXoyQafifiov tb BZ 
Ttkdtog noLOvv trjv AZ, iTtsl ovv C6ov i6tl tb ^E 



9. Post SBiiui p. 78, 13 V. 



1. Blfsiv P. 9. oxi — 12. E^fftv] etiam in mg. snp. m. 
rec. B. 10. dai BV. 13 Xi]ynLa\ m. 2 V. 
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mediae longitudine incommensurabiles sont; potentia 
autem tantum eommensurabileS; et rursus mediae uo- 
cantur^ quia mediae commensurabiles sunt potentia^ 
et inter se commensurabiles^ quatenus mediae sunt^ 
commensurabiles autem inter se aut longitudine et 
potentia aut potentia tantum. et si longitudine com- 
mensurabiles sunt; et ipsae mediae longitudine com- 
mensurabiles uocantur^ cum per se sequatur, eas 
potentia quoque commensurabiles esse; sin potentia 
tantum commensurabiles sunt^ sic quoque mediae 
uocantur potentia tantum commensurabiles. 

Medias autem commensurabiles esse^ sic demon- 
strandum: quoniam mediae alicui mediae commensu- 
rabiles sunt; et quae eidem commensurabilia sunt, 
inter se quoque commensurabilia sunt [prop. XII], 
mediae sunt commensurabiles. 

9. 

Ad libr. X prop. 27. 

Lemma. 

Datis duobus numeris in quauis ratione et alio 

quodam numero oportet efficere, ut sit, ut numerus 

ad numerum, ita hic ad aHum quendam. 

Sint j4Bj jTz/ numeri dati rationem quamuis inter 

se habentes, alius autem aliquis FE. oportet efficere, 

quod propositum est. 

describatur enim parallelogram- 

B mum rectangulum jdE= z/jTx FE, 

et spatio /iE aequale rectae AB 

adplicetur parallelogrammum BZ 

latitudinem efficiens AZ. iam 

26* 



E 
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naQalli]l6yQa^^ov ra BZ naQaXXrjXoyQdfiiucDj §6rv 8\ 
avta xal Iffoycivcov , rc5i/ 8h tacov xal i^oycDvimv 
TtaQallrjloyQa^^fov avtcxsTCovd^a^LV at %XavQa\ at nagl 
rag l'6ag ycoviag^ dvdloyov aQa i6tlv wg o AB TCQog 
6 tov F/d^ ovt(og FE TCQog tov AZ' otcsq idat, Sst^ai, 

10. 

Ad libr. X prop. 29. 

Arj^^a slg to xd'\ 

Avo aQcd^ficiv Sod^svtc^v xal sv^slag Ssov 7CoirJ6aL 
G)g tbv dQL&^iov XQog rov dQL^^iov, ovtc^g ro dno tijg 
sv^sCag tstQayc^vov JCQog to dx^ aXXrig tvvog. 

10 "E0ta)0av ot So^svtsg Svo dQid^iiol ot A^ B, avd^sta 
Ss rj r^ xal Siov i6tl jcocrj^aL ro xqoxsliisvov. tcs- 
7C0Li]6d^a) yaQ mg 6 A TCQog rov 5, ^ jT svd^sta Tcgog 
allriv tLvd trjv A^ xal slkrjq^d-c^ tcov jT, ^ [li^rj 
dvdkoyov fi E. ijcsl ovv ietvv ag b A TCQbg rbv 5, 

\h r] r svd^sta TCQbg trjv A^ dkt! ag ii F TCQog rrjv Aj 
ro djcb trjg F TCQbg ro dnb trjg E^ mg aQa 6 A TCQbg 
tbv 5, ro dnb tfig F XQbg tb dicb trig E tstQaycovov. 

11. 

Ad libr. X prop. 31. 

Afjfifia slg ro Aa'. 

Edv ci}6L Svo svd^staL iv Xoyca tLvl^ s6tai cog ii 
20 sv^sta TCQbg trjv svd^staVj ovtcog tb vnb t&v Svo TCQbg 
ro dnb trjg ilaxL^trjg. 

''E6to6av Sfj Svo svd^staL at A^^ BF iv koyo) nvL' 
liyc3y otL i6tlv mg 17 AB TCQbg trjv BF, ovrcjg ro 

10. Post prop. XXIX p. 88, 18 V. 11. Post prop. XXXI 
p. 92, 24 V. 

4. AB] e corr. V. 
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quomam ^E == BZ, et eadem aequiangula sunt, et 
parallelogrammorum aequalium et aequiangulorum 
latera angulos aequales eomprehendentia in eontraria 
proportione sunt [VI, 14], erit ABiFJ — FEiJtZ] 
quod erat demonstrandum. 

10. 
Ad libr. X prop. 29. 

Lemma ad prop. XXIX. 

Datis duobus numeris et reeta oportet effieere, ut 
sit, ut numerus ad numerum, ita quadratum reetae 
ad quadratum alius alicuius rectae. 

Sint duo numeri dati ^, B, recta 
autem F; et oportet efficere, quod 
propositum est. fiat enim J[:B = r:^ 
[prop. VI coroU.], et rectarum F, ^ 
media proportionalis sumatur E [VI, 13]. 
iam quoniam est A : B = F : ^^ 
r:J=r^:E^ [V def. 9], erit A:B = r^:E\ 

11. 
Ad libr. X prop. ^l. 

Lemma ad prop. XXXI. 

Si duae rectae in ratione aliqua sunt, erit ut recta 
ad rectam, ita rectangulum duarum rectarum ad qua- 
dratum minimae. 

Duae igitur rectae AB^ BF in ratione aliqua sint. 
dico, esse AB : BF = AB X BF : BF^. describatur 
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vjto tAv AB^ BF nQog tb ano r^s BF» avaysyQaq^ta 
yoLQ ano r^g BF tetQdymvov tb B^EF^ xal 6vfi- 
nsTtlriQoiad^G) to A^ naQakXviXoyQa^iLov, q^avsQov di^j 
ott iiStlv cog rj AB nQog tfjv BF^ ovtG^g ro AJ 
5 naQaXki^XoyQafifiov nQog to BE naQakkrjkoyQcc^^v. 
TcaC i6ti t6 iibkv AA to vno tmv AB^ BF' t^iq yaQ 
6 BF trj B/1* to 8% BE to ano r^s BF' oag &Qa fi 
AB TtQog trjv BF^ ovtcog to imo tmv AB^ BT TtQog 
ro ano trjg BF' onsQ idsv dst^av. 

12. 
Ad libr. X prop. 32. 
10 Arj^^a slg ro A/J'. 

'Eav (jD6l tQstg svd^stat iv loyp tivi^ i6taL (hg fj 
nQcitrj XQog tr^v tQCtr^v^ ovtong to vtco tfig nQforrig xal 
^iiSrig TtQog to vno trjg fiitsrig Ttal ikaxC^tr^g, 

^E6t(o6av tQstg sv^stai iv Xoyc} tivl aC AB^ BF^ 

15 FA' kiyoa^ oti iatlv cog fi AB TtQbg tfjv jTz/, otrrcog 
ro vnb t&v AB^ BF XQog tb fmb t&v BF^ F^. 

"Hxd^ci) yccQ anb tov A 6r}^sCov tfj AB nQog OQ^^ag 
fj AE, xal xsCed^cD ty BF torj fi AE^ Ttal dia roi; 
E 6rj(isCov ty AA svd^sCa naQakkrikog ijx^f^ f\ EK^ 

20 Slol 8% t(DV 5, jT, 4/ 6rjfLsCc}v tfj AE naQakkrikoi ijX" 
%CD6av at ZBy rs^ ^K. xal insC i6tiv Ag fj AB* 
nQbg tfiv BF^ ovtcjg tb AZ naQakkrjloyQafifiov TtQog 
tb B® naQaklrjloyQafiiiLOVy (og 81 fj BF n^bg tfjv l^z/, 
ovtcog tb B® nQbg ri FKj 8l* t6ov aQa (og fj AB 

25 nQbg trjv Fz/, oi^rca^ ro -^Z naQalXriXoyQafiiiov n^Qog 

12. Post prop. XXXII p. 96, 8 V, mg. m. rec. B. 



3. Post AJ ins. r m. 1 V. 4. AJ]AeTB,Q. V. 7. r^g] 
in ras. V. BF] F e corr. V. 12. ro vno] in raa. V. 
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enim in BF quadratum BJEF^ et 
expleatur parallelogrammum A z/. 
manifestum igitur est; esse 

AB:Br=A^: BE [VI, 1]. 

et est AJ = ABxBr (nam BF^BJ), BE=Br^. 

itaque erit AB : BF = ABX BF: BT^] quod erat 

demonstrandum. 







A 


f E 



12. 
Ad libr. X prop. 32. 

Lemma ad prop. XXXII. 

Si tres rectae in ratione aliqua sunt, erit ut prima 
ad tertiam, ita rectangulum primae ac mediae ad 
rectangulum mediae ac minimae. 

Tres rectae AB^ BF^ Fzf in ratione aliqua sint. 
dico, esse 

AB:rj = ABxBr:Brx F^. 
ducatur enim ab A puncto ad ^^ perpendicularis 
AE, et ponatur AE = Br^ et per E punctum rectae 

AJ parallela ducatur EK, per 
puncta autem B, jT, J rectae AE 
parallelae ducantur Z5, r@, AK, 
et quoniam est AB:Br=AZ:B® 
[VI, 1], et Br:rj = B®:rK [VI, 1], ex aequo erit 



B r 



E 



z & 



K 
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To FK JtaQakkrikoyQafiiiLOv, xai i6tt ro iiev AZ xo 

vnb t6v AB^ BT' t6ri yccQ ij AE r^ Sr to dl FK 

to vTto tSv BF, r^' tari yccQ fi BF trj F®. 

^Eav aQa tQStg co6lv svd^etaL iv koyp tivC^ i6tat 

6 €og fi XQcitrj JiQbg tr^v tQttrjv^ ovtog to vno t^g TtQcitrjg 

xal iisorig TCQog to vno ti]g fii6rig xal tQctrjg' onsQ 

edsL det^ac. 

13. 

Ad libr. X prop. 32 lemina. 

^H xal ort, idv avayQatlfio^sv to EF OQ^oycovvov 
TCaQallrikoyQaiiiiov xal 6vfinlrjQci6c}fi£v to AZ, t6ov 
10 i6tat to EF tp AZ' ixdtsQOv yaQ avtciv SLTcXdavov 
i6tL tov ABF tQtycivov, xaC i6ti to ^sv EF tb vitb 
tmv BF^ -4-^5 1^0 S% AZ tb vnb t&v BA, AF. tb 
aQa vTtb t&v BF^ A/4 t6ov i6tl ta vnb tciv BA^ AF, 

14. 
Ad libr. X prop. 33. 
Arjii^a elg tb ky\ 
15 'Eav svd^sta yQaii(irj t^irjd^ slg avi6ay s6tav (og rj 
svd^sta TtQbg trjv svd^stav, ovtcog tb vitb trjg olrjg xal 
trjg ^sC^ovog TtQbg tb vnb trjg okrjg xal trjg iXdttovog, 
Ev^sta ydQ tig ri AB tstfiii^^c} slg avv6a xatd 
tb E' ksyio^ otv dtg fj AE n^bg tfjv EB^ ovtog tb 
20 vnb tciv BA, AE n^bg tb vnb tmv AB^ BE. 

'AvaysyQdff&c} yccQ dnb trjg AB tstQdyavov ro 
AF/IB^ xal 8td tov E 6rjfisCov onotSQcc tciv AF^ B^ 

13. Inter AT et onsQ p. 98, 16 PBFVb. 14. Post 
prop. XXXIII p. 102, 4 V, mg. m. rec. B. 

3. rj'] J in ras. V. 5. TiQog — 7. der|at] nal s^ijg B. 

8. 7}] om. FV. xa/] xal Tjxrat b. 9. avfinXrjqciaofisv P, 

corr. m. 2. 10. xo] corr. ex. tc5 V. 11. ET] e corr. V. 
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AB:r^ = AZ:rKlY,22l et AZ = ^BxBr{n&,m 

AE = Br), rK = BrxrJ (nam Br=r®). ergo 

si tres rectae iu ratione aliqua sunt; erit ut prima 

ad tertiam^ ita rectangulum primae ac mediae ad 

rectangulum mediae ac tertiae; quod erat demon- 

strandum.^) 

13. 

Ad libr. X prop. .32 lemma. 

Uel etiam quod, si rectangulum EF descripserimus, 
et AZ expleuerimus [u. fig. p. 97], erit ET = AZ\ 
nam utrumque =2ABr \l, 41]. et Er=BrxA^, 
AZ = BA X AT. ergo est 

BTXAA = BAX AR 

14. 

Ad libr. X prop. 33. 

Lemma ad prop. XXXIII. 

Si recta in partes inaequales secatur, erit ut recta 
ad rectam, ita rectangulum totius ac maioris ad rect- 
angulum totius ac minoris. 

Recta enim -^5 in jB in partes inaequales secetur. 
dico, esse 

AE : EB=BAX AE : AB X BE. 

describatur enim in AB quadratum AF/IB, et 

per punctum E alterutri rectarum AF^ B^ paral- 

1) In B in pag. seq. figura est nostrae similis, nisi quod 
litterae A^ E omissae sunt, et pro B est @\ adduntur numeri 
quidam et G%riyi>ci, xov Xrjfifiaxog tqv nQoyQaqtevTog, omnia m. rec. 
in textu prop. 32 (ad xal insi p. 94, 11) signo quodam ad 
hoc lemma reuocamur. 

To] Tc5 b. 12. Tcov] (prius) om. P. to] (sec.) to5 b. 14. 
. stg TO iy'l TtQo Tov xS' postea add. B. 16. ^arai] in ras. V. 
18. Tig rf\ e corr. V m. 2. 
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TcaQcillrikog ijx^(0 17 EZ. ipavBQOv ovv, oxl (og ii JlE 
XQog xiiv EBj ovtcog xo AZ TcaQaXkriXoyQaiifiov XQog 
xo ZB TCaQaXlriXoyQafifiov, xaC i6xv xb (ihv AZ xo 
V7C0 xciv BA, AE' Harj yccQ ^ AF x^ AB' xo dh ZB 
6 xo vxb xciv AB^ BE' t6ri yccQ ri BA xfi AB. mg aQa 
fj AE nQbg xrjv EB, ovxcog xb vnb X(3v BA^ AE 
JCQbg xb VTcb xciv AB^ BE' otcsq iSsi, dst^ai. 

15. 
Ad libr. X prop. 34. 

Arjfiiia. 

^Eav C36L dvo sv&stat avi6oi^ ^f*^*^ ^^ 4 ilaxC(Sxri 

10 avx&v slg t6a^ xb vnb xtSv 8vo svd^siciv 8i7cka6iov 

i6xav xov xrjg (isC^ovog xal xijg fi^vaslag xijg ika%C6trig. 

*'E€x(X)6av 8vo sv^stai avcooi aC AB^ BF^ (dv [isC^cjv 

i0xco ii AB^ xal xsx(ii]6d^cD ij BF 8Cxa xaxa xb A' 

kiyco^ oxL xb vnb xciv AB, BF 8Lnld6i,6v i6xi xov 

15 vnb rc5i/ AB^ BA, 

''Hx^cD yccQ ajcb xov B 6ri(isCov xy BF TCQbg OQd^ag 
il BE^ xal xsC6d^a) xy BA t6ri ij BEy xal xaxa- 
ysyQ(i(p&co xb ^xrjfia, insl ovv i6xiv (og i^ AB TCQog 
xriv AF^ ovxcog xb BZ n^bg xb AH^ 6vv^svxv uQa 

20 G)g ii BF nQbg xr^v AF^ ovtcog xb BH TCQbg xb AH' 
8Lnla6Ccov 8i i6xLv ij BF xrjg AF' 8v7Clci6L0v aQa 
i6xl xal xb BH xov AH, xaC i6xt xb filv BH xb 
vTcb xciv ABy BF' t6ri yccQ ij AB x^ BE' xb 81 
AH xb imb xSv AB^ BA' t6ri yccQ xy filv BA ii ^F^ 

26 xij 8h AB ii AZ' otcsq i8sL 8stJ^aL. 

15. Post prop. XXXIV p. 104, 9 V, mg. m. rec. B (uix 
legi potest). 

4. ZB] BZ B. 5. T&v] om. V. AB] (prius) e corr. V. 
8. Xfjfifia nQoyQaq)6(i£vov B. 19. xijv] om. V. 21. JF] Fd B. 
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lela ducatur EZ. manifestuiu igitur est, 
esse AE:EB = AZ:ZB [VI, 1]. et 
AZ = BAx j4E (nam jir=AB), 
ZB = ABXBE (nam JB = AB). itaque 
erit AE: EB = BAx AE : AB X BE\ 
quod erat demonstrandum. 



A 



B j r 



15. 
Ad libr. X prop. 34. 

Lemma. 

Si sunt duae reetae inaequales^ et minor in partes 
aequales secatur^ rectangulum duarum rectarum duplo 
maius erit rectangulo maioris et dimidiae minoris. 

Sint duae rectae inaequales AB^ 

BFj quarum maior sit AB^ et -BF 

in duas partes aequales secetur in z/. 

dico, esse AB xBr= 2ABxBJ. 
ducatur enim a puncto B ad 

BF perpendicularis BE, et ponatur 
BE = BA, et describatur figura. iam quoniam est 
JB:/ir=BZ:JH [VI, 1], componendo [V, 18] 
erit BF: jr= BH: JH. uerum Br=2^r. itaque 
etiam BH = 2 ^H. et BH = ABxBF (nam 
AB = BE), JH = ABxBA (nam B^=Ar, 
AB = AZ)'j quod erat demonstrandum. 



E Z H 
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16. 
Ad libr. X prop. 36. 

'ExdXs^s dl avtriv ix 8vo ovofidtfov dLcc ro ix 
8vo ^ritcjv avtiiv CvyxslO^^ai xvqiov ovo fia xakmv 
to ^f}t6vj xad^* o ^i^roi/. 

' 17. 
Ad libr. X prop. 37. 

^ExdXe66 8\ avtriv ix 8vo fiaffcov TCQcitriv Sia ro 
5 Qfitbv 7C6Qii%evv xal TCQOtSQetv to ^ritov. 

18. 
Ad libr. X prop. 38. 

^ExdXeOa 8h avtriv ix 8vo (li^ov SevtiQav 8id to 
liiaov %eQvixevv to vn avt&v xal iiii Qr^tov^ 8ev- 
teQevevv d^ to fii^ov rov Qrjtov. otv 8i ro vjro Qrjtijg 
xal dkoyov TceQvexofievov akoyov ictvv^ Sr^Xov. el yaQ 
10 i(Stav Qritov xal jcaQapipiritav jcaQa Qritr^v^ etrj av xal 
ri etiQa avtov TcXevQa Qrjti^. dkXd xal aXoyog* OTceQ 
dtOTCov. to aQa vno Qrjf^g xal dkoyov aXoyov iotvv, 

19. 
Ad libr. X prop. 39. 

^ExdXeOe d^ avtriv fiev^ova 8vd to td dno tcjv AB^ 

Br ^rjtd iie(^ova elvav tov 8lg vno tciv ABy BT 

15 fiieovy xal 8iov elvav dno trjg tAv Qi^tiSv olxevotrjtog 

16. Inter 6vofuit<ov et otcsq p. 108, 15 PBFb. 17. Inter 
TcqcoTTj et OTtsQ p. 110, 8 PBFb. 18. Inter dsvzsQa et otcsq 
p. 114, 2 PBFb, pro scholio V m. 1. 19. Inter (isiloav et 
onsQ p. 114, 22 PBFb, mg. V. 

1. iiidXs6Sv PBF. 2. ^ijtcov] ovofidroDv F. avyTisiad^cct] 
nalsLa&at F (sed corr. mg.). 4. iyidXsasv PBF. 5. TtQco' 



APPENDIX. 397 

16. 
Ad libr. X prop. 36. 

Uocauit autem eam ex duobus nominibus^ quia ex 
duabus rationalibus composita est, proprie rationale, 
quatenus rationale est, nomen uocans. 

17. 

Ad libr. X prop. 37. 

Uocauit autem eam ex duabus mediis primam, 
quia spatium rationale comprehendunt, et rationale 
principatum habet. 

18. 
Ad libr. X prop. 3b. 

Uocauit autem eam ex duabus mediis secundam, 
quia medium comprehendunt rectangulum, et medium 
rationali postponitur. 

Spatium autem rectis rationali et irrationali com- 
prehensum irrationale esse, adparet. nam si rationale 
est et rectae rationali adplicatum est, etiam alterum 
eius latus rationale est [prop. XX]. at idem irratio- 
nale est; quod absurdum est. ergo spatium rectis 
rationali et irrationali comprehensum irrationale est. 

19. 
Ad libr. X prop. 39. 

Uocauit autem eam maiorem, quia rationalia 
^B^ + Br^ maiora sunt medio ^ABxBF^ et 

t^qBvnv F. 6. B%dXBGBv PBF. t6] z6 to FV. 8. di] 
(prius) om. V. 9. iati BV, comp. Fb. 11. nXsvga ocvtov F. 
13. indXsasv PBF. 16. fiiacov PBFb. 
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f^v 6vo(iaiSiav taxxse^^ai» oxi dl fisi^ovd i6xL xcc ano 

x(ov AB^ BFxov 8lg vico xAv AB^ BF^ ovx(og deixxdov. 

OavsQOV fihv ovvy oxi avi€oC elciv aC AB^ BF. 

al yaQ ^6av t6aiy t6a av f^v xal xa ajco xmv AB^ BF 

5 Tc3 8lg VTCO x&v AB^ BF^ xal rjv av xal xo imo xciv 

AB^ BV ^fixov OTtsQ ovx VTCoxsLxai' avi6ot a^a al6lv 

al ABj BF. v7ioxaC6^(o (laC^cov 17 AB^ kal xaC6&c) 

XYi BF l'6i] 7] B/1' xa aQa axo xAv AB^ B/d t6a i6xl 

X(p xa 8lg vnb xAv AB, BA xal xp dno xijg jJA, 

10 t6ri 81 fi ^B xfj BF' xd aga dno x(5v AB^ BF t6a 

i6xl xS xa 8lg vno xcov AB^ BF Tcal xp dno xijg 

A^' S6xa xd dno xmv AB^ BF (laC^ova alvai xov 

8lg vjtb xmv AB^ BF x& dnb /lA. 

20. 
Ad libr. X prop. 40. 

^Pfjxov 8h xal fia6ov 8tyvafiivri xaXalxai avxri 8id 

15 xb Svva^d^at 8vo xc^QCa^ xo (ihv ^rjxbv, xb Sh iii6ov' 

xal 8id xr^v xov ^rjxov TCQovnaQ^iv TCQcixov ixdXa6av. 

21. 
Ad libr. X prop. 41. 

Kakat 8h avxrjv 8vo (ii6a Svva^ivr^v Sid xo 8v- 
va6^ai avxr^v 8vo ^i6a x^Q^^ ^<> "^^ 6vyxaCfiavov ix 
xav ditb xciv AB^ BF xal xb 8lg vnb xciv AB, BF. 



20. Inter dwoc(iivrj et SnBQ p. 116, 18 PBPb, mg. V. 
21. Inter dvvatiivrj et otisq p. 118, 17 PBFVb. 



1. ds] dh Htt/ P. awd] corr. ex vno m. 2 F. 2. ovtm 
BVb. 3, ovv] ovv iariv P. 8. dno] vno V. BJ] corr. 
ex BF V. 9. dno] vno F. ttjs] twv F* om. Bb. JA] 
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oportet nomen a proprietate rationalium dari. esse 
autem^B^ + BF^>2^5x5F, sic demonstrandum est. 

, I , , iam manifestum est, AB^ BF 

A J B r inaequales esse. nam si aequales 
essent, esset etiam AB^ + BT^ = 2ABx BF, et 
^5 X ^jT et ipsum rationale esset; quod contra hypo- 
thesin est. supponatur AB>Br, et ponatur Bzf=Br. 
itaque ^B^ + B^^ = 2 ABx B^ + JA^ [E, 7]. 
uerum J B = BF. itaque 

^B^ + Biy = 2ABxBr+ AJ\ 
ergo AB^ + Bir^ excedit 2ABxBr quadrato z/^l 

20. 
Ad libr. X prop. 40. 

Spatio autem rationali ac medio aequalis quadrata 
uocatur haec, quia quadrata duobus spatiis aequalis 
est, alteri rationali, alteri medio, et propter princi- 
patum rationalis primum hoc nominauit. 

21. 
Ad libr. X prop. 41. 

Uocat autem eam duobus spatiis mediis aequalem 
quadratam, quia duobus spatiis mediis quadrata est 
aequalis, AB^ + BF^ et 2ABxBr [u. fig. p. 119]. 

AJV. 10. dno] vno F. f<ra — 12. AJ]in. 2 V. 11. 
ano\ corr. ex vno m. 2 F. 12. xa] x6 F. BlvaC\ iati BF Vb. 

13. dno] corr. ex vno m. 2 F. JA] t^s JA b et corr. 

ex tmv JA F. 14. qrjtov — avtrj] TtaXsitai dl avtrj? V. 

dvvciaivrjv BFb, et P, corr. m. 2. TiaXsttai avtrj] avtrtv 
nalBL BFb. 16. nfy] xdy V. Post nQmtov add. to frjtov 
BFb, m. rec. P. indXsas V. 17. naXst — dvvapLsvriv] 

om. V. 19. dno T(6t^] om. V. to] tov P. 
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22. 

Ad libr. X deflf. alt. 

*jB| ovv ov6mv t(Sv ovrc^g xaraka^Pavofisvov av- 
d^siSv taxrei ngcitag t^ td^st tQstgy itp^ mv fj ^si^cav 
tijg ikd66ovog fist^ov Svvatai rc5 diio av^iistQOv iavtyj 
dsvtsgag dh tfj td^sv tdg locndg tQstg^ i<p* c5i/ tp aTto 
6 d^v^fistQOV^ dcd ro nQotsQstv to 0v^^stQov tov davfi- 
ILStQOV xal Iti XQcitrjv (isv^ ifp* rjg to fist^ov ovofia 
av^^stQov i6tv tij ixxstiisvri Qflty, SsvtSQav Ss, iq/ 
vig tb ika66ov^ did to ndXiv TCQOtsQstv ro fist^ov tov 
iXd66ovog tp iinnsQiixsiv to iXa66ov^ tQitrjv Ssj fg?' 
10 ^v nriSstsQov tc5v ovo^dtcov ^vii^stQov i6tL t^ ix- 
xsLfisvrj ^fltfj. xal i%l tmv sijig tQiciv o^iOLcag trjv 
7CQ(6triv trjg slQi^iiivrig SsvtiQag td^sog tstdQtrjv xakciv 
xal triv SsvtiQav 7ci(i7Ctriv xal trjv tQLtrjv sxtriv, 

23. 
Ad libr. X prop. 90. 

^'E6tL Sh xal 6iwto^citSQOV Sst^ac trjv svqs6lv tdsv 
15 slQrj^svcov ?| dnotoficiv. xal Srj i6t(o svQstv tr^v 
nQcitrjv, ixxsL6^CD rj ix Svo 6vofidta)v TCQoitrj fj AFj 
rjg fist^ov ovofia ri AB^ xal tfj BF t6ri xsC^d^io f] B/1, 
at AB^ Br ccQa^ tovti6tLv aC AB^ B^^ ^rjtaC s16l 
Swd^SL fiovov 6vfi^stQ0Lj xal f] AB tr]g BF^ tovt- 
20 s6tL tfig BA^ ^st^ov SvvataL tp dno 6vfiiistQ0v savtfj, 

22. Post ?XT17 p. 136, 19 PBFb; mg. V, sed add. ^sCfisvov. 
23. Post dsi^ai p. 274, 15 PBFVb. 



1. ovv] m. 2 F. ovTOD BFb. 3. Ante avfiiisTQov ras. 
1 litt. B. 4. tm] mnt. in to m. rec. P, corr. ex t6 F, rd b. 

5. ccGVfi^itQov] aav(i(istQOv sotvt^ V. davfjLfistQOv'] avfifistQov V. 

6. ytQoatTj B, sed corr. m. 1. 7. dsvtSQOv P, corr. m. rec. 8. 
iXattov Bb, comp. F. 9. ^XattovogBh, comp. F. tc5] e corr. V. 
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22. 

Ad libr. X deflf. alt. 

Cum igitur rectae ita inuentae sex sint, ordine 
primas tres ponit, in quibus maior quadrata minorem 
excedit quadrato rectae sibi commensurabilis, secundas 
autem ordine tres reliquas, in quibus quadrato rectae 
sibi incommensurabilis excedit, quia commensurabile 
antecedit incommensurabile; et praeterea primam, in 
qua maius nomen rationali propositae commensu- 
rabile est, secundam autem, in qua minus, quia rursus 
maius antecedit minus, quia minus comprehendit; 
tertiam autem, in qua-neutrum nomen rationali pro- 
positae commensurabile est. et in sequentibus tribus 
similiter, primam secundae classis, quam nominauimus, 
quartam uocans, secundam quintam, tertiam sextam. 

23. 
Ad libr. X prop. 90. 

Licet autem breuius quoque inuentionem sex apo- 
tomarum, quas diximus, demonstrare. sit enim pro- 

, , , , positum primam inuenire. ponatur AF 

A d B r j.ecta ex duobus nominibus prima, cuius 
maius nomen sit AB^ et ponatur B^ = Br. itaque 
ABy J5F, hoc est AB, B^d, rationales sunt potentia 
tantum commensurabiles [prop. XXXVI], et AB^ 
excedit BF^, hoc est B/fi, quadrato rectae sibi com- 
mensurabilis, et AB rationali propositae commensu- 

10. iatt avfi(i8tQ0v BFb. 11. inn corr. ex iTCsC V. 14. 
qa BVb. iativ B. 8VQ7jai.v FV? 15. ?|] om. b. 

16. ri] (prius) om. PV. 17. iHHsiad^at V. 18. 8iai.v B. 

Enclides, edd. Heiberg et Menge. m. ^^ 
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xal ri AB av^^szQog ioti ry ixxsL^evrj Qrity (i7]xar 
asroro/x^ &Qa TCQcirri iotlv ii A^, o^oicog dri xal rag 
XoLTCag aTCOTOfjLag svQri6o^sv iTcd^i^avoL tag ioaQid^iiovg 
ix dvo ovo^dtov* otcsq Sdst dst^at, 

24. 
Ad libr. X prop. 115. 
6 ^Akkiog. 

"Eato ^iarj rj AF' kiyo^ or^ ano r^g AF ansLQoi 
aXoyoL yiyvovtavy xal ovSsfiia ovSsfica tAv jCQOtSQOv 
rj avtiq, 

"Hx^o tij Ar TCQog OQd^ag rj AB, xal Sat(o Qritrj 

10 fj ABy Tcal aviiTCSTckriQciad^G) to BF' akoyov &Qa iatl 
ro BF, xal ^ Svvafiivrj avto akoyog iativ. SvvaCd^a 
avto ri r^d' akoyog aQa iotlv ^ F^. xal ovSs(iia 
t(3v TCQCtsQOV fi aiytri' to yccQ ai^ ovSs^iag t&v tcqo- 
tSQOv TcaQcc Qrjtriv TcaQapakkofisvov nkatog noist iis6rjv. 

15 Tcdkiv OvfiTCSTckriQciad^a) tb EA* akoyov aQa iatl ro 
E^^ xal ri Swa^ivri avto akoyog iativ. Swdad^o} 
avto ri AZ' dkoyog aQa iotlv fi AZ. xal ovSsina t&v 
TCQotSQOv fi avtri' to yccQ dic ovSs^idg tm» iCQotSQOV 
naQa ^ritfjv TcaQafiakkoiisvov nkdtog noist tfiv Pz/. 

20 ^Ano ^iorig ccQa ansiQOL dkoyoL yivovtaL^ xal ov- 
Ss^ia ovSs^La tciv nQotsQov ij avti^ iativ' onsQ iSst 
Sst^aL. 



24. Post dsitcct p. 370, 23 PBFVb. 



3. itid' siisvoi] V e corr. P. rag] om. V. slaaQid^fiovg B. 

4. oTtSQ kosi Ssi^ai] om. BFVb, comp. P. 7. yivovxoii V. 

ovdfiftta] om. PF V. 8. ^] kaxiv ^ B. 10. aXoyovJ^ in 

ras. (p. dXoyov — 11. JBF] mg. m. 1 P. 11. lcxi PfiV, 
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rabilis est [deflf. alt. 1]. ergo A^ apotome est prima. 
similiter igitur reliquas quoque apotomas inueniemus 
expositis rectis ex duobus nominibus eiusdem numeri; 
quod erat demonstrandum. 

24. 

Ad libr. X prop. 115. 

Aliter. 

Sit AF media. dico, ab AF irrationales infinitas 
numero oriri, et nuUam uUi priorum similem esse. 

Ducatur AB ad AF perpendicularis, et rationalis 
sit AB, et expleatur BF. itaque EF irrationale est 
[prop. XX], et recta ei aequalis quadrata irrationalis 
A T d Z est. sit TA^ = ET. itaque T/l 

irrationalis est. nec uUi priorum si- 
milis est. neque enim uUiuspriorum 
quadratum rectae rationali ad- 
plicatum latitudinem efficit mediam. rursus expleatur 
E/1, itaque E^d irrationale est [prop. XX], et recta 
ei aequalis quadrata irrationalis est. sit jd7} = E^, 
itaque AZ irrationalis est. nec ulli priorum similis est. 
neque enim uUius priorum quadratum rationali ad- 
plicatum latitudinem efficit TA. 

Ergo a media irrationales numero infinitae oriuntur, 
et nuUa ulli priorum similis est; quod erat demon- 
strandum. 

comp. Fb. 16. l<ixiv\ comp. Fb, Igz% PBV. 20. aito v^g 
Bb, TTlg add. m. 2 F. yfyvovtai B. ovSs(ilcc] om. PFVb. 
21. ovSsfiCav (f. ioTiv onsg k'8sL Ssi^at] om. BFb. 
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25. 

'H rfj iXaCOovi 6v^^6tQ0s iXdaaov iazCv. 
"E^TO iXdeOcov ri A, xal xfi A 6v^fi6tQog [iatG)] 
7} B' XsyG)^ oti fi B ika60(ov i6tLV. 

KsL^d-o Qtitrj ri F^d xal to ajco tijs A t6ov jcaQa 
5 triv Fjd naQa^6^Xri6^o ro FE nkatog noiovv tr^v 
rZ' aTCOto^ri aga i6tl t^agtri rj FZ, rc5 dh anb trjg 
B [60V Tcaga trjv ZE naQa^6^Xri6^o tb ZH ickdtos 
Ttoiovv trjv Z®, inel ovv 6v(i^6tQ6g i6tLV fj A tij B^ 
6viiLiiL6tQ0v aQa i6tl xal tb dicb t^g A to dicb trig B, 

10 dXXa tA filv djcb trig A t6ov i6tl tb FE, tm Si 
dnb tr]g B l'6ov i6tl tb ZH' 6V(i^6tQ0v aga i6tl 
tb FE t^ ZH. (og dh tb FE Tcgbg ro Zif, ovtoog 
i6tlv rj rZ TCQog tr^v Z&' 6Vfifi6tQog aQa i6tlv 
rj rz tfj Z® in^7C6i. dxbtoiii] di i6tL t6tdQtri ^ FZ' 

15 dnoto^ri aga i6tl xal rj ZS t6tdQtr]' tb HZ aQa 
n6Qii%6tai vnb Qrjf^g trjg ZE xal dnotofirjg tstaQtrjg 
trjg Z&. idv di %(oqCov iC6Qii%ritav vicb ^rjtijg xal 
dnoto^rjg t^tdQtrjg, r tb x(oqCov Swafiivrj iXd66(ov 
i6tCv, Svvatai Sh tb ZH rj B' ikd66(0v &Qa iatlv 

20 fi B. 07C6Q SS61 S^r^ai. 

25. Alia demonstr. prop. 105, post nr. 24 PFV, mg. m. 
1 b, m. 2 B, in V etiam ad prop. 106 mg. m. 1 (Vj). 



1. &XX(Dg ro 9?' V,, ^tj' b, qli]* B; qis' F, qi^' m, 2. 

ildTttov F. 2. iXdtxtov F. ^atct)] om. PV. 3. iarC P, 
comp. V, et postea ins. qp. 4. inTisCa&at BbVj. ^rjzri 17 
rj'\ yoLQ 71 rj (ritii BVg, 17 rj ^ritri b, ^ FJ F. A} J tp. 

6. Tco] To PB. 7. Post ZE add. FJ P, et V, sed del. 8. 
tij B] corr. ex BHB m. 1 V. 9. iatC] om. BFbV^. to51 
cbrr. ex To B, mut. in to Vj. 10. iatCv P, om. y\, Tdj 
TflS Vj et B, sed corr. 11. iatCJ om. BFbVj. ro'] corr. 
ex t6 Vj. ZJf] in ras. m. 1 P. 13. iatCv] om, FVj. 

rz] in ras. m. 1 P. iatCv] om. Vj. 14. ^ TZ] postea 
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25. 

Becta minori commensurabilis minor est. 
Sit minor ji, et rectae A commensurabilis B. dico, 
B minorem esse. 

ponatur F^ rationalis, et quadrato A^ aequale 
rectae F^ adplicetur FE latitudinem efficiens FZ. 
r Z @ itaque FZ apotome est quarta 
[prop. C]. et quadrato B^ aequale 
rectae ZE adplicetur ZH latitudinem 
efficiens Z0. iam quoniam A, B 
H commensurabiles sunt, etiam A^, B^ 
commensurabilia sunt. est autem P£?=-^^, ZH=>B^. 
itaque FE^ ZH commensurabilia sunt. est autem 
rE:ZH=rZ:Z®. itaque TZ, Z ® longitudine com- 
mensurabiles sunt [prop.. XI]. FZ autem apotome 
est quarta. itaque etiam Z® apotome est quarta 
[prop. Cni]. itaque HZ rationali ZE et apotome 
quarta Z0 comprehenditur. sin spatium recta rationali 
et apotome quarta comprehenditur, recta spatio ae- 
qualis quadrata minor est [prop. XCIV]. et B^ = ZH. 
ergo B minor est; quod erat demonstrandum. 




add. Va. 15. iar^] iaxCv P. Z0] 0Z P. ro HZ — 16. 
ZE] mg. m. 2 B, (tjtti dl 17 ZE Bb, QTjTri gritri Sl rj ZE F. 
18. iXdtTcav B. 19. iatC PVV,, comp. BFb. iXoiaaaiv 
— 20. dsi^ai] om. F. 19. aQo] om. P. 20. onsg ^dsi dstjat] 
comp. P, om. BbVj. In b add. latiovy ott ^ tovtov rov d^soo- 
grjficctog ngotaaig 17 avtri iati tfj tov q^' , o&sv xal iv toig 
iaoD naQaXsXsintai, v dh HatayQa^pri xal to ay^fia ov ta avtd 
slaiv ysyQantai 8\ iv aXXtp nal Qit\ Sio xal rjfistg tovto naQa- 
ts&sinafisv. 
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26. 

^H xri iLBta ^Tjtov ^s6ov rd oXov jtOLovCrj 
6v^^£rQog (lercc Qtjrov fLS6ov ro oXov 7toiov6d 
i6riv, 

"E6r€0 iiBra ^rjrov (ii6ov ro oAov 7totov6a rj A^ 
6 6v^^BrQ0s Sb avrfj ^ B' kiyio^ ori ij B /xfra ^rjrov 
(id6ov To oXov %0L0v6a i6riv, 

^ExxBL^d^oi ^rjrri rj Fjd^ xal rS (ibv djto r^g A l'6ov 
Tcagd rrjv Fjd itaQa^B^Xri^d^ao ro FE Tckdrog notovv 
rrjv rZ' aTCoro^i aQa i6rl Tci^mrj ^ FZ. r^ Ss djcb 

10 rrjg B i'6ov icaQa rrjv ZE TtaQa^e^kri^d^Gi rb ZH nXdrog 
Tcoiovv rrjv Z®. ijtsl ovv ^v^iisrgog i6riv ^ A rfj B, 
^v^fisrQov i6rv xal rb dnb rrjg A rp djtb rijg B. dXkd 
ra ^hv djto rfjg A t6ov rb FE^ rw 8% ditb r^g B 
i'6ov rb ZH' 6viiiiLsrQov UQa i6rl rb FE r^ ZH' 

15 6vii^srQog ccQa xal fj FZ rrj ZS iii^xsi. dTtorofirl dh 
TtiiiTtri^ rj rZ' djtorofiri aQa i6rl jtifiJtrrj xal fj Z®. 
^rjrrj 81 ri ZE' idv 8% xdQiov 7tSQLi%rjftai vnb ^rjrrjg 
xal ajroro/Lt^S ni^Ttrrjg, rj rb %fOQlov 8waiiivri ^isrd 
^rjrov ^i6ov ro oXov itoiov6d i6riv. Svvarai Si rb 

20 ZH rj B' rj B aQa fj ^srd ^rjrov (ii6ov ro okov TtOL- 
ov6d i6riv' oTtsQ i8sc 8st^av. 

26. Alia demonstr. prop. 106, post nr. 26 PFV, mg. m. 
1 b, m. 2 B, in V etiam ad prop. 106 mg. m. 1 (Vj). 

1. aXltog To ^J' Vj, ^tij' Pb, oi^' B. ^ — 3. iartv] 
om. Vg. 2. Ante (istd add. x«l avxi^ m. 2 F, xal avxri ^ b, 
71 F. 4. k'at(o ri BFbVj. 6. %al zjj A avfiiistQog ^ B V-. 

Xiyoj — 6. iativ] mg. Vg. 6. ^ JB] aupra scr. m. 1 P. 

9. iat£v P. nsfintri iatCv F. 12. B\ BJ q). 13. FE] 
corr. ex ZE V, ZE b. 15. naQ iatl %a£ Vj. Z&J corr. ex 
re V, r® P. 16. nsfintri] (pnus) om. b. 17] iatlv 7} bV». 

17. ^Titov P. §ritri dh rj ZE] ora. V,. 19. iati VbV,, 
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26. 

Becta rectae cum rationali totum medium efficienti 
commensurabilis cum rationali totum medium effi- 
ciens est. 

Sit A recta cum rationali totum medium efficienS; 
ei autem commensurabilis B. dico, B rectam esse cum 
rationali totum medium efficientem. 

ponatur rationalis F^, et quadrato A^ aequale 
rectae F^ adplicetur FE latitudinem efficiens FZ. 

itaque FZ apotome est quinta 
[prop. CI]. quadrato autem B^ 
aequale rectae ZE adplicetur ZH 
latitudinem efficiens Z @. iam 
quoniam ^, B commensurabiles 
sunty etiam A^, B^ commensurabilia sunt. est autem 
FE = A^^ ZH = B^. itaque rE^ ZH commensura- 
bilia sunt. quare etiam FZj Z& longitudine commen- 
surabiles sunt [VI, 1 ; prop. XI]. FZ autem apotome 
est quinta. itaque etiam Z& apotome est quinta 
[prop. CIII]; ZE autem rationalis est. sin spatium 
recta rationali et apotome quinta comprehenditur, recta 
spatio aequalis quadrata recta est cum rationali totum 
medium efficiens [prop. XCV]. est autem B^ = ZH. 
ergo B recta est cum rationali totum medium efficiens; 
quod erat demonstrandum. 

comp. BF. *«] om. V. 20. rjf] (tert.) PVVj, om. BFb. 
21. iauv] supra scr. V,. onsQ iSsi. Ssiiui] comp. P, om. 
BFbV,. In b add. m. 1: maccvtag xofl tovtov tov d^satQ-^^ficttog 
ri nqotaatg 17 uvtiQ iatv tij tov Qt\ ov (iriv ^ *atttyQct(prj xal 
to ar^fia inslvm ta avtd siaiv, ^ati dl iv itiqca nal Qt7i\ dio 
%al rjfiiv naQayiyQantai. slta to ^vdov qi^* iv STis^vtp iatl Qtd'' 
9(al s^rjg Ta Xotnd, 
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27. 

nQ0XBv6^(o Tj^tv det^atj ort inl rc5i/ xsrQa- 
yoivov 6xriiiidr(ov d^v^^erQos ioriv ij SidubS' 
rQos tfi TtkevQa /Kifxf^. 

"E6r(o rsxQaycDvov ro ABF^^ dicc^stQog dh avrov 

b ii AT' XeycOj ori ii FA dov^^srQog iori, rjj AB fi^^xsL. 

Ei yaQ Svvarov^ l6r(X} 6v(i(isrQog' ksycOy ort 0v(i- 

PrjOsrac rov avtov dQtd^fiov aQriov slvat xal nsQt(S66v, 

(pavsQov filv ovv^ on ro dito rr^g AF 8inXa6iov rov 

ditb rijg AB, xal insl OvfifisrQog i6rvv ri FA r^ AB^ 

10 ri FA aQa ^Qog triv AB koyov i%si^ ov dQid^^og TtQog 
dQi^^ov. i%sr(o^ ov 6 EZ JtQog H^ xal i6r(o6av ol 
EZ^ H ikd%L6roL rAv rbv avrbv koyov i%6vrcov avrotg' 
ovx aQa [Aovdg i6rlv b EZ. si yccQ i6rai fiovdg 6 
EZy i%si 8\ k6yov itQbg rbv if, ov i%sv rj AF TtQbg 

15 rijv AB^ xal fisi^cov ij AF r^g AB^ (isi^Giv aQa xal 
il EZ roi) H dQvd^^ov' onsQ aroTtov. ovx aQa fiovdg 
i6riv EZ' dQi^^bg aQa, xal insi i^rvv dtg ^ FA 
TtQbg rrjv AB^ ovrcDg 6 EZ TtQbg rbv H^ xal (og ccQa 
rb ditb rrig FA TtQog ro dnb rijg AB^ ovrcog 6 dnb 

20 toH EZ TtQbg rbv dnb rotJ H 8i7tXd6iov Sh rb anb 
rrig FA roi; dnb r^g AB' 8inka6icov aQa xal 6 djtb 
rov EZ roiJ dnb roi; H' ccQriog aQa i6rlv b dnb rov 
EZ' S6rs xal avrbg 6 EZ aQri6g i6rtv. si yaQ r^v 
JtSQi666gj xal diC avrov rsrQdycovog itSQi66bg r^v^ 

Post. nr. 26 PBFVb. 



Qii' b, ^x' B; Qi^' corr. in qiQ'' m. 2 F. 1. ort] m. 2 B. 

2. cuyiitBXQO^ F, corr. m. 2. 6. iTA] AF FY. avfifiBrgog 

F, corr. m. 2. 7. nsQLztov V. 8. iati xov Bb, iaxi add. 

m. 2 F. 9. xrig\ corr. ex. xov m. 1 b. F^] AF ¥. 10. 

FA^ in ras. V, AF ¥. a^a] om. V. 11. ov] in ras. B. 
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27. 

Propositum sit nobis demonstrare, in figuris qua- 
dratis diametrum latusque longitudine incommensura- 
bilia esse. 

Sit ABFjd quadratum, diametrus autem eius udF. 
dico, FAj AB longitudine incommensurabiles esse. 

nam si fieri potest, commensurabiles sint. dieo, 
fore, ut idem numerus et par et impar sit. manifestum 
igitur, esse AF^ = 2AB^ [I, 47]. et quoniam FA^ 
AB commensurabiles sunt, FA : AB rationem habet, 

Z-r quam numerus ad numerum 

[prop. VI]. sit 

H\ I rA:AB = EZ: H, 

et EZ, H minimi sint eorum, 
qui eandem rationem habent 
[cfr. VII, 33]. itaque EZ unitas non est. si enim 
est unitas, et EZ:H= AF^AB^ et Ar>AB, erit 
etiam EZ>Hy unitas numero [V, 14]; quod absurdum 
est. quare EZ unitas non est. ergo numerus est. 
et quoniam est FA : A B = EZ : H, erit etiam 
rA^:AB^ = EZ^:W [VI, 20 coroll.; VIII, 11]. 
uerum FA^ = 2 AB^. itaque etiam EZ^ = 2 H^. quare 
EZ^ par est. itaque etiam ipse EZ par est. nam 
si impar esset, etiam quadratum eius impar esset, 

EZ] E in ras. m. 1 P. rov if BFb. 12. H] om. b. 

14. ^%Bi df] xal ^xBi BFb. nqoq] (prius) comp. corr. ex 
comp. yiai m. 1 F. 16. Post EZ add. yi^ovag Bb, m. rec. V. 

17. kexLv^ (prius) m. 2 F. FA^ AT B. 18. x6v'\ o in 

ras. B. 19. FA] F in ras. V. -^^L ^ ^ ras. m. 1 P. 21. 
Trjg] xov PFV. ano r^s] m. rec. v. XT\q\ xov P. di- 
nXaciov P, SmXdaiog V. 6] x6 Fb. 22. tov] (primum) 
xriq F. 23. rnaxB'] -b e corr. V. 24. ^v] av riv V. 
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iTceiS^^TteQj iccv 7tSQi06ol aQi^^ol OTto^oiovv ^vvtsd^mecVy 
ro dl Tckrjd^og avrav TtsQiCOov rjy 6 okog 7tsQi0(s6g i6tcv' 
b EZ aQu aQtiog i6tiv, tst^riod^ci} Sl%a xata to 0. 
xal insl oC EZ, H ikaxi6toC s16l tc5v tbv avrov koyov 
6 i%6vt(ov [avtolgly TtQAtoi itQog aXXr^Xovg si6iv. xal 
EZ aQtiog' nsQi60og ccQa i6tlv 6 H, sl yccQ riv 
aQtiog^ tovg EZ^ H Svag i^stQsr itag yaQ aQtiog 
ixsi (iSQog 7]^i6v' TtQcitovg ovtag TtQog akki^Xovg' onsQ 
i6tlv aSvvatov, ovx aQa aQti6g i6tiv 6 H' nsQL6cbg 

10 aQa, xal ijtsl Si%kd6Log 6 EZ tov E®, tstQankdctog 
aQa 6 dnb EZ tov dxb E®. Si7tkd6tog 8h 6 dnb tov 
EZ rov ditb tov H' Si7tXd6iog aQa 6 dicb tov H xov 
dnb E®' aQtiog aQa i6tlv b ditb tov H, aQtcog &Qa 
Sid td siQTi^iva 6 H* dkkd xal 7CSQi666g' otcsq iotlv 

16 dSvvatov, ovx ccQa ^vii^stQog i6tiv 17 FA tfj AB 
^Yixsi' 07CSQ iSsL Ssli,aL, 

^jiXkcag. 

[jdstxtsov xal itSQog^ otv d^vfifistQ^g i6tcv ri tov 
tstQayoivov ScdfistQog tfj TcXsvQa], 

20 "E^tGi dvtl [ilv t^g Sca^itQOV ^ A, dvtl Ss rijs 
nXsvQag rj B' kiyco^ otc d6v(jL^stQ6g i6tLV rj A tfj B 
^rjxsL. si yaQ Swat6v^ i^tca [6v^(istQog' xal ysyovitaji] 
TcdkLv hg i] A JCQbg tr^v B, ovtcog EZ dQLd^fibg TtQog 
tbv Hj xal i6tcD6av ikd%L6toL tAv tbv avtbv X6yov 

26 ixovtov avtotg ol EZy H* ol EZ, H aQa TtQatoc TtQbg 



1. avvts&mai PPV. 2. 6] om. B, nal 6 FV. 3. iaxiv] 

comp. Fb, iati PBV. ®] e corr. B. 4. H d(ft»(ioi BFb. 

5. ccvTOLg] om. P. sCai PVb, comp. F. Ttai] nai iaziv 

BFb. 7. fistQBL F^ corr. m. 2; ccv ifiitQSi bene edd. 10. 

dinXccaiog] Si,nXccai.6g iaxiv F, dmXccaimv iativ Bb. 11. dn6] 
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quoniam, si numeri impares eomponuntur, et multitudo 
eorum impar est, totus impar est [IX, 23]. ergo EZ 
par est. in @ in duas partes aequales secetur. et 
quoniam EZ, H minimi sunt eorum, qui eandem ra- 
tionem habent, inter se primi sunt [VII, 21]. et EZ 
par est. itaque H impar est. *nam si par esset, binas 
numeros EZ, H metiretur (omnis enim numerus par 
partem dimidiam habet [VII def. 6]), qui inter se 
primi sunt; quod fieri non potest. ergo H par non 
est. impar igitur est. et quoniam EZ = 2 E@, erit 
[Vm, 11] EZ^ = 4:E®\ est autem EZ^ = 2 H\ 
itaque H^ — 2 E&^. quare W par est. itaque propter 
ea, quae diximus [p. 408, 23 sq.], H par est at idem 
impar est; quod fieri non potest. ergo FA^ AB lon- 
gitudine commensurabiles non sunt; quod erat demon- 
strandum. 

Aliter. 

Sit pro diametro A^ pro latere autem B. dico, 
A Qi B longitudine ineommensurabiles esse. nam si 
fieri potest, sit rursus ut AiB, ita numerus EZ ad H 
[cfr. prop. VI], et EZ, H minimi sint eorum, qui 
eandem rationem habent [cfr. VII, 33]. itaque EZ, H 
primi sunt inter se [VII, 2J.]. primum dico, H unitatem 



m. 2 P. EZ] tov EZ Bb, m. 2 P. EG] xov E0 Bbgj. 

12. H] (prius) H Tih. 13. E0] 0E in ras. V, zov E& 
BPb. 14. kaxCv'] om. V. ^ 15. r^l in ras. V, supra scr. 
z/ b. 16. Post ftijxst add. dav(i(iBtQog aqcc {&qu m. 2 P) BPb. 

onsQ idsi Sst^ai] comp. P, om. b, o^ if^ B. 17. aXXcog] 
om. BPVb, Qii' mg. P. 18. Ssmrsov — 19. nXsvQa] om. P, 
mg. y. 20. ^atat y(XQ BPb. 22. avfiiistQog' x«l ysyovsta)] 
om. PV, m. 2 Pr 26. avtoig] om. Pb, m. 2 B. ot] (prius) 
e corr. V. nQmtoi] supra scr. m. 1 P. 
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cikki^Xovg 6l0LV. ksy(o TtQmtov^ ort 6 H ovx i6ti yLOvdQ. 
al yccQ dwatov, i6t(o ^ovdg. xal ineC ietiv c)g ii A 
TCQog tiiv J5, ovtog b EZ JCQog tov H^ xal mg ccQa 
ro dno tijg A itQog ro dno trjg B^ ovtog 6 djco tov 
h EZ ytQog tbv dicb rov H. Smkdeiov 8\ tb dnb tijg 
A tov djcb tr^g B' Siickdecog ccQa xal 6 dnb tov EZ 
tov dxb rov H, xai i6tL (lovdg 6 H' dvdg aQa 6 
dnb EZ tstQayoivog' otcsq i6tlv ddvvatov. ovx &Qa 
^ovdg i6tiv 6 H' dQi^fibg aQa. xal ijcsC i6tLv (hg 

10 ro dnb tijg A iCQbg tb d%b tijg J5, ovtcog 6 dTcb EZ 
ycQbg tbv dnb tov H^ xal dvdjcaXiv (hg tb dnb tijg 
B TCQbg ro djcb tijg Aj ovtcog 6 dnb rov H XQbg tbv 
aTcb tov EZ^ iistQsl 8s ro dicb ti]g B tb dicb tijg A, 
listQsZ aQa xal 6 dxb rov H tstQdyovog tbv dTcb roiJ 

15 EZ' &6ts xal ^ TcXsvQa avtij 6 H tbv EZ fistQst. 
fistQsi Ss xal savtbv b H' b H aQa tovg EZ^ H 
fiSTQst TCQcitovg ovtag iCQbg dXki^kovg' otcsq i6tlv 
ddvvatov, ovx ccQa ^v^^stQog i6tiv ii A tij B in^xsc 
d6v^^stQog aQa i6tiv' otcsq idsc dst^ai, 

28. 
20 UxbkLOv. 

EvQfj^svaiv dij t&v (irixsL d6v(i^stQOv svd^SLciv, 

(og tov A^ B, svQi6xstaL xal akXa nXst6ta [isysd'i] ix 

8vo SLa6td6sov, kiyo d^ ininsSa^ d^vnfistQa dkXi^koLg. 

iccv yaQ tov A^ B svd^SLov ^s6i]v dvdXoyov kd^oiisv 

25 triv P, i6taL og ii A n^bg t^v jB, ovtog tb dnb rijg 



28. Post. nr. 27 PBFVb. 



1. stai FYh, comp. F. oxt" nqmxov b. 3. 6] ^ F. 
xov] triv Fb. 4. ro] 6 P. td] xov P. tov] r^g PV. 
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E- j non esse. nam si fieri potest, sit 
^l unitas. et quoniam est -^^ : J5 = EZ : H, 
erit etiam A^.B^ ^ EZ^iH^ [VI, 20 
corolL; VIII, 11]. uerum A^ = 2B^ 
[I, 47]. itaque etiam EZ^ = 2H\ et 
H unitas est itaque numerus qua- 
dratus EZ^ binas est; quod fieri non potest. quare 
H unitas non est; ergo numerus est. et quoniam est 
A^:B^ = EZ^:H\ et e contrario [V, 7 coroU.] 
B^:A^ = H^: EZ\ et B^ metitur A^, etiam W metitur 
EZ^. quare etiam latus ipsum H numerum EZ me- 
titur. uerum H etiam se ipsum metitur. itaque H 
numeros EZ^ H metitur inter se primos; quod fieri 
non potest. quare A, B longitudine commensurabiles 
non sunt. ergo incommensurabiles sunt; quod erat 
demonstrandum. 

28. 
Scholium. 

Inuentis igitur rectis longitudine incommensura- 
bilibus, uelut A, B, etiam plurimae aliae magnitudines 
duarum dimensionum, scilicet planae, inter se incom- 
mensurabiles inueniuntur. nam si inter rectas A^ B 
mediam proportionalem sumpserimus F, erit ut A:By 
ita figura plana in A descripta ad figuram in F si- 

6. SiitXaaiov P. 7. 6 aico] kaxiv 6 Fb, kaxiv 6 ano zov B. 

10. ro] (prius) supra m. 1 V. dno] (tert.) om. BFb. 11. 
ccTto zov] om. BFb. 13. rd] (alt.) corr. ex t6 m. 1 P. 14. 
6] t6 F. 16. avTTJg B. 18. ri A] e corr. V. 19. iazM 
om. BFb. onsQ ^Sst dst^ai.] comp. P, om. BFb. 20. axoXiov] 
om. FVb (in fig. ^tij' F), pxa' B. 22. svg^aMVTUi B (corr. 
m. 2) Pb. 23. tfij] dij Srt P. inlnsSov P. avi^iksx^a B, 
sed corr. 24. svQ-smv] om. BP. 
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A inijcedov TCQog ro ccTtb rijg F ro ofioiov xal ofioimg 
avaygaipo^vov, ehe xerQayaova eHrj xa dvayQa(p6(ieva 
ehe ereQa evd^vyQaiifia o/Kotcr ehe xvxXol Tcegl dLa- 
lnixQOvg tag A^ P, ineiTceQ ol xvxkoi itQog aXkrjkovg 
5 elelv (og ta ano ttSv dta^itQcov terQaycova. evQrivtat 
ccQa xal iniTteda xcoQia d6v(iiietQa dkki^kotg' OTceQ 
eSec det^ac, 

AeSeLy^ivcav Sri xal tciv ix Svo Sta6td6eGiv Sca- 
(fOQOv deviifiitQCiv xcoQiav Sei^o^ev totg dnb tijg rcoi/ 

10 6teQec5v d^ecoQiag, dtg S0tL xal 6teQed ^vfiiietQd te xal 
d6t^lietQa dXXrjkoLg. idv yaQ inl tAv dicb t(3v A^ B 
tetQaycivcDv ^ r(5v l!6cov avtotg evd^vyQd^fiajv dva6tri' 
6c}^ev i6ov^ij 6teQed itaQakkriXeniTteSa ^ TCVQafiiSag 
ij 7CQi6fiata^ i6taL td dva^tad^ivta JCQbg akkriXa (hg at 

15 pd^eig. xal el ^ibkv 6vfifietQoi el6iv at pd6etg, 6vfi- 
fietQa i6taL xal td 6teQed^ el S\ d^viifietQOL^ d^vfi- 
fietQa. OTceQ eSei Seti^ai. 

^Akkd firiv xal Svo xvxkov ovtov tov Aj B idv 
dic avtcav i6ovil;etg xoivovg rj xvkivSQOvg dvayQdtl^ofieVy 

20 i6ovtat JCQog dkki^kovg og al pd^evg^ tovti6tiv og ot 
A^ B xvxkoc. xal el filv 6vfifietQoi el6iv ot xvxkoLj 
6vfilietQ0i i6ovtai xal ov te xc5vol TtQbg dkki^kovg xal 



1. ^nlitBdov^l sl$og BFb. xijg] om. P. ncci] ts %a£ V. 
2. avayByqa^nLBVOv BF, mg. b. dvaysyQafi(iiva BF b. 3. shs'] 
(prius) si^ts %al P. 4. insl ydg, supra scr. ns(f m. 1 F. Mg. fiad^i^arj 
rovTO iv x^ p' tov t|3' iv totg atsQSotg m. rec. B. 6. onsg 
k'd6t dst^ai] if^ BFb, et P, sed supra scr. m. 1 comp. 8. 
Qn^' B. 9. %(OQCmv davfifistQa)v B. rorg] iv toig Vb. 11. 
dno tmv\ om. F. 12. dvaatriao} V, deinde supra scr. avzotg 
m. 1. 13. laovtpri] l- in ras. m. 1 B. taoviprj atsgsd nagaX- 
XriXsninsSa] mg. V, in textu del. taovilfij yQafifidg ij naQaXXTjX' 
snCnsSa. nuQaXXriXosnCnsda F, naQaXXriXa inCnsda b. ^] e 
corr. F; olov^ supra scr. ^ m. 1 b. 14. cog] postea ins. m. 
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milem et similiter deseriptam [VI, 19 coroll.], siue 
quadrata sunt figurae descriptae siue aliae rectilineae 
A r B similes siue circuli circum diametros A, F, 
quoniam circuli eam inter se rationem habent, 
quam quadrata diametrorum [XII, 2]. ergo 
etiam plana spatia inter se incommensu- 
rabilia inuenta sunt; quod erat demon> 
strandum. 

Inuentis iam spatiis quoque diuersis duarum 
dimensionum incommensurabilibus per ea, quae ad 
theoriam solidorum pertinent, demonstrabimus, solida 
quoque esse inter se commensurabilia et incommen- 
surabilia. si enim in quadratis rectarum Aj B uel 
figuris rectilineis iis aequalibus solida construxerimus 
eiusdem altitudinis uel parallelepipeda uel pyramidas 
uel prismata, solida constructa eam inter se rationem 
habebunt, quam bases [XI, 32. XII, 5; 6]. et si bases 
commensurabiles sunt, etiam solida commensurabilia 
erunt, sin incommensurabiles, incommensurabilia [prop. 
XI]; quod erat demonstrandum. 

praeterea si A^ B duo circuli sunt, si in iis conos 
uel cylindros eiusdem altitudinis construxerimus, eam 
inter se rationem habebunt, quam bases, hoc est quam 
circuli j4, B [XII, 11]. et si circuli commensurabiles 
sunt, etiam coni cylindrique inter se commensurabiles 



7, 16. daviifistQOi stai^v at^acBiq V. 17. oitBq idsi dsi^at 
i. BFb. 18. qyiy' B. TivtiXcov] in ras. V. 20. (hg' 
i. P, m. 2 V. Post alt. <og ras. 3 litt. V. 21. stciv 
V V. 22. Ha^] om. B. xs] om. b. Ttqog dXXT^Xovg' 

XvXoig BPb. 
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OL KvkLvdgoiy el 8b a6viiiiaTQo£ ei6Lv oC kvxXol^ a6v^ 

ILBXQOL £60VtaL Xol ol TUDVOL KOi oC XVkLvdQOL. Xol 

ipavBQOv riiJiZv ysyovBVy otL ov fiovov i%l yQafi[i£v 
xal imtpavBLAv i6tL 6viijiBtQia tB xal a6v^(istQLaj 
5 akka xal inl tmv 6tBQBmv ^xrnndtiDv, 

1. 8b] 8' F. sCaiv] slsv b. ^3. yiyovs V. ^ ort] dt' o 
PV. inC] inC zs P. 4. Y.aC] ri P. iaxiv avnfiszQa P. 

davfifiSTQa P. Mg. yp. avfifAStQa yial davfifiszQa m. 1 b. 5. 
arsQSoov] sxsqcov F. 
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erant, sin incommensurabiles sunt circuli, etiam coni 
cylindrique incommensurabiles erunt [prop. XI]. et 
nobis adparuit^ commensurabilitatem incommensura- 
bilitatemque non solum in lineis planisque esse^ sed 
etiam in corporibus solidis. 
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